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Abstract

The axion is a hypothetical particle originally proposed to solve the strong CP problem.
Incidentally, its properties also make it a very promising cold dark matter (CDM) candidate.
In haloscope experiments, CDM axions are searched for via their conversion into photons in
the presence of a strong magnetic field, where the resulting signal is enhanced by a resonant
cavity in a cryogenic environment and detected using a low-noise readout chain.

This thesis reports on the first operation and results of the Supax experiment, a super-
conducting axion search experiment, and the proposed GravNet detector network, which
intends to utilize existing axion haloscope infrastructure to search for High-Frequency Grav-
itational Waves (HFGW) originating from another dark matter candidate: Primordial Black
Holes (PBH).

During several experimental runs, Supax has studied the feasibility of Niobium Nitride
(NbN) as a superconducting coating with and without the application of an external mag-
netic field, and provided an exclusion limit for an axion mass range of ±0.72 MHz around
8.265 48GHz (ma → 34.18µeV) down to gaωω > 1.67 · 10→13 GeV→1. This limit is recast
into a limit on dark photons (DP), another CDM candidate, yielding an exclusion down to
ω > 1.97 · 10→14. Another experimental run without an external magnetic field resulted in a
limit on the DP coupling down to ω > 8.78 · 10→15 around 8.4712 GHz (mDP → 35µeV).

Finally, a software package has been developed to simulate the output of the current data
acquisition chain of GravNet for HFGW signals originating from PBH mergers. This way,
analysis techniques can be tested and developed before the experimental setup is completed.
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1. Introduction

The field of particle physics is one of the, if not the, most significant and researched fields
of physics of the 21st century. Over the past decades, the Standard Model of particle
physics (SM), developed in the 1960s and 70s, has changed very little and been repeatedly
shown to be a precise description of the majority of fundamental physics. It explains three of
the four fundamental forces of physics: the electromagnetic (EM), the weak and the strong
force. These forces are described in quantum electrodynamics (QED), which merges with the
weak force into one single electroweak interaction above a unification energy, and quantum
chromodynamics (QCD). The fourth fundamental force, gravity, remains unexplained by the
Standard Model. The observation of the Higgs boson in 2012 at the Large Hadron Collider
(LHC) constitutes the experimental confirmation of the existence of all particles that make
up the Standard Model. This also qualified the LHC to be the main contributor to the field
of particle physics in modern times. The constituents of the SM can be shown in a single
image (see Fig. 1.1).

Figure 1.1.: The Standard Model of particle physics.1

With the content of the presented elementary particles all ordinary matter can be de-
scribed. However, cosmology has presented a problem which the SM cannot solve. For
nearly a century, evidence has been mounting (starting with Fritz Zwicky’s paper in 19332)
that ‘ordinary matter’, everything explained in the SM, most likely only accounts for a
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1. Introduction

fraction of everything that is in our universe. The dominant theory combining (nearly) all
observations is called Lambda Cold Dark Matter (!CDM).

Figure 1.2.: Constituents of the universe according to Planck results on !CDM.3

While the !, representing dark energy and said to be responsible for the expansion of
the universe in this theory, is the subject of a whole field of research, we will concentrate
on the CDM part - cold dark matter. Cold in this context means that the particles move
at non-relativistic speeds while other dark matter theories also allow for warm or hot dark
matter, so particles moving at moderate or highly relativistic velocities. As can be seen
in Fig. 1.2, dark matter accounts for roughly 27 % of the universe, more than five times
the amount of what is described by the Standard Model. The problem of !CDM is that it
reveals the lack of understanding we have of what → 95 % of the universe is actually made
of. While the composition seen in Fig. 1.2 is relatively clear the question of how we can
describe the constituents of the two sectors outside of ordinary matter is still unanswered,
hence they are named ‘dark’. Dark in this context means that neither dark matter nor
dark energy emit, absorb or reflect any light in the way ordinary matter does. This makes
experimental detection of such particles very challenging. Nevertheless, theorists have come
up with several possibilities of how to describe dark matter, many including new particles
that are not part of the Standard Model. Theories including such hypothesised particles are
hence known as BSM - Beyond Standard Model - theories. Given the constant inflow of new
ideas and theories from theoretical physics, it is the task of experimental physics to test if
these theories can be proven right or wrong by experiment. One such experiment is Supax ,
a superconducting axion search experiment and the central subject of this thesis.

The work presented here investigates the potential of a new superconducting microwave-
cavity haloscope to search for dark matter particles and related new-physics signals in the
GHz regime. Its central goal is to establish the Supax experiment as a contributor to cou-
pling limits set for axion and dark-photon candidates with rest mass in the µeV regime.
The relevant cavity and cryogenic measurement systems are characterised, and data from
several experimental runs are analysed to derive exclusion limits on axion-photon couplings
and dark-photon kinetic mixing, and the performance of NbN is studied as a possible su-
perconducting coating in this context. In addition, the thesis explores the broader use of
haloscope infrastructure for the detection of high-frequency gravitational waves. To this end,
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it develops a simulation framework for gravitational-wave signals and enables first steps to-
ward signal analysis for the proposed GravNet network. The following chapters introduce
the theoretical motivation for these searches, describe the experimental setup and its char-
acterisation, present the resulting dark matter limits, and discuss the prospects for future
haloscope-based searches.
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2. The Case for Dark Matter

This chapter discusses the most compelling evidence for the existence of dark matter. It
begins with the discovery of the need of dark matter due to observations of the velocity
of rotating galaxies and additional hints toward dark matter such as gravitational lensing.
It then turns to !CDM, the standard model of cosmology, the observations on which it is
based, as well as its limitations and alternatives. The most relevant dark matter candidates
are introduced, and finally the di”erent types of detection experiments are discussed.

2.1. Dynamical Evidence for Dark Matter

The kicko” into the search for dark matter as we know it today was Fritz Zwicky’s paper ‘Die
Rotverschiebung von extragalaktischen Nebeln’2 (‘The redshift of extragalactic nebulae’).
In his paper, Zwicky studied the Coma cluster, a cluster of more than 1,000 galaxies in
approximately 100 Mpc distance from Earth. He observed that the luminous (one might
call it visible) mass was by far insu!cient to cause the gravitational e”ects observable in the
cluster. Specifically, the galaxies within the cluster were moving much faster than could be
explained by the visible mass alone. He concluded that there must be a significant amount
of unseen - dark - matter contributing to the total mass of the cluster. He reached this
conclusion by applying the Virial theorem to the cluster. For this, he assumed that the
cluster reached a mechanically stationary state, so the Virial theorem states

ε̄k = ↑
1

2
ε̄p (2.1)

where ε̄k and ε̄p describe the average kinetic and potential energy of the system. Assuming
that all mass of the cluster, consisting of 800 individual nebulae of mass → 109 M↑ (M↑ =
solar mass) and a radius of the entire cluster of → 106 ly (ly = light years), is distributed
uniformly, this theorem results in

√
v̄2 = 80

km

s
(2.2)

while he observed Doppler speeds of → 1000km
s . This leads to the conclusion that the mass

density must be roughly 400 times larger than observed. Even when dropping the assumption
of a stationary equilibrium and therefore assuming that all the potential energy appears as
kinetic this only accounts for a factor of 1/2 in equation (2.1) “[...] and the need for an
enormous density of dark matter remains.”2

While there had been talk about dark matter before this work, the earliest explicit mention
of “dark matter” has been made by Poincaré in 1906,4 most astronomers of the time believed
dark matter was likely to be made from faint stars, i.e. ordinary matter, rather than a
completely new type of matter. Also, Zwicky was the first to claim that there is significantly
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2.1. Dynamical Evidence for Dark Matter

more dark than luminous matter as at the time there was a consensus that there “is probably
less [dark matter] than the total mass of visible stars, possibly much less.”5

In 1937, Zwicky published another paper in which he built on his previous findings.6 Be-
sides continued calculation using the Virial theorem, confirming his prior work, he extended
his analysis of the mass-to-light ratio, comparing the total mass of galaxies and clusters to
their luminosity. He found that for clusters this ratio was much higher than for individ-
ual galaxies, implying a significant amount of dark matter. Following his findings, Zwicky
introduced the concept of using gravitational lensing as a method to detect dark matter
(see sec. 2.2). He proposed that massive objects like galaxy clusters could bend light from
background objects, a phenomenon predicted by general relativity and thereby reveal the
presence of unseen mass. Though not observed at the time, this idea was pioneering and has
since become a crucial tool in modern astrophysics, as we shall see in the next section.

However, before we get to more recent evidence of dark matter - the observation of gravi-
tational lensing - we shall see another example of galactic dynamics suggesting the presence
of dark matter: the rotation speeds of the Andromeda nebula.

4 A. Afruni et al.
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Figure 2. Rotation curve decomposition of M31 adopted in this work. The
data points come from HI 21 cm emission and are taken from Corbelli et al.
(2010) and Ponomareva et al. (2016). The red curve shows the total circular
speed predicted by our model, fairly in agreement with the observations.
The total circular speed is given by the sum of three di�erent components: a
stellar bulge (dashed curve), a stellar disc (dotted-dashed curve) and a NFW
dark matter halo (dotted curve) (see Section 3.1).

both the stellar and the dark matter components are still uncertain,
with values in the range 1 � 1.5 ⇥ 1011 "� for the stellar mass
(e.g. Corbelli et al. 2010; Sick et al. 2015; Williams et al. 2017)
and 0.6 � 2.4 ⇥ 1012 "� for the dark matter mass (see Zhang et al.
2021, and references therein). In this work, we used intermediate
values of "⇤ = 1.2⇥1011 "� and "vir = 2⇥1012 "� . The choice
of these values produces a circular speed that well matches the
observed rotation curve of M31 (Corbelli et al. 2010; Ponomareva
et al. 2016), as shown in Figure 2. We also chose U = 1.2 and Ac = 2
kpc for the bulge profile (see equation (1)) in order to reproduce
the observed rotation curve. Note however how the central parts
of this curve are not sampled by the observational data, therefore
a slightly di�erent choice for U and Ac is possible. This however
would have minimal e�ects on our final results. The adopted virial
mass implies a concentration 2 = 10.25 (from Dutton & Macciò
2014) and a virial radius

Avir =

 
2⌧"vir
��2

0

!1/3

= 336 kpc , (2)

where �0 = 67.4 km s�1 Mpc�1 (Planck Collaboration et al. 2020)
and � = 101 (calculated using the prescription of Bryan & Norman
1998).
The galactic disc of M31 has an inclination 8 = 77� (see Walterbos
& Kennicutt 1988; Athanassoula & Beaton 2006). The far-side of
the galaxy is on the South-East and the near-side on the North-
West (see Carignan et al. 2007; Chemin et al. 2009). We set the
intrinsic reference frame of all our models in order to have a positive
tangential velocity 3t in the same sense of rotation of M31. All the
properties of the Andromeda galaxy used in this work are reported
in Table 1.

3.2 Properties of the hot CGM

As in our previous works, we assume that the halo of M31 is filled
with a stratified hot corona that extends up to very large distances
from the centre. From both observational evidence (Hodges-Kluck

et al. 2016) and theoretical arguments (Pezzulli et al. 2017) we ex-
pect the corona of star-forming galaxies to rotate, although less than
the local circular speed because of partial pressure support against
gravity. For this work we created, using a modified version of the
software COROPY from Sormani et al. (2018), an axisymmetric
model of a corona rotating in the same direction of the galactic
disc, in equilibrium with the dark matter halo and with a physically
motivated angular momentum. The details of how this model has
been constructed can be found in Appendix A.
We chose parameters such that the average angular momentum of
the hot medium is ;cor = 3207 km s�1 kpc. This is comparable to
the specific angular momentum expected for the dark matter halo
;DM = 2619 km s�1 kpc (Cimatti et al. 2019). For comparison, the
stellar angular momentum3 of M31 (estimated following equation
1 in Mancera Piña et al. 2021) is ;M31 ' 1900 km s�1 kpc and,
as expected, is smaller than (but comparable to) that of the rotat-
ing corona (see Pezzulli et al. 2017, and references therein). We
also checked the stability of our model using the Solberg-Høiland
criteria (Tassoul 2000; Sormani et al. 2018) and we checked that
the cooling time of the hot medium is significantly higher than 2.5
Gyr (the typical timescale of the cool CGM cloud orbits, see Sec-
tion 4.2) everywhere in the halo, except for the regions close to the
disc plane, which are however not relevant for the findings of this
work (see Sections 4.2 and 5.2.2).
The mass of the corona in our fiducial model is ⇠ 6 ⇥ 1010 "�
and accounts for 20% of the total baryonic mass associated with
the halo of M31. Note that the stellar component of M31 represents
almost 40% of the baryonic mass, therefore in our model we have,
without considering the cool circumgalactic gas, around 60% of the
expected baryons. The rotation velocity, density and temperature of
the hot gas are shown in the three panels of Figure 3. The corona is
rotating significantly in the inner regions, while the rotation velocity
declines substantially at large distances from M31. Even though we
do not have direct observational estimates of the properties of the
corona of M31, our inferred profiles are in broad agreement with
current observational estimates of the MW corona (e.g. Salem et al.
2015; Hodges-Kluck et al. 2016) and are consistent with the ones
that we used for other low-redshift star-forming galaxies (AFP21).
Note that in this work we adopt a physically motivated model for the
hot CGM, but we have verified that using a simpler, non-rotating
model for the corona would not strongly influence our results re-
ported in Section 4.

3.3 Properties of the cool CGM

Once the corona is defined, we model the cool circumgalactic gas,
assuming that this medium is composed by a population of clouds
moving through the halo of M31. In particular, these clouds are
subject to the gravitational force and to the drag force acted by the
hot gas:

§3drag = �
cA2

cldcor32

<cl
, (3)

where dcor is the coronal mass density, 3 is the relative velocity
between the corona and the cloud, <cl is the cloud mass and Acl is
the cloud radius, determined by the pressure balance with the hot
medium (see AFP19; AFP21), assuming that the cool gas is at a

3 We neglected the asymmetric drift and we assumed that the bulge is either
not rotating (;M31 = 1885 km s�1 kpc) or rotating at the same rotational
velocity of the disc (;M31 = 1959 km s�1 kpc).

MNRAS 000, 1–16 (2021)

Figure 2.1.: Rubin and Ford’s findings on the flat rotation curve of the Andromeda nebula
updated with recent data.7,8 To reach the observed rotational velocities at large
radii the need for a dark matter halo is modeled. Figure taken from [9].

In 1970 Vera Rubin and Kent Ford found that the rotation curve of the Andromeda
Galaxy remained flat, i.e. constant, at large radii, see Figure 2.1.10 Instead of decreasing
with distance from the centre, as expected from Keplerian motion (where the velocity should
drop o” inversely with the square root of the distance, vrot ↓ 1/

↔
R), the rotational velocity

stayed approximately constant beyond the visible edge of the galaxy. The flat rotation curve
suggested that the mass of the Andromeda Galaxy continued to increase well beyond the
extent of the visible matter (mainly stars and gas). This implied that a significant amount
of mass was present in the outer regions of the galaxy that did not emit light, contributing
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2. The Case for Dark Matter

to the observed rotational velocities. This result provided strong observational evidence
supporting Fritz Zwicky’s earlier hypothesis about dark matter. While Zwicky had inferred
the presence of dark matter in galaxy clusters, Rubin and Ford’s observations confirmed that
individual galaxies also contained significant amounts of dark matter.

2.2. Gravitational Lensing Observations

Let us now come to the observations of what Zwicky proposed as a direct consequence of
general relativity (GR) and dark matter: gravitational lensing. In GR, light does not travel
in a straight line in the presence of mass. Instead, mass curves spacetime, and light follows
these curved geodesics. Any mass concentration between an observer and a background
galaxy therefore acts like a lens, slightly deflecting the light. The amount and pattern of
distortion depend only on the total gravitational potential along the line of sight, not on
how much of that mass happens to be luminous or dark. By comparing the observed shapes,
positions and brightness of background galaxies with what they would look like without
the lens, one can reconstruct the projected mass distribution of the lens and directly test
whether luminous baryons are su!cient to explain the observed gravitational e”ect.

One typically distinguishes between weak and strong lensing. In the weak lensing regime,
typical for large-scale structures like galaxy clusters, the distortions of individual background
galaxies are tiny, but statistically coherent over large areas of the sky. By averaging over
many galaxies one can obtain a map of projected mass. This method has been applied
to merging clusters such as 1E0657-558 (the Bullet Cluster) in a paper by Douglas Clowe
et al.11 There, optical observations (see Fig. 2.2) show two concentrations of collisionless
galaxies, while X-Ray data reveal that the hot intracluster plasma, the dominant baryonic
component, has been slowed down and left behind during the collision. The weak lensing
reconstruction, however, shows that the main mass peaks are centred on the galaxies and
significantly o”set from the X-Ray gas.

In a purely baryonic universe the gravitational potential would be expected to follow
the dominant visible mass (the plasma), which it clearly does not. This spatial separation
between the concentrations of baryons and gravitational potential is therefore di!cult to
reconcile with modifications to gravity∗ alone and strongly supports the presence of an
additional collisionless dark matter component.

In contrast to these weak lensing e”ects, strong gravitational lensing occurs in regions
where the projected mass density is high enough that light rays are bent by large angles,
producing multiple images, giant arcs or even nearly complete Einstein rings of background
galaxies. In such systems, the observed image geometry tightly constrains the enclosed mass
on scales of a few kiloparsecs. Both individual galaxies and cluster cores that act as strong
lenses systematically require far more mass than is present in stars and hot gas alone, and
this excess mass must be extended and roughly collisionless. Together with weak lensing in
merging clusters, as discussed above, the universe’s gravitational potentials are dominated
by non-luminous matter, consistent with the proposition of dark matter.

∗such as Modified Newtonian Dynamics (MOND) for example
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2.3. Cosmic Microwave Background and the !CDM Model

Figure 2.2.: Shown is the merging Bullet Cluster, Figure taken from [11]. The green contours
can be interpreted as the mass distribution, obtained by gravitational lensing
analysis. The right image shows that the mass distribution does not coincide
with the centre and the distribution of the plasma, which constitutes the major-
ity of the observable matter. In the image on the left one can see how the centre
of the mass, indicated by white contours corresponding to 1, 2 and 3ϑ confidence
and the location of the plasma centre, indicated by turquoise + symbols, are
clearly not aligned.

2.3. Cosmic Microwave Background and the !CDM Model

In 1964 two relevant parts of the same story played out no more than 60 km apart from each
other. Arno Penzias and Robert Wilson were working with a very sensitive horn antenna
at a Bell Labs facility in Holmdel, New Jersey. In order to get a proper measurement they
needed to get rid of any noise in their signal, including cooling the radio receiver itself to
4 K to reduce thermal noise. Once everything was set up they detected a noise signal 100
times larger than expected. It was detected at 4080 MHz and “isotropic, unpolarised, and
free from seasonal variations”.12 Any e”orts to get rid of this background signal, including
the relocation of some pigeons that had nested in the antenna, were unsuccessful, leaving
the two physicists quite puzzled. Unbeknownst to them, a group of physicists at the nearby
Princeton University reasoned that the Big Bang must have released tremendous amounts
of radiation that should now be red-shifted into the microwave regime. Once Penzias heard
that someone had independently found a theory that predicted exactly the spurious signal
he had observed, he contacted the researchers at Princeton. In 1965 they published their
results and were rewarded the Nobel Prize in 1978 for the discovery of what is known today
as the Cosmic Microwave Background (CMB).

Since its discovery, the CMB has been studied extensively with the most recent results
came from the Planck satellite in 2018. As previously mentioned, around the turn of the
millennium the !CDM model became the Standard Cosmological Model and the CMB (both
its existence and what it reveals) has been by far the major contributor of experimental
evidence to the model. The model interprets the CMB as relic radiation from around 380,000
years after the Big Bang. Prior to this point, baryons and photons formed a dense and hot
plasma, a particle soup in which photons were continuously scattered by free electrons. As
the universe expanded and cooled to → 3000 K, protons and electrons combined to form
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2. The Case for Dark Matter

hydrogen, a process known today as recombination. The sudden drop in free electrons
meant that free photons were no longer scattered, e”ectively decoupling radiation from
matter. The universe had become transparent and these photons have since propagated
nearly unimpeded, stretching their wavelengths from the infrared to the microwave regime
due to cosmic expansion, also called redshift. Today, its spectrum is an almost perfect
blackbody at 2.7 K, with anisotropies at the 10→5 level, shown in Fig. 2.3. These anisotropies

Figure 2.3.: Angular power spectrum showing the anisotropies of the CMB with data taken
by Planck13 in red and the best fit to the theoretical spectrum predicted by
!CDM in blue (top). Below, the residuals of data and best fit are shown. Note
the scale change at ϖ = 30. Plot taken from [13].

encode the density and velocity fluctuations of the primordial plasma, giving us the earliest
image of the universe at an age of approximately 380, 000 years. Studying the anisotropies
reveals information about the densities of baryonic matter, dark matter and dark energy.
According to !CDM, before recombination the photons and baryons behaved as a single,
tightly coupled fluid (the aforementioned particle soup) executing acoustic oscillations inside
gravitational potentials seeded mostly by dark matter. The pattern of these oscillations is
preserved in the CMB as a sequence of acoustic peaks. Baryons add inertia to the plasma
which enhances the amplitude of compressional phases of the oscillations relative to the
rarefaction phases. This odd-even peak asymmetry e”ectively measures the baryon loading
in the fluid. By fitting the asymmetry with the !CDM model predictions, one determines the
baryon density today to be #b → 0.05, meaning that only about five percent of the universe
is made of ordinary matter. Dark matter, on the other hand, shapes the gravitational
potentials in which the plasma oscillates. Increasing the dark matter content deepens these
potentials, alters the epoch when matter first dominated over radiation, and shifts the relative
heights and locations of the acoustic peaks in a calculable way. Matching these features to
observation shows that the dark matter density must be about #c → 0.25, or roughly a
quarter of the universe. In addition to determining the matter content, the CMB also
provides strong evidence for dark energy through its constraints on the geometry and total
energy density of the universe. The angular positions of the acoustic peaks indicate that
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the universe is extremely close to spatially flat. In a flat universe the total mass-energy
density must equal the critical density, yet the combined contribution of baryonic and dark
matter amounts to only about thirty percent. This discrepancy points to the presence of an
additional, smoothly distributed component that does not cluster like matter. Introducing
such a component - dark energy - raises the total density to the critical value implied by the
observed geometry. This yields a dark energy density of #! → 0.70 as per the results of the
Planck satellite.13

2.4. Emerging Limitations of !CDM and Alternative Ideas

Recent years have uncovered increasing inconsistencies in the theory of !CDM in its cur-
rent form. Here we will discuss some of the most prominent ones, possible solutions, and
alternative ideas that do not involve dark matter such as Modified Newtonian Dynamics
(MOND).

Although !CDM continues to provide an excellent description of many key cosmological
observations, including the CMB and the distribution of large-scale structures, it is becoming
clear that it may not be the final word on the dynamics of the cosmos. Although not
unusual in physics, one of the main issues is that neither dark matter nor dark energy has
been identified in the laboratory. Various dark matter searches have pushed to extremely
small interaction strengths without finding a conclusive signal and the dark energy observed
by Planck in the CMB is many orders of magnitude smaller than predicted by QFT. This
discrepancy is commonly known as Vacuum Catastrophe.

Alongside these conceptual concerns, experimental observations have emerged over the
past few years that put !CDM under pressure. The most widely discussed is the Hubble
tension. It describes the discrepancy between the value obtained for the Hubble constant
H0 by analysing the early universe, primarily through the CMB, and the value obtained
by studying late-universe phenomena such as supernovae and Cepheids. With the con-
stant development in sensitivity there are now two camps, which obtain di”erent values
with a greater than 4ϑ significance and non-overlapping error margins. The most promi-
nent representative of the early-universe, !CDM supporting camp is Planck13 which obtains
H0 = (67.4 ± 0.5) km s→1Mpc→1 while the opposing camp is spearheaded by analyses of the
Hubble Space Telescope14 claiming H0 = (73.2 ± 1.3) km s→1Mpc→1. Whether this reflects
unrecognised systematics or genuinely new physics is still an open question, but the per-
sistence of the discrepancy across di”erent observational strategies has made it di!cult to
dismiss.

These issues, among others, have stimulated a broad landscape of theoretical proposals.
One of the most ambitious is the previously mentioned Modified Newtonian Dynamics,
altering the gravitational theory itself. MOND, along with a multitude15 of modified theories
of gravity (MOG), seeks to explain galactic dynamics without the need for dark matter,
while other MOG theories attempt to account for cosmic acceleration without invoking a
cosmological constant, such as the ! in !CDM. While these ideas can address certain specific
discrepancies, none has yet matched the comprehensive success of !CDM across all available
data, particularly the CMB and gravitational lensing. Importantly, even if !CDM were
eventually replaced, the need for some form of non-luminous matter would almost certainly
remain. The previously mentioned phenomena such as galaxy rotation curves and lensing,
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2. The Case for Dark Matter

but also other e”ects not discussed in detail here such as the formation and dynamics of
galaxies16,17 require mass beyond what is visible, regardless of the fate of the ! term.

2.5. Candidates for Dark Matter

Having established the overwhelming astrophysical and cosmological evidence for the exis-
tence of dark matter, the natural next question is what it is made of. While the observations
discussed in the previous section point toward a non-baryonic component that interacts pre-
dominantly through gravity, they place relatively weak constraints on what dark matter is
actually made of. Aside from requiring non-zero mass, stability on cosmological timescales,
and the absence of strong interactions with the SM, a wide range of possibilities remains
open. As a result, dark matter does not correspond to a single well-defined theoretical pre-
diction but rather to a large landscape of candidate particles and compact objects arising
from di”erent new physics theories.

Figure 2.4.: Schematic overview of various dark matter models. Figure from T. Tait18

This theoretical diversity is illustrated in Fig. 2.4, which highlights the sheer multitude
of ideas that have been proposed over the past decades. Dark matter candidates span many
orders of magnitude in mass, interaction strength, and production mechanism, ranging from
astrophysical objects such as massive compact halo objects or primordial black holes to
elementary particles motivated by extensions to the Standard Model. In the following, a
selection of the most prominent dark matter candidates is reviewed. The discussion begins
with neutrinos as representative of hot (or warm) DM which helps clarify the physical re-
quirements for a successful DM candidate. Subsequently, other classes of candidates are
introduced including MACHOs, WIMPs, primordial black holes, dark photons and finally
axions and axion-like particles, the latter three being studied in detail in this thesis.
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2.5. Candidates for Dark Matter

2.5.1. Neutrinos

Neutrinos were (and in some sense still are) an attractive dark matter candidate for a very
simple reason: they already have many of the right qualitative features, without the need
to introduce new particles or extend the Standard Model. They are electrically neutral,
extremely long-lived on cosmological timescales, and interact only weakly with ordinary
matter. Once neutrino oscillations established that neutrinos are nonzero in mass, it also
became clear that they must contribute some non-baryonic mass density to the universe.

However, the same facts that make Standard Model (also called active) neutrinos com-
pelling also make them unable to account for the dominant dark matter component in !CDM.
The key issue is not whether neutrinos gravitate, they do, but when they slow down enough
to behave like pressureless matter during the era when cosmic structure grows. A useful
dividing line is whether a DM candidate is still relativistic at the time when perturbations
on galactic scales first enter the horizon. Active neutrinos decouple very early (around the
MeV epoch, or roughly 1 s after the Big Bang) and then essentially free-stream with a ther-
mal momentum distribution whose temperature redshifts, just like the CMB discussed in the
previous section. For realistic neutrino masses, their momenta remain far above their rest
mass at early times relevant for small-scale structure, so they behave as hot dark matter:
high-momentum, relativistic particles.

This becomes a concrete problem once one tries to connect it to the !CDM picture of
structure formation. As discussed in sec. 2.3, cold dark matter perturbations provide grav-
itational potential wells into which baryons can later fall once photon pressure no longer
prevents collapse. If instead the dominant dark matter were hot, these observed small-scale
fluctuations would be erased before they ever had a chance to grow, suppressing early galaxy
formation and shifting structure formation toward a “top-down” sequence (large objects col-
lapse first, then fragment). Numerical studies and observed small-scale structure favor the
opposite, “bottom-up” hierarchy that comes naturally from cold dark matter.

Even leaving early universe dynamics aside, there is an additional, more local argument
against active neutrinos making up galactic halos. Because neutrinos are fermions, packing
enough of them into the Milky Way halo (more on the DM Halo model in sec. 3.1) to
reproduce the measured local dark matter density implies a phase-space density that forces
the typical neutrino velocities to be very large given their tiny masses. Put di”erently: if
you try to explain the halo with ↗eV-mass fermions, the required velocity dispersion comes
out comparable to (and exceeding) galactic escape speeds, so the halo would not remain
gravitationally bound in the way we observe.

Finally, cosmology constrains the total active neutrino mass density rather directly, be-
cause the cosmic relic neutrino number density is tightly fixed by thermal history while
neutrinos are relativistic. Planck’s CMB analysis limits the sum of neutrino masses to well
below an eV ([13] specifies

∑
mε < 0.12 eV), implying that active neutrinos are contributing

↭ 1% of the total matter density.
As we have emphasised throughout, the above arguments apply specifically to active neu-

trinos it is only logical that the failure of these active neutrinos as a main dark matter
candidate motivates a new neutrino-like state, called sterile neutrinos. A sterile neutrino is
a neutral fermion, which does not participate in the weak interaction the way active neutrinos
do. Its only generic connection to the SM can be through mixing with active neutrinos.19

From a theoretical perspective, such states arise naturally once one extends the SM to
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2. The Case for Dark Matter

account for the observed neutrino masses. In many frameworks, sterile (often right-handed)
neutrinos play a central role in generating the small masses of active neutrinos, making their
existence well-motivated even independently of DM considerations. What distinguishes ster-
ile neutrinos from their active counterparts in a cosmological context is that their interaction
history and abundance are not fixed by thermal equilibrium in the early universe. As a re-
sult, both their mass scale and their phase-space distribution can di”er significantly from
those of active neutrinos.[20, 21]

This opens up the possibility that sterile neutrinos could behave very di”erently with re-
spect to structure formation. In particular, sterile neutrinos with masses in the keV range can
become non-relativistic, i.e. cold, much earlier than active neutrinos. Depending on how
they are produced in the early universe, their momentum distribution can be su!ciently
cold that they cluster on galactic and sub-galactic scales.19 Such scenarios demonstrate that
neutrino-like particles are not categorically excluded as dark matter, provided they lie be-
yond the Standard Model, though they are subject to strong cosmological and astrophysical
constraints.

2.5.2. MACHOs

Massive compact halo objects (MACHOs) have been proposed to make up DM in the 1990s.
The name MACHO includes several types of objects such as brown, white, and red dwarfs,
neutron stars and even black holes in some contexts. MACHO searches mainly use gravita-
tional microlensing to detect potential candidates. The idea is that of a MACHO passing
by a star in such a way that the gravity around the MACHO distorts the light of the star,
causing the star to appears brighter - lensed - on Earth. Since this is a phenomenon purely
based on gravity, it does not need the MACHO to emit or reflect any light at all which
makes it perfectly suited for the search for DM. Around the turn of the millennium, the
two main groups searching for MACHOs via gravitational lensing nearly completely ruled
out MACHOs as a possible candidate to explain DM. Although the MACHO collaboration
claimed to have found a signal which may account for 20% of DM in our galaxy,22 this claim
was not confirmed by the EROS-2 collaboration23 which did not find such a signal, even with
a higher sensitivity than the aforementioned. Furthermore, later Hubble Space Telescope
searches for such a signal have turned out to be fruitless for the claim made by the MACHO
collaboration.

2.5.3. WIMPs

With MACHOs more or less ruled out∗ as a prime candidate, the scientific community
shifted its attention towards other candidates, one of the main ones being Weakly Interacting
Massive Particles (WIMPs). These particles appear in many BSM theories such as SUSY
(supersymmetric) theories or in theories with extra dimensions. The mass range of WIMPs
is generally assumed to be on the GeV - TeV scale. While they have been produced in
the early universe they are now non-relativistic which qualifies them as CDM. Although

∗Naturally there still is a minority standing against the trend and continuing their search for MACHOs.
However, the overwhelming majority of DM-searching physicists have moved on to di!erent candidates. This
trend can also be observed in the shift of funding since the 90s with the bulk going to large WIMP experiments
(partly because of their size, see XENONnT or LUX-ZEPLIN) and a rapidly growing share attributed to
axion searches such as ADMX.
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the so-called ‘WIMP miracle’ correctly predicts the dark matter abundance of → 25% by
its natural freeze-out mechanism it has recently lost its appeal by the lack of evidence for
WIMPs by large experiments such as XENON,24 to name just one of many. While they have
found a rare, never before observed, isotope decay - that of 124Xe with an estimated half life
of 1.8 ↘ 1022 years25 - the WIMP, in the words of XENON Editorial Board member Marc
Schumann, “despite of many years of e”ort, was not yet discovered.”26

2.5.4. Primordial Black Holes and Similar Sources of High-Frequency
Gravitational Waves

Mergers of Primordial Black Holes (PBH∗), as well as other exotic compact objects such as
boson and fermion stars,27–30 gravitino stars31 or dark matter blobs,32 can result in gravita-
tional waves (GW), just like larger objects, such as ordinary black holes, can. Gravitational
waves from large objects have been observed in large detectors such as LIGO with frequen-
cies in the range of Hz ↑ kHz. However, much lighter objects, such as those listed above,
are expected to emit gravitational waves in the GHz regime. It has been shown33 that, in
the presence of a strong magnetic field, these High Frequency Gravitational Waves (HFGW)
behave like an e”ective current in resonant cavities, allowing for the search for them with
existing, dark matter searching, RF-cavity setups. Besides PBH mergers there might be
more sources of GWs in the GHz regime, such as axion super-radiance and even a stochastic
background, comparable to the CMB. This will be discussed in more detail in section 7.1.

2.5.5. Dark photons

The dark photon (DP) is a vector particle and considered the boson of an additional U(1)
symmetry to the Standard Model. It is hard to pinpoint the first work or person who came
up with the idea since many papers refer to roughly the same idea under several di”erent
names such as the paraphoton, hidden-sector photon, secluded photon, U-boson or, as it
will be referred to in this thesis, dark photon. The name originates, as can be expected,
from the fact that, being considered dark matter, it is dark, i.e. not charged under SM
gauge groups. The photon part comes from the fact that the only expected interaction is via
kinetic mixing with the SM photon, since it has the same quantum numbers. While there
is extensive theory behind massless and massive dark photons we will only consider massive
dark photons here. This is due to the fact that the massless case does not couple directly
to any of the SM currents through operators of dimension four or lower and in the massive
case the mass of the DP is a very good estimate of the energy (or frequency) of the resulting
SM photon, potentially detected via a cavity haloscope. The theory of dark photons will be
discussed in further detail in section 3.3.

2.5.6. Axions and ALPs

Having discussed some other candidates, let us get to the most promising candidate for
DM at the moment - the axion. Taking a step back from the actual hands-on physics, the
main di”erence between the axion and the rest of the candidates is that the theory behind
the ‘original’ axion - the so-called QCD axion - was not crafted in an attempt to create a

∗More detailed introduction of PBHs in chapter 7
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DM candidate. Quite to the contrary the axion fell out of a possible solution of the strong
CP-problem (more on that in section 3.2.1) as a byproduct and it did not take long for
physicists to realise that this hypothesised particle constitutes a marvellous solution to not
just one but two of the biggest riddles left in particle physics simultaneously. Shortly after
that many models were published involving the axion or very similar particles, so-called
ALPs (axion-like particles).

They showed production and detection mechanisms for axions and ALPs with the rest
mass of the new particles ranging over several orders of magnitude across theories. This also
allowed collider physics to get involved in the search for a particle which at first seemed to be
only possible with sub-eV mass. Naturally, no PhD thesis involving axions would be complete
without mentioning the rather unusual origin of the name. In 1978 Frank Wilczek published
his famous paper Problem of Strong P and T Invariance in the Presence of Instantons

34 in
which he coined the name ‘axion’ for the first time. In his 2004 Nobel lecture he explained
the origin of the name: “I named them axions after a laundry detergent, because they clean
up a problem with an axial current.”35

2.6. Types of Dark Matter Detection Experiments

There are four main types of searches for DM: astrophysical observation, direct and indirect
detection as well as producing DM in colliders. Astrophysical observations of the space
around the Earth sparked the idea of DM as previously explained. However, it fails to give
an explicit description of how DM is structured or what it is made of exactly. Cosmology
and astrophysics have delivered a multitude of reasons why DM should exist. The task for
theoretical and experimental particle physicists now is to figure out in which ways one might
be able to detect and thereby explain what DM actually is.

2.6.1. Collider Experiments

One way is to look for DM in events recorded in colliders. The idea is that by colliding high
energy SM particles one can produce dark matter particles, which either promptly decay
into detectable SM particles, or escape the detector resulting in a missing energy signature.
Now one can search the collision results for patterns consistent with those predicted by the
theory of DM decays. The great advantage this method has over most others is that it is
independent of the presence of naturally occurring DM since the particles are produced in
the lab. Regarding axions, colliders are not searching for QCD axions∗, but for axion-like
particles (ALPs). This is because realistic QCD axions are expected to be extremely light,
typically with sub-eV mass, far below the energy reach of colliders, and their couplings are
fixed by the axion-decay constant, making them inaccessible to direct production at collider
energies. For ALPs this relation does not necessarily hold, so these could have high masses,
but still small couplings. In collider experiments, ALPs are most commonly searched for via
their coupling to photons, gluons, and electroweak bosons. Another important production
mechanism involves coupling to the Higgs boson. If such couplings exist, exotic Higgs decays
like h ≃ aa, where a denotes an ALP, become possible. These decays can result in various
final states, such as four photons or combinations of photons and leptons. In addition to

∗those which would solve the strong CP problem, see section 3.2.1
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prompt decays, ALPs may also be long-lived, leading to displaced vertices or missing energy
signatures if they escape the detector before decaying. Both hadron and lepton colliders
contribute to ALP searches. Hadron colliders such as the LHC provide access to very high
energies and large production rates, making them sensitive to heavy ALPs and rare processes.
General-purpose experiments like ATLAS and CMS perform a broad range of searches that
can be reinterpreted in terms of ALP models. Lepton colliders, on the other hand, o”er a
cleaner environment as they typically have much lower background in comparison to high-
energy hadron colliders. Experiments such as Belle II are well suited for probing low-mass
ALPs with very weak couplings.

2.6.2. Indirect Searches

Indirect searches aim at detecting SM particles produced by dark matter annihilation, decay,
or self-interactions in astrophysical environments. In contrast to collider and direct searches,
these experiments do not attempt to observe the interaction of DM with a detector directly,
but rather look for excesses or characteristic spectral features in cosmic radiation that can be
attributed to DM processes. Typical targets include gamma rays, charged cosmic rays, and
neutrinos originating from regions with high expected DM density. A prominent example is
the observation of high-energy gamma rays. Annihilation or decay of DM particles can pro-
duce gamma rays either directly or through intermediate SM states that subsequently radiate
photons. Space-based instruments such as the Fermi Gamma-ray Space Telescope survey
the sky with high precision and search for deviations from known astrophysical backgrounds.
Another important class of indirect probes involves neutrinos. If DM accumulates in massive
bodies like the Sun through scattering with SM particles, subsequent annihilation may pro-
duce high-energy neutrinos that can escape and be detected on Earth. Large-volume neutrino
observatories such as the IceCube Neutrino Observatory search for an excess of neutrinos
from the direction of the Sun or the galactic centre. While neutrino signals are challenging
to detect due to small interaction cross sections, they o”er a comparatively background-free
detection channel. Overall, indirect searches provide a complementary approach to collider
and direct searches. Their main limitation lies in the dependence on astrophysical modelling
and background estimation, which introduces significant uncertainties, a typical problem of
experimental astrophysics.

2.6.3. Direct Searches

The third method is the ‘direct search’, for which the SUPAX experiment is one example.
This thesis is therefore going to put the emphasis on such searches. The ‘direct search’
strategy focuses on the detection of processes in which DM particles interact directly with
SM particles. One such example is the transfer of momentum and energy in scattering
processes. Experiments like the aforementioned XENON or CRESST have been researching
such processes for many years and continue to do so.

While the previously mentioned experiments try to exploit the nuclear recoil of DM-SM
interactions, the following concepts are based on the idea of a DM particle converting into
SM particles, mainly axions converting into photons by the inverse Primako” e”ect.36

One such idea is helioscope experiments. These experiments rely on the idea of axions
being produced in great quantities inside our Sun, hence the name. One main downside
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Figure 2.5.: The current limits on axion-photon coupling gaωω plotted against the axion mass
ma. There is a visible di”erence between the wide ranging broad-band he-
lioscopes with lower absolute sensitivity in green and the high-sensitivity, but
narrow-band haloscopes in blue. Figure made with [37].

of helioscopes is the amount of assumptions necessary to justify the approach. Helioscopes
depend on an existing flux of axions from the sun which is assumed to be large enough
to be detected with reasonable sensitivity on Earth. This solar axion flux has a very broad
energy distribution, allowing for scanning sweeps over large areas of axion masses. Helioscope
experiments like (Baby)IAXO use high magnetic fields to convert solar axions into detectable
X-rays, utilizing the inverse Primako” e”ect. In Figure 2.5 one can clearly see that although
helioscopes (green) span over a much wider range of masses than the soon to be discussed
haloscopes (blue), their sensitivity rarely reaches near the yellow band representing the QCD
axions. Alternative experiments requiring fewer necessary assumptions include light-shining-
through-wall (LSW) experiments. As with colliders, these experiments do not depend on
naturally occurring DM. LSW experiments use two areas of strong magnetic field, separated
by an optical barrier. The idea is that one or more photons of a laser will convert into
axions via the Primako” e”ect on one side of the optical barrier, travel through it, and turn
into a detectable photon on the other side via the inverse of the same process. This would
create the impression the photon had passed the optical barrier or to put it more simply:
light shining through a wall. One such example is the ALPS II38 experiment. While the
independence of parameter assumptions and models may be attractive these experiments
have not reached the sensitivity of modern halo- or helioscope experiments.
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The last and main type of direct search however is yet to come. Haloscopes, such as
SUPAX, are based on the idea of a DM halo around our galaxy, which can be modelled as an
isotropic, isothermal sphere. Note that helioscopes, colliders and LSW experiments do not
rely on the existence of a galactic dark matter halo and hence only probe for the principal
existence of axions, but not their natural abundance as dark matter. A detection in one such
experiments does not automatically constitute evidence for dark matter. Haloscopes on the
other hand explicitly probe for dark matter axions. Section 3.1 will explain the galactic halo
in greater detail.
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3. Theory

This chapter will cover the theoretical grounding of the SUPAX experiment. First the
concept of the DM halo is discussed, followed by the hypothesised interaction of axions
and dark photons with the Standard Model and how one can utilise this to detect them
with cavities. Thereafter, the characterisation of such a haloscope cavity and the basics of
superconductors in this context are discussed.

3.1. Dark Matter Halo

Observations of galactic rotation curves (recall sec. 2.1) suggest that dark matter in galaxies
is distributed in extended, approximately spherical halos that dominate the gravitational
potential. To directly detect dark matter particles in this halo, we must make at least
two assumptions about the general structure of the halo. The first is regarding the mass
distribution and the other is the velocity distribution of the particles. Since the 1930s, the
main assumption was, and continues to be, that the galactic halo follows the Virial theorem,
i.e. it is virialised. It is common for haloscope experiments to assume a fully virialised halo
and this thesis is no exception. The flat rotation curves imply that the total enclosed mass
scales linearly with the distance, the radius as we assume a spherical halo, from the galactic
centre M(r) ↓ r over a wide range of distances. From this follows a density profile of the
form

ϱ(r) ↓
1

r2
(3.1)

commonly referred to as an isothermal sphere. This introduces some flaws: the density
approaches infinity as the radius approaches the galactic centre and for r ≃ ⇐ the total
mass of the halo also approaches infinity. Characterizing the dark matter halo in a way that
eliminates or at least softens these two problems has led to a multitude of models, many of
which can be expressed in a double power law of form

ϱ(r) = ϱ0

(
r

r0

)→ω [
1 +

(
r

r0

)ϑ](ω→ϖ)/ϑ

(3.2)

where ϱ0 is a characteristic density, r0 a scale radius, and the parameters ς,φ, ↼ depend on
the model. This family includes both cored (↼ = 0) profiles, often referred to as pseudo-
isothermal spheres, and cusped (↼ > 0) profiles such as the Navarro-Frenk-White39 profile
with parameters (ς,φ, ↼) = (1, 3, 1), one of the most commonly used models. Finding the
correct model is still the subject of a very open debate, however, since lab-bound dark matter
experiments are sensitive only to local properties of the halo, the behaviour at very large
and very small radii has little practical impact. At the position of the Earth, approximately
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8 kpc from the galactic centre, all commonly used halo models predict similar densities. For
axion haloscope searches it is standard to assume a local dark matter density of

ϱDM ⇒ 0.45 GeVcm→3 (3.3)

which lies within the range inferred from both local dynamical measurements and global fits
to the Milky Way rotation curve.40 In a virialised halo, the dark matter velocity distribution
in the Galactic rest frame is expected to be approximately Maxwellian. The characteristic
velocity scale is set by the local circular velocity vc ⇒ 220 km/s, which reflects the depth of
the galactic gravitational potential. The corresponding root-mean-square velocity

〈
v

2
〉1/2

=
√

3/2 · v2
c ⇒ 270 km/s (3.4)

is often referred to as the virial velocity.
For axion haloscope experiments, this velocity distribution plays a central role because

it determines the axions’ velocity dispersion. Since we assume cold, i.e. non-relativistic,
dark matter axions, we can write their total energy as E ⇒ mac

2 + 1
2mav

2, so that the
halo’s velocity dispersion produces a narrow spectral line with a fractional width of order
$E/E ↗

〈
v

2
〉
/c

2
→ 10→6. Since energy and frequency are related by E = h↽, the same

relation applies to the frequency spectrum of the axion-induced signal

$↽

↽
→ 10→6 (3.5)

where ↽a = mac
2
/h is the axion Compton frequency. It is convenient to characterise this

intrinsic linewidth by defining an e”ective axion quality factor

Qa ⇑
↽a

$↽
→ 106

. (3.6)

This quantity is not a property of the detector but rather a consequence of the velocity
dispersion of axions in the galactic halo. As for any quality factor, Qa is a measure of how
peaked the axion signal is.

In haloscope experiments it is usual to assume a homogeneously distributed galactic halo
that follows some form of eq. (3.1) or (3.2), allowing for an estimated local dark matter
density as in eq. (3.3). The same assumption is made in this entire thesis. However, it
should be noted that this is not undisputed. There is ample room for discussion that a DM
halo may not be homogeneously distributed,41 in which case any axion-photon∗ coupling
limit set with haloscopes is to be treated with caution.

3.2. Axion Physics

Although the previous section has used the terms dark matter and axion synonymously, all
relations also hold if you assume other light dark matter candidates, such as massive dark
photons, instead of axions. The following section will discuss the strong CP problem and how
the absence of an electric dipole moment (EDM) of the neutron hints towards the existence
of axions specifically. Furthermore, the interaction of the axion field and the electromagnetic

∗or dark photon-photon
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field as an expansion of the Standard Model Lagrangian will be used to derive the Maxwell
equations including the axion field. Ultimately the boundary conditions of a cavity will be
applied to these Maxwell equations to derive the signal power one can expect from an axion
conversion in a resonant cavity.

3.2.1. The Strong CP Problem

Modern quantum field theory (QFT) is built around the concept of symmetry. A symmetry is
defined as a transformation acting on a physical system that leaves the action, and therefore
the equations of motion, invariant. Symmetries play a central role in the SM, determining
both the allowed interactions and the conservation laws obeyed by physical processes.

Noether’s theorem42 states that for every continuous symmetry of the action there exists
a conserved current, and hence a conserved quantity, and vice versa. Well-known exam-
ples include translational invariance resulting in conservation of momentum, or rotational
invariance resulting in conservation of angular momentum.

In addition to continuous symmetries QFTs may also respect discrete symmetries. Of
particular importance are charge conjugation (C), which exchanges particles with their an-
tiparticles, parity (P), which corresponds to spatial inversion ⇀x ≃ ↑⇀x, and time reversal
(T), which reverses the direction of time.

The first hint of one of these symmetries being violated was discovered in 1956 when Lee
and Yang43 proposed that parity might not be conserved in weak interactions, a hypothesis
that was soon confirmed experimentally by Wu44 in her study of φ decay in cobalt nuclei. The
observed angular distribution of emitted electrons demonstrated maximal parity violation
in the weak force, earning Lee and Yang, but not Wu, the Nobel Prize in 1957. Further
insight came from the Goldhaber experiment,45 which showed that neutrinos are exclusively
left-handed, while anti-neutrinos are exclusively right-handed. Here, “left-handed” refers to
the projection of the particle’s spin along its direction of motion: for a left-handed particle
the spin points opposite to the momentum, while for a right-handed particle it points along
the momentum. If C symmetry were conserved, left-handed anti-neutrinos would also exist,
but they do not. Charge conjugation is therefore also violated in the weak interaction.
Nevertheless, the combined CP symmetry could still have remained intact.

This possibility was ruled out in 1964 by the observation of CP violation in neutral kaon
decays.46 The weak interaction thus violates CP symmetry, a feature that has been incorpo-
rated into the SM through the complex phase of the Cabibbo-Kobayashi-Maskawa (CKM)
matrix, which describes the probability of quarks changing flavour via weak interactions.
While this 3 ↘ 3 matrix consists of nine real parameters, they are not all independent from
each other such that it can also be written with 3 angles and the just mentioned CP-violating
phase, conventionally denoted by ⇁CKM.

In classical theories, the conserved current J
µ can be calculated via Noether’s theorem

∂µJ
µ = 0, but at the quantum level symmetries that are exact classically may be broken. In

the SM, the divergence of a classically conserved axial current J
µ takes the form

∂µJ
µ =

g
2

32π2
FµεF̃

µε (3.7)

where g is the relevant gauge coupling, Fµε the (generic) gauge field strength tensor, and
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F̃
µε = 1

2▷
µεϑϖ

Fϑϖ its dual, connected via the Levi-Civita tensor.

▷µεϑϖ =






+1 if (µ, ↽,ς,φ) is an even permutation of (0, 1, 2, 3)

↑1 if (µ, ↽,ς,φ) is an odd permutation of (0, 1, 2, 3)

0 otherwise

(3.8)

A term in the form of the r.h.s. of eq. (3.7) appears for every coupling between fermions
and gauge symmetries. As a consequence, the Lagrangian gains terms of the form

Lϱ =
g
2

32π2
◁FµεF̃

µε (3.9)

where ◁EW and ◁QCD are the vacuum angles of the electroweak and strong force, with ◁ ⇓

[0, 2π). The presence of the antisymmetric ▷µεϑϖ implies that these terms generally violate P
and T symmetries. As the combined symmetry CPT is generally conserved, the T violation
implies that these terms hence violate CP as well. The ◁ angles therefore provide a measure
of the intrinsic CP violation in the corresponding gauge groups.

Experimentally we have seen that CP violation in the electroweak sector is sizeable and
there is no a priori theoretical reason for ◁QCD to take any particular value. One way to
probe CP violation in the strong force is the electric dipole moment (EDM) of the neutron
dn. The neutron has a non-zero magnetic dipole moment µn and applying the Wigner-Eckart
theorem, we know that both dn and µn are along the spin axis, i.e. they are either parallel
or anti-parallel. Consider a neutron for which dn and µn are parallel, so pointing in the same
direction. Under parity reversal dn changes sign while µn does not and under time reversal
µn changes sign while dn does not. In other words, either a P or a T inversion creates a
particle that is observably di”erent from before. A non-zero dn therefore violates P and T
symmetry, where a T symmetry violation again implies a CP violation, as before.

which can be used in (1.40) to rewrite it as

ωL(CP ) = →
3mumdms

mumd + mums + mdms
θ(ψiγ5ψ) . (1.45)

Derivation of this Lagrangian is the most important step in studying the CP–violating

effects in the strong interactions. It is this very Lagrangian with which there arise CP–

violating effects in the hadronic interactions. The EDM of the neutron is one such fun-

damental quantity through which the the parameter θ becomes observable. Below we

will sketch its derivation without going into details of the hadronic model adopted. Two

existing calculations due to [14] and [25] are in good agreement.

We now choose to sketch the derivation in [25]. The neutron EDM is defined via the

correlator

〈n

(
p +

k

2

)
|Jem

µ (k) i

∫
d4x ωL(CP )|n

(
p −

k

2

)
〉 ≡ − Dn

(
k2

)
uσµωk

ωu , (1.46)

where Jem
µ electromagnetic current of the quarks. The value of the formfactor D(k2)

for on–shell photon (that is, D(k2 = 0)) is the EDM of the neutron. The Figure below

illustrates the correlator above. Here the black blobs designate the usual π→np and π→π+γ

vertices. The grey blob, however, shows the CP–violating πnp vertex generated by ωLCP

in the correlator above.

γ

n

n

p

π

π

-

+

γ

n

n

p

π

π

-

+

Figure 1.1: The mechanism of generating the neutron EDM. The black blobs are the usual
CP–conserving hadronic couplings. The grey blob shows the CP–violating π+np vertex
generated by ωLCP .

In general the calculation of the correlator (1.46) involves a summation over all inter-

mediate states ∑

X

〈n|Jem
µ |X〉 × 〈X|ωL(CP )|n〉

where |X〉 = {|N〉, |πN〉, |ππN〉, · · · }. However, as shown in [25], it is the |πN〉 contri-

bution that dominates the amplitude, in accordance with the figure above. The reason for

16

Figure 3.1.: The nEDM generating mechanism. The black vertices are CP-conserving while
the gray vertex is CP-violating. Figure taken from [47].
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Figure 3.1 shows the mechanism that generates the EDM of the neutron. The calculation
of this interaction has been presented in [48, 49], the relevant result for our case is

dn ↗ ◁QCD
e

m
2
N

mumd

mu + md
↗ ◁QCD ↘ 10→16

e cm (3.10)

where mN is the nucleon mass and mu, md are the up- and down-quark masses. The current
experimental upper limit dn ⇒ 10→26

e cm implies the remarkably strong constraint

◁QCD < 10→10
. (3.11)

The extreme smallness of this bound, compared to the natural expectation ◁QCD ↗ O(1),
constitutes the strong CP problem.

From a pragmatic point of view, a value ◁QCD → 0 is not logically inconsistent, just as
◁EW → 30° is perfectly acceptable. However, the history of physics (and mathematics) has
shown repeatedly that when a dimensionless parameter is extraordinarily close to a special
value, this often signals the presence of an underlying mechanism or symmetry. A number
found to be close to 3.1415 naturally invites a geometric explanation enforcing π. Likewise,
a number as close to zero as ◁QCD motivates the search for a dynamical or symmetry-based
suppression mechanism.

The situation becomes even more dramatic once one takes into account that quarks not
only couple to the strong interaction but also to the electroweak sector via Yukawa inter-
actions with the Higgs field. In this case, the relevant CP-violating parameter is not ◁QCD

alone, but

◁̄ = ◁QCD + ◁Y with ◁Y = arg(det[YdYu]) (3.12)

where Yu and Yd are the Yukawa coupling matrices responsible for the up- and down-type
quark masses.50 Even if a justification for a vanishing ◁QCD were found, one would still
expect a non-zero contribution from ◁Y .

There is no reason for ◁Y to be small. On the contrary, since the CP violation phase of
the CKM matrix mentioned earlier has been determined51 as ⇁CKM = 1.147±0.026, far from
zero, it is natural to expect ◁Y to be of comparable magnitude. The experimental constraint
of ◁̄ < 10→10 would then require ◁Y and ◁QCD to be individually of order 1 with opposite
sign, but equal in magnitude to a precision of at least one in 1010. Because the strong and
electroweak interactions are independent sectors of the SM, there is no fundamental relation
enforcing such a cancellation. Achieving it would therefore require an extreme fine-tuning
of two a priori unrelated parameters.

Fine-tuning of this severity is generally frowned upon in a fundamental theory as the
odds of these two independent parameters being nearly exactly the same are astronomically
small.∗ This observation strongly motivates the search for a dynamical mechanism that
naturally drives ◁̄ to zero, rather than relying on an implausible numerical coincidence. As
will be discussed in the following section, the Peccei-Quinn mechanism provides precisely
such a solution.

∗Picking two random numbers between 0 and 2ω and having them disagree no more than 10→10 is roughly
as likely as picking the ace of spades from a shu”ed deck of cards six times in a row.
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3.2. Axion Physics

3.2.2. Solution of the CP Problem: The Peccei-Quinn Mechanism and the
Axion

The most promising solution to the CP problem has been proposed by Peccei and Quinn
nearly half a century ago in 1977.52,53 The Peccei-Quinn (PQ) mechanism o”ers a dynamical
explanation for the smallness of ◁̄ by promoting it from a fixed parameter to a field whose
vacuum expectation value is determined by the dynamics of the theory. The key ingredients
are the introduction of a new global chiral symmetry and its spontaneous breaking, which
in turn gives rise to a new pseudoscalar degree of freedom: the axion.

The basic mechanism underlying the PQ solution is spontaneous symmetry breaking
(SSB). Consider a complex scalar field 0(x) with a potential of the form

V (|0|) =
1

2
µ

2
|0|

2 +
1

4
1|0|

4 (3.13)

and its Lagrangian

L =
1

2
(∂ε0

↓)(∂ε
0) ↑ V (|0|) (3.14)

which is invariant under phase rotation 0 ≃ e
iϑ
0, i.e. a U(1) symmetry. For positive µ

2,
the scalar field has mass µ. Consequently, in case µ

2 = 0, the field is massless. However, for
µ

2
< 0, the minimum of the potential is not at |0| = 0 but on a circle with |0| =

√
↑µ2/1 =:

v. The SSB can be realised through a phase transition from the µ
2
> 0 case to the µ

2
< 0

case as shown in Fig. 3.2.

Figure 3.2.: At high energies, i.e. high temperatures T , (left) the potential has its minimum
at the origin, |0| = 0. As the system cools down, the symmetry spontaneously
breaks (middle) and the minimum moves to a non-zero field value |0| = v > 0.

The course of such a phase transition is commonly assumed to be a temperature depen-
dence of µ2 such that µ

2(T = 0) < 0 and µ
2(T ) > 0 for su!ciently high temperature with

some critical temperature Tc > 0 at which µ
2(Tc) = 0. Below this critical temperature,

the point |0| = 0 becomes a local maximum and fluctuations will drive the field away from
the origin toward one of the degenerate minima with |0| = v, giving rise to the name of
spontaneous symmetry breaking. Assuming that the universe has cooled down far enough
that we are in the interesting µ

2
< 0 regime, we can expand the field around the minimum,

writing

0(x) = [v + ϱ(x)] eia(x)/fa (3.15)
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3. Theory

where ϱ(x) and a(x) are real scalar fields parametrising the radial and angular excitations of
the complex field. Here fa is a constant with mass dimension one that sets the normalisation
of the angular field. Its physical interpretation will become clear in the context of the PQ
mechanism below. Using eq. (3.15) we can write out the Lagrangian of (3.14) as

L =
1

2
(∂εϱ)

2 +
v

2

2f2
a
(∂εa)

2 +

(
ϱ
2

2
+ vϱ

)
1

f2
a
(∂εa)

2
↑ V (ϱ(x) + v) (3.16)

where the first and second terms are the kinetic energy of the two fields respectively and the
third describes their interaction. The field a(x) is only present in the Lagrangian through
derivatives, notably lacking a mass term. Each such massless mode corresponds to a Gold-
stone boson.

Figure 3.3.: “Sombrero” potential illustrating the SSB of a global U(1) symmetry. Figure
taken from [54].

If the symmetry were exact, the Goldstone boson would remain massless. However, if
the symmetry is only approximate, it becomes a pseudo-Goldstone boson and acquires a
small mass. This is precisely the situation in the PQ mechanism. It introduces a new global
chiral symmetry U(1)PQ with a corresponding complex scalar field 0PQ. The field develops
a vacuum expectation value fa, spontaneously breaking U(1)PQ. At the classical level, this
symmetry can be arranged such that the CP-violating parameter ◁̄ is unphysical. Crucially,
U(1)PQ is not an exact symmetry at the quantum level, and this chiral anomaly generates
an interaction term

Lagg =
g
2

32π2fa
aG

a
µεG̃

aµε (3.17)

where a is the angular mode of the PQ field, identified as the axion by Weinberg and Wilczek.
Comparing this to the ◁ term in QCD (see eq. (3.9), where we now write the gluon field
strength explicitly as G

a
µε instead of the generic notation Fµε) shows that the physically

relevant combination is ◁̄ + a(x)/fa. In other words, the PQ mechanism promotes ◁̄ to a
dynamical field variable. While the PQ symmetry is broken at the scale fa, the anomaly
induces a small explicit breaking that lifts the degeneracy of the vacuum along the angular
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3.2. Axion Physics

direction. In the intuitive picture of the “sombrero” potential of Fig. 3.3, the originally flat
trough is slightly tilted by QCD, selecting a unique minimum. The axion field relaxes into
this minimum, located at

◁̄ +
a(x)

fa
= 0 (3.18)

and dynamically cancels out the CP-violating parameter in QCD, irrespective of the initial
value of ◁̄. The strong CP problem is therefore solved dynamically rather than by fine-
tuning: CP violation in the strong interaction is driven to zero by the dynamics of the axion
field.

At low energies, the axion-gluon interaction of eq. (3.17) is dominated by mixing between
axions and neutral pions, giving a relation for the axion mass.

m
2
a =

m
2
ςf

2
ς

f2
a

mumd

(mu + md)2
(3.19)

The axion inherits the pion’s coupling to several particles, especially its two-photon decay,
shown in Fig. 3.4, which is the key interaction exploited in haloscope-type detectors.

a

↼

↼

gaωω

a

↼

⇔B0

gaωω

Figure 3.4.: Axion decay to two photons (left) and stimulated axion to photon conversion
by interaction with an external magnetic field B0 (right).

The axion-photon interaction is given by

Laωω = gω

(
e

4π

)2 a

fa
FµεF̃

µε (3.20)

or the more commonly used form

Laωω = ↑
1

4
gaωωaFµεF̃

µε (3.21)

where the model-dependent dimensionless coe!cient is connected to the interaction strength
gaωω , usually simply called coupling, of the axion with two photons via

gaωω =
ςgω

πfa
=

ςgω

π
↔
ω
ma (3.22)

where ς is the fine-structure constant. At zero temperature, lattice QCD calculations give
a topological susceptibility of order ω ⇒ [77.6 MeV]4.
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3.2.3. Interaction with the Electromagnetic Field

In this section we will see how the axion interacts with the electromagnetic (EM) field. Of
special interest with regard to the SUPAX experiment (or cavity haloscopes in general) is
the resulting electric field Ea, mostly expressed in terms of RF power P , from the interaction
of the axion field with an external magnetic field Be. Since the axions considered in these
types of experiments are generally assumed to be cold dark matter and therefore have very
low velocity, the calculations will not consider any relativistic e”ects. The derivation of the
Maxwell equations follows the Theoretical Foundations of Millar et al.,55 with additional
steps clarified in the adaptation presented in [56].

As shown in the previous section, the Lagrangian describing EM currents and photons
can be extended by the axion field a and its interaction with the EM field (see eq. (3.21))
yielding the EM-Lagrangian

L =
1

2
(∂µa)

2
↑

1

2
m

2
aa

2
↑

1

4
FµεF

µε
↑ J

µ
Aµ ↑

1

4
gaωωaFµεF̃

µε

︸  
interaction term

(3.23)

where

Fµε = ∂µAε ↑ ∂εAµ (3.24)

F̃
µε =

1

2
▷
µεϑϖ

Fϑϖ (3.25)

are the EM field tensor and its dual, as before. As usual, the EM field-strength tensors are
derived from the vector potential Aµ and the electric 4-current J

µ.

A
µ = (A0,A) (3.26)

J
µ = (ϱ,J) (3.27)

For the axion extension, a is the scalar axion field, ma is the axion mass and gaωω is the
coupling constant which determines the strength of the interaction between the axion and
the EM fields. For convenience the following calculations will be done in natural units, so
⊋ = c = 1. Starting from the Lagrangian in (3.23) the next step is to solve the Euler-Lagrange
equations

∂L

∂a
↑ ∂φ

[
∂L

∂ (∂φa)

]
= 0 (3.28)

∂L

∂A↼
↑ ∂φ

[
∂L

∂ (∂φA↼)

]
= 0 (3.29)

in order to derive the Maxwell equations including the scalar axion field. While (3.28) is
used to derive the equations of motion (EOM) of the axion field it is eq. (3.29) which will
be used to derive Maxwell’s equations with the axion field as additional source. The first
term does not contribute, the second term is

∂L

∂ (∂φA↼)
= ↑


∂

φ
A

↼
↑ ∂

↼
A

φ


+
1

2
gaωω▷

µεφ↼ [∂µAε ↑ ∂εAµ] a (3.30)

= ↑ F
φ↼ +

1

2
gaωω▷

φ↼µε
Fµεa (3.31)
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and inserting this into (3.29) one gets the EOM

∂ϑF
ϑϖ =

1

2
gaωω▷

ϑϖµε
∂ϑ (Fµεa) . (3.32)

These equations can be simplified by applying Maxwell’s constraint equations

∂ϑFµε + ∂µFεϑ + ∂εFϑµ = 0. (3.33)

By extending (3.32)

∂ϑF
ϑϖ =

1

2
gaωω▷

ϑϖµε
∂ϑ (Fµεa)

=
1

2
gaωω


▷
ϑϖµε

Fµε (∂ϑa) + ▷
ϑϖµε

a (∂ϑFµε)
 (3.34)

one can eliminate the last term by first permuting the indices and then applying (3.33).

▷
ϑϖµε

∂ϑFµε =
1

3


▷
ϑϖµε

∂ϑFµε + ▷
µϖεϑ

∂µFεϑ + ▷
εϖϑµ

∂εFϑµ



=
1

3
▷
ϑϖµε [∂ϑFµε + ∂µFεϑ + ∂εFϑµ] = 0

(3.35)

Therefore (3.32) simplifies to

∂ϑF
ϑϖ =

1

2
gaωω▷

ϑϖµε
Fµε∂ϑa. (3.36)

This can now be written in terms of E and B using

F
0i = ↑Ei ↖ F0i = Ei, (3.37)

F
ij = ↑▷ijkBk ↖ Fij = ↑▷ijkBk (3.38)

which reveals that the interaction term takes the form

1

4
gaωωaFµε

Fµε = ↑gaωωaE · B. (3.39)

Let us now consider the EOM by splitting them into the two cases φ = 0 and φ = 1, 2, 3.
φ = 0 yields

∂iF
i0 =

1

2
gaωω▷

i0µε
Fµε∂ia

= ↑gaωω [F23∂1a + F31∂2a + F12∂3a]

= gaωω [▷231B1∂1a + ▷312B2∂2a + ▷123B3∂3a]

↖ ∂iEi = gaωωBi∂ia

(3.40)

while φ = 1, 2, 3 will only be written out for φ = 1 since the remaining two cases are just
permutations of φ = 1.

∂0F
01 + ∂2F

21 + ∂3F
31 =

1

2
gaωω


▷
01µε

Fµε∂0a + ▷
21µε

Fµε∂2a + ▷
31µε

Fµε∂3a


= gaωω [F23∂0a + F30∂2a + F02∂3a]

↖ ↑∂0E1 ↑ ▷213∂2B3 ↑ ▷312∂3B2 = gaωω [↑▷231B1∂0a ↑ E3∂2a + E2∂3a]

↖ ↑∂0E1 + (∂2B3 ↑ ∂3B2) = gaωω [↑B1∂0a + (E2∂3a ↑ E3∂2a)]

(3.41)
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Writing this in terms of E and B, one finally arrives at the Maxwell equations including
the axion field.

→ ·E = ϱ ↑ gaωωB · →a (3.42a)

→↑B ↑ ∂tE = J + gaωω(B∂ta ↑ E ↑→a) (3.42b)

→ ·B = 0 (3.42c)

→↑E + ∂tB = 0 (3.42d)

3.2.4. Detection in Cavities

Having derived the Maxwell equations, including the axion field, we will now impose the
boundary conditions inherent to the experiment. Since the axions of interest here are con-
sidered cold, i.e. non-relativistic, dark matter, their de Broglie wavelength

1dB =
h

↼mv
(3.43)

is of the order of 50 m assuming the dark matter velocity of 230km
s mentioned in sec. 3.1

and an axion rest mass of 33µeV → 8 GHz. Hence, it is safe to assume spatial homogeneity
on our detector scale. The axion field

a(t) = a0e
→i↽t (3.44)

can therefore be written purely as a function of time. Its gradient →a(t) = 0 in equations
(3.42a) and (3.42b) vanishes. In the context of a cavity haloscope, there are no electromag-
netic charges or currents, so eq. (3.27) simply reads J

µ = (0, 0, 0, 0), simplifying (3.42b)
further. The Maxwell equations in the context of cavity haloscope experiments therefore
read

→ ·E = 0 (3.45a)

→↑B ↑ Ė = gaωωBeȧ (3.45b)

→ ·B = 0 (3.45c)

→↑E + Ḃ = 0 (3.45d)

where Be denotes the externally applied magnetic field along the z-axis

Be = B0ẑ. (3.46)

The derivation of the signal power one can expect to detect in an RF-cavity in this context
will now follow [57] and [58], which present the original work of Sikivie59 in a more compre-
hensible way. To calculate the signal power that an axion can deposit in a cavity as shown
in Fig. 3.5, we start by taking the time derivative of eq. (3.45b)

→↑ Ḃ ↑ Ë = gaωω äBe (3.47)
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Axion

Antenna

B-Field Low Noise
Amplifier

Cryogenic
environment

Figure 3.5.: Concept of a cavity-based haloscope. A (possibly superconducting) cavity is
fitted with a pickup antenna and is placed in an external magnetic field in a
cryogenic environment to limit thermal noise. The antenna is connected to a
spectrum analyser with an intermediate cryogenic amplifier.

and substituting Be and Ḃ with (3.46) and (3.45d) respectively.

↑→↑ (→↑E) ↑ Ë = gaωω äB0ẑ (3.48)

We can use Lagrange’s formula for the vector triple product

→↑ (→↑E) = →(→ ·E)︸  
= 0

↑$E = ↑$E (3.49)

with the Laplace operator

$x = →2x = (→ · →)x =

(
∂

2

∂x2
+

∂
2

∂y2
+

∂
2

∂z2

)
x (3.50)

and eq. (3.45a) to write

$E ↑ Ë = gaωω äB0ẑ. (3.51)

The EM fields are split into a sum of orthonormal eigenmodes Em(x) which solve the Poisson
equation

→2Em(x) = ↑2
2
mEm(x) (3.52)

with their respective eigenfrequencies 2m. Stating that the modes are orthonormal, the
normality is ensured by



V
d

3xEm · En = V ⇁mn (3.53)
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where V is the total volume of the cavity and ⇁mn is the Kronecker-Delta. Splitting the
electric field E into time- and space-dependent components

E =


m

Em(t)Em(x) (3.54)

and inserting this in (3.51) yields

Ëm + 2
2
mEm + %mĖm = ↑gaωωB0ä Cm. (3.55)

This describes the time evolution of the amplitude in the mth mode where energy losses
have been parametrised by a decay rate %m and a mode-dependent geometric form factor

Cm =
1

B0V



V
d

3xB0ẑ · Em (3.56)

has been defined. Writing the form factor in this way shows that only the overlap of each
mode’s E-field in the direction of the external magnetic field can be excited by the axion.
Fourier transforming eq. (3.55), we can write it as

(22
m ↑ 2

2 + i2%m)Em(2) = ↑gaωωB0Cm2
2
a(2) (3.57)

↙ Em(2) = ↑gaωωB0Cm
2

2
a(2)

22
m ↑ 22 + i2%m

. (3.58)

The total energy stored in the cavity, U , can be expressed as the sum over the energy of all
modes Um.

U =


d

3x
1

2


|E|

2 + |B|
2


=


m

1

2
|Em|

2
(
2

2 + 2
2
m

222

)
=



m

Um (3.59)

The energy in a mode can be measured with a small antenna, but the power extracted
contributes to the losses

%m = %c
m + %s

m (3.60)

where %c
m denotes any losses connected to the cavity itself, such as currents in the walls - a

significant loss source for superconducting cavities (see sec. 3.5.2). %s
m denotes the ‘losses’

which are recorded as output signal. The power of that signal therefore is

P = %s
mUm = %s

m
|gaωωB0Cma0|

2
V

2

2
4

(22
m ↑ 22)2 + (2%m)2

. (3.61)

Here we introduce the quality factor Q, a quantity describing the energy loss per oscillation
of the mode m as

Qm =
2m

%m
(3.62)

and assume that we are only interested in frequencies corresponding to axion masses near
the resonance frequency of the cavity 2c, hence 2 → 2c → ma in natural units. Since we are
only considering this one mode we can relabel Qm here to QL, the loaded quality factor.

1

QL
=

1

Q0
+

1

Qs
(3.63)
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It can be expressed as the reciprocal sum of two components. The unloaded quality Q0

measures the energy lost per cycle in a cavity without antennas, i.e. surface resistance in
the walls, and Qs which parametrises the signal ‘lost’ through the antenna. From here we
can define the coupling of the antenna

φ =
Q0

Qs
(3.64)

and rewrite eq. (3.63) in a rather common form for RF systems.

QL =
Q0

1 + φ
(3.65)

Lastly, we define the local dark matter density ϱDM = m
2
aa

2
0/2 and assume that axions

constitute all of it. Now we can write the axion-induced power

Psig = g
2
aωωVe”ϱDMB

2
0QL

1

ma

φ

φ + 1
(3.66)

of the signal received by an antenna in an RF-cavity with an e”ective volume Ve” = V C
2.

3.3. Dark Photon Physics

The dark photon and its characteristics have been mentioned in the introduction. Now we
shall investigate the signal power of the dark photon and how it is similar to the axion case,
with the one big di”erence stemming from the fact that the DP is a vector boson rather
than a scalar.

3.3.1. Dark Photon Electrodynamics

The derivation of the the signal power for a DP-induced signal follows nearly the same pro-
cedure as for an axion-induced signal. For the full derivation, see [60]. Instead of introducing
a scalar field, one introduces the vector field (and with it a vector gauge boson X) which
kinetically mixes with the visible photon. The resulting Lagrangian can be written as

L = ↑
1

4
FµεF

µε
↑

1

4
XµεX

µε + J
µ
Aµ +

m
2
X

2
(Xµ

Xµ + 2ωXµA
µ) (3.67)

where ω is the kinetic mixing, i.e. the interaction strength of the dark and SM photon. A is
the photon produced in EM interactions, and X the DP sterile state. From there, one can
derive the DP-induced electric field to be

|E0| =

ωmX

▷
X0

 (3.68)

where ▷ is the dielectric constant of the medium (▷ = 1 in vacuum). But as one can only
access one mode of the cavity at a time, usually defined as the z-axis (more on this in sec.
3.4.2), the resulting accessible field is

|E0| =

ωmX

▷
X0 cos ◁

 (3.69)
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where cos ◁ = ẑ · X0/|X0|. Thus, the DP signal depends not only on the mode overlap as
before, but also on the orientation of the DP field relative to the cavity’s orientation. From
here one can derive the signal power analogously to before.

Psig = ω
2
Ve”ϱDMQLmDP

φ

φ + 1
|cos ◁|2 (3.70)

3.3.2. The Vector Field Nature of the Dark Photon

Since the dark photon is a vector boson, as opposed to the scalar axion, we must consider
the overlap of the dark photon field and the axis of the mode the experiment is aligned with.
In SUPAX the cavity is zenith-pointing, meaning its axis (and thus the resonant mode) is
aligned with the local vertical: the line from the Earth’s centre through the cavity to the
zenith. Due to Earth’s rotation this axis is time-dependent and can be written as the unit
vector

Ẑ(t) =




cos1 cos(2t)
cos1 sin(2t)

sin1



 (3.71)

in the equatorial coordinate system (xe,ye, ze) where 1 denotes the latitude of the experi-
ment, for the setup used in Mainz 1 = 50.0°N, and 2 = 2π/(1 day)∗. For the dark photon
field, its polarisation X̂ is either randomly distributed or fixed along an axis. As shown
in (3.69), the electric field induced by kinetic mixing of the dark photon field scales with
E ↓ cos ◁ where ◁ is the angle between the cavity’s z-axis and the field. For the signal power
in the cavity we know that it scales with

Psig ↓ E2
↓ cos2(◁) = (Ẑ · X̂)2. (3.72)

We can therefore derive that only the fraction

cos2(◁) =
Psig

PX
(3.73)

of the produced power by dark photon conversion via kinetic mixing, PX , can be recorded
as a signal using the resonant mode along the cavity’s axis.

Random polarisation case

If we assume X̂ to be randomly polarised, ◁ is not time-dependent since it is randomly
polarised for any time t. Therefore, we can find the expected overlap

〈
cos2(◁)

〉
by simply

integrating over the solid angle d# = sin ◁ d◁ d0 of a unit sphere with surface area


d# = 4π.

〈
cos2(◁)

〉
=

1

4π


d# cos2(◁) (3.74)

=
1

4π

 2ς

0
d0

︸  
=2ς

 ς

0
d◁ cos2(◁) sin(◁) (3.75)

∗In this context 1 day refers to a sidereal day, which is 23:56:04 h as opposed to the 24 h solar day. Due
to the Earth circling the Sun it rotates → 361° in a solar day with respect to the galactic rest frame, not 360°.
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For the ◁ integration we can substitute

µ = ↑ cos ◁ (3.76)

dµ

d◁
= sin(◁) ↙ d◁ =

dµ

sin(◁)
(3.77)

and can now calculate the overlap.

〈
cos2(◁)

〉
=

2π

4π

 µ(ς)=→1

µ(0)=1
dµµ

2 (3.78)

=
1

2

µ
3

3


1

→1

=
1

2

(
1

3
↑ (↑

1

3

)
=

1

2
·
2

3
=

1

3
(3.79)

Thus, the signal power is to be reduced by a factor of 1/3 in the randomised polarisation
scenario, independently of when or how long data was taken.

Fixed polarisation case

Conversely, if we assume X̂ to be polarised along a fixed axis

X̂ =




sin ◁X cos0X

sin ◁X sin0X

cos ◁X



 (3.80)

the angle ◁(t) is indeed time-dependent, since the overlap of

cos2 ◁(t) =

X̂ · Ẑ(t)

2
(3.81)

is not constant for any time t. We define the time-independent A = sin ◁X cos1 and B =
cos ◁X sin1 to simplify the scalar product.

cos ◁(t) = X̂ · Ẑ(t) = A (cos(2t) cos0X + sin(2t))︸  
=cos(↽t→⇀X)

sin0X + B (3.82)

= A cos(2t ↑ 0X) + B (3.83)

We find the expected overlap for a finite data acquisition time T as the time average over
this time interval T .

〈
cos2 ◁

〉
T

=
1

T

 T

0
cos2 ◁(t) dt (3.84)

=
1

T

 T

0
[A cos(2t ↑ 0X) + B]2 dt (3.85)

=
A

2

2
+ B

2 +
1

2T




A

2

4
(sin(2(2T ↑ 0X)) + sin(20X))

+ 2AB (sin(2T ↑ 0X) + sin(0X))



 (3.86)

Since ◁X and 0X are unknown, a first approach in approximating
〈
cos2 ◁

〉
T

is to sample

over ◁X and 0X and take the 5th percentile as a cuto” value for setting a limit with a
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95% confidence level. This, however, introduces a statistical impurity into the limit setting,
resulting in artificially weakening the true 95% CL limit. In order to construct a statistically
robust exclusion limit we first consider the measured power P as a sum of a fully measurable
dark matter signal Psig = PX and noise PN .

P = Psig + PN (3.87)

The noise is assumed to be Gaussian distributed around 0 with standard deviation ϑN , which
is a fair assumption as will be shown later in the analysis section. An exclusion limit at 95%
CL is then obtained by demanding

PS

PN
> &→1(0.95) ⇒ 1.64 (3.88)

where &→1 denotes the inverse cumulative distribution function of the normal distribution.
When including the vector nature of the dark photon, the situation changes and, as shown in
eq. (3.73), the signal power is reduced by the factor

〈
cos2 ◁

〉
T
. Therefore, the total readout

power is

P = Psig + PN = PX
〈
cos2 ◁

〉
T

+ PN (3.89)

where
〈
cos2 ◁

〉
T

is the time-averaged overlap defined in eq. (3.84). Consequently, the signal
power Psig is not a fixed value but rather a random variable drawn from the distribution
f

〈
cos2 ◁

〉
T


and therefore the total power P is drawn from the joint distribution of PX

and the Gaussian PN . The relevant CL condition follows from the probability that the
measured power falls below the expectation from noise alone. Since

〈
cos2 ◁

〉
T

is distributed

according to f
〈

cos2 ◁
〉
T


on the interval [0, 1] (see eq. (3.84), the integral is normalised)

and PN follows a Gaussian distribution g(PN ) the joint probability distribution is simply
the product

fjoint(x,N) = f(x) g(PN ) (3.90)

since the overlap and the noise are independent, where, from here on, we define x ⇑
〈
cos2 ◁

〉
T

for ease of reading. The probability that the observed total power P is smaller than zero is
therefore

P(P < 0) =

 1

0
dx

 →PXx

→↔
dPN f(x) g(PN ) . (3.91)

This expression makes explicit that for each possible overlap x, we must integrate the noise
up to the value PN = ↑PX x, i.e. the boundary where the total power vanishes as per eq.
(3.89). The inner integral is the cumulative distribution & of the Gaussian noise evaluated
at ↑PXx. For this we generally know

&

(
x ↑ µ

ϑ

)
=

1

2

[
1 + erf

(
x ↑ µ

ϑ
↔

2

)]
(3.92)

and can therefore write
 1

0
dx f(x)

1

2

[
1 + erf

(
PX

ϑN

↔
2
x

)]
= P(miss) (3.93)
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where P(miss) denotes the probability of missing a true signal, for example 5% for 95% CL.
Solving eq. (3.93), given a free choice of CL, for PX/ϑN gives the critical signal-to-noise

ratio (SNR) for the vector case. To relate this to the case ignoring the vector nature of the
DP, i.e. Psig = PX and therefore eq. (3.88) holds, we define the exclusion factor

〈
cos2 ◁

〉excl.

T
=

&→1(CL)ϑN

PX
(3.94)

which, for the common choice of CL = 95%, is

〈
cos2 ◁

〉excl.

T
(CL = 95%) ⇒

1.64ϑN

PX
. (3.95)

This factor quantifies how much the required power for a 95% exclusion is degraded once
the fixed polarisation of the DP is included and is thereby equivalent to the 1/3 obtained in
eq. (3.79) for the random polarisation case.

In practice the distribution of f(x) is not known analytically∗ and must be obtained
numerically by Monte Carlo simulation, shown in Fig. 3.6.
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Figure 3.6.: Distribution f
〈

cos2 ◁
〉
T


for latitude 1 = 50.0°N (Mainz) and total data ac-

quisition times of T = 8438 s (dedicated dark photon run without magnet)
and T = 10 318 s (axion run with magnet). The resulting exclusion factors〈
cos2 ◁

〉excl.
T

are significantly higher than the trivial 5th percentile cuto”. They

fall into the 19th and 20th percentiles, well within the typical 15-30th percentile
range given in [60].

We draw n random orientations (◁X ,0X), compute the corresponding
〈
cos2 ◁

〉
T

and collect
these values as a sample from f(x). With this sample, eq. (3.93) can be approximated as

P(miss) =

 1

0
dx f(x) &

(
PX

ϑN
x

)
→

1

n

n

i=1

&

(
PX

ϑN
xi

)
(3.96)

for su!ciently large n, where xi are the simulated values of
〈
cos2 ◁

〉
T
. We then solve for the

value PX/ϑN that yields P(miss) = 1 ↑ CL = 0.05 and thereby
〈
cos2 ◁

〉excl.
T

via eq. (3.95).

The authors of [60] note that the value for
〈
cos2 ◁

〉excl.
T

obtained in this way is typically in

∗since one cannot know the parameters (εX ,ϑX), characterizing the polarisation axis of a field of which
one does not know if it even exists
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the 15-30th percentile of f
〈

cos2 ◁
〉
T


- far above the 5th percentile one might erroneously

use, giving a significant enhancement for the limit. This estimation can be run for several
integration times, and as one can see in Fig. 3.7 the exclusion factor approaches a limit
for increasing integration time, depending on the geographical latitude of the experimental
setup. For 1 → ±35.26° this approaches the factor 1/3 of the random polarisation case, as
shown in [60].
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Figure 3.7.: Distribution width of f
〈

cos2 ◁
〉
T


, resulting

〈
cos2 ◁

〉excl.
T

and comparison to〈
cos2 ◁

〉
T

= 1/3 for random polarisation at latitude 1 = 50.0°N (Mainz) and
various total data acquisition times between 0 and 48 h. The exclusion factor〈
cos2 ◁

〉excl.
T

for the dedicated DP run and the axion searching run are marked
in green and orange respectively.

3.4. RF-Cavity Based Haloscopes

Haloscopes, especially those in form of RF-cavities (schematically shown in Fig. 3.5), have
great potential to reach the QCD-axion-photon coupling for masses below the meV scale.
Just like helioscopes, they rely on the assumption of a naturally occurring axion flux in
contrast to the LSW approach of stimulating axion production in the lab. While helioscopes
assume the Sun as the axion source, haloscopes assume a galactic halo of dark matter (see sec.
3.1). The idea in these experiments is that in a resonant microwave cavity, with a strong
external magnetic field inside, an axion converts into a photon via the inverse Primako”
e”ect. The sensitivity is enhanced in the region near the resonance frequency of the cavity,
as derived in section 3.2.4.

Fig. 2.5 already showed the trade-o” between bandwidth and sensitivity. By focusing
on an extremely narrow frequency range, haloscopes achieve much higher sensitivity than
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broadband approaches such as helioscopes or light-shining-through-wall experiments. The
drawback is that a conventional metal cavity can only probe one frequency at a time, though
this limitation can be mitigated by tuning the cavity. Tuning in this context refers to the
possibility of shifting the resonant frequency of a cavity. The most common way of doing
this is by inserting a tuning rod. In this setup, a metal rod is inserted in the cavity and
by changing the position of the tuning rod, e.g. by rotating it, the resonance frequency
changes. This allows for a sweep of a broader frequency range rather than probing just
one fixed frequency. This, however, constantly changes the e”ective volume of the cavity
as well as the EM field distribution inside the cavity. Another approach is to shift the
actual size of the cavity. For this, a cavity made from two halves is used and these are
slowly separated from each other, changing the geometry of the cavity and therefore also the
resonant frequency. This comes with issues of its own such as by opening the cavity it is not
trivial to make sure that the resonant nature of the cavity still holds true and the EM field
is not leaking out.61

In SUPAX, tuning is conducted via pressure. Although in theory we assume that the
experiment is conducted in vacuum we will see in sec. 4.1 that the cooling of the cavity is
not provided by a coldhead or dilution fridge in vacuum but a liquid helium cryostat and
therefore low pressure (50 ↑ 100 mbar) helium is present in and around the cavity. This
allows for tuning by changing the pressure since the resonance frequency depends on the
dielectric inside the cavity. The pressure can only be varied in a certain range for cooling
reasons, but it allows very granular control over the resonance frequency over a span of close
to 1 MHz.

Some leading experiments in this area of research are ADMX,62,63 HAYSTAC,64 RADES65

and CAPP.66 CAPP and RADES are of special interest regarding our experiment since they
have shown that superconducting cavities are very much a viable option to improve the
sensitivity of the measurement, with CAPP even maintaining superconductivity in high
magnetic fields.67

Haloscope experiments mainly concentrate on the mass regions of 0.4 ↑ 40 µeV (→ 0.1 ↑

10 GHz). This is no coincidence but deliberately chosen since many theories68–71 predict the
axion mass in exactly this range.

3.4.1. Characterisation of an RF System

A haloscope cavity such as in the SUPAX experiment can be characterised as an RF system
with two ports. The characterisation is usually performed using a Vector Network analyser
(VNA) and yields three fundamental figures: The resonance frequency f0, the loaded quality
factor QL and the coupling coe!cient φ. With these and eq. (3.65) we can calculate the
unloaded quality factor Q0 = QL(1 + φ), which is inherent to the resonating system, in this
case the cavity. Physically it is the ratio of the energy stored in the system to the energy
lost per cycle

Q0 = 2π
Estored

Eloss per cycle
(3.97)

where the factor 2π originates from the per-cycle scaling. It depends on the material the
cavity is made of, the geometry of the resonator and the surface roughness inside the cavity.
For example, a simple electropolishing treatment of the inner walls can improve a cavity’s
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Q0 by several percent. The dominant loss mechanism in an RF cavity is ohmic dissipation
in the cavity walls. RF currents flow only within the skin depth ⇁ =

√
2/(µ02ϑ), so the

e”ective surface resistance is

Rs =

√
2µ0

2ϑ
(3.98)

where ϑ is the electrical conductivity of the wall material, e.g. copper. The unloaded quality
factor scales inversely with the surface resistance.

Q0 ↓
1

Rs
↓

↔
ϑ (3.99)

Surface roughness increases the e”ective surface area and forces the RF surface currents
to follow longer paths. This increases the e”ective surface resistance R

e”
s > Rs, thereby

increasing dissipation losses and reducing Q0. Polishing reduces the microscopic roughness
on length scales comparable to the skin depth, lowering R

e”
s , and thus increasing Q0.

The determination of φ is done by analysing the scattering parameters matrix

S =

(
S11 S12

S21 S22

)
(3.100)

obtained via a Vector Network analyser (VNA). A VNA is both a coherent RF source and
a receiver. It generates a continuous-wave RF signal with known amplitude and phase at
one port and measures the complex amplitude and phase of the waves reflected from and
transmitted through the cavity at all ports. Directional couplers inside the VNA separate
the incident (forward) and reflected waves at each port. By sweeping over the resonance
frequency, the complex scattering parameters Sij of eq. (3.100) are obtained. In this context
“radiated” power refers to power launched by the VNA into a given port of the cavity,
“reflected” power is the fraction of that incident wave returning to the same port, and
“transmitted” power is the fraction emerging from the opposite port.

In the two-port case of the cavity, the scattering parameters relate the complex amplitudes
of the outgoing waves bi to the incident waves aj .

bi =
2

j=1

Sijaj (3.101)

The reflection coe!cients at the ports are

S11 =
b1

a1


a2=0

S22 =
b2

a2


a1=0

, (3.102)

i.e. the ratio of the reflected wave to the incident wave at the same port when the other port
is matched. The transmission coe!cients are

S21 =
b2

a1


a2=0

S12 =
b1

a2


a1=0

, (3.103)

describing the fraction of power transmitted from port 1 to port 2 and vice versa. The
reflected and transmitted power fractions are given by |Sij |

2. At resonance, |S11| and |S22|

are directly related to the coupling of the antennas to the cavity mode.
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With these parameters, which are measured via the VNA, one can determine the couplings
φ1 and φ2 of the respective ports P1 and P2 via

φ1 =
1 ↑ |S11|

|S11| + |S22|
(3.104)

φ2 =
1 ↑ |S22|

|S11| + |S22|
. (3.105)

In practice, the coupling factor of the readout antenna is determined from the minimum of
the corresponding reflection coe!cient (S11 for φ1) at resonance, as described in sec. 5.2. The
two port expressions of equations (3.104) and (3.105) are given only for completeness. They
are not used for the experimental analysis as one port is deliberately severely undercoupled
and terminated by design.

The S-parameters are adjusted by lengths L1 and L2 of the readout antennas. Port 2 will,
in our case, be weakly coupled and used to insert a signal during the characterisation process,
as shown in Figure 3.8. In Figure 3.9 one can see a simple simulation of four di”erent antenna

Port 1 Port 2

L1 L2

Directional 
coupler

Signal Source

Cavity response

Figure 3.8.: The Vector Network analyser (blue box) generates a sweep over several frequen-
cies. The signal is transmitted through a directional coupler into the cavity. The
reflected signal at antenna #1 is redirected by the directional coupler into the
readout, measuring S11. The transmitted signal through the cavity is picked up
by antenna #2, measuring S21. The same procedure is done in reverse to deter-
mine S22 and S21. For a given cavity (fixed Q0) all S-parameters are determined
by the length of the antennas L1 and L2.

lengths L1 while L2 is held constant. This e”ect gets more pronounced, the higher the quality
factor of the cavity Q0 is. This means that when improving the experimental setup by, e.g.,
switching from a simple copper cavity to a superconducting cavity the sensitivity to the
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antenna length increases dramatically to the point where 0.1 mm can make a di”erence in
coupling of the order of → 30%. This of course makes the process of optimising the cavity’s
coupling increasingly di!cult with increasing Q0. An additional factor is that especially for
superconductors the surface resistance in the superconducting regime is very sensitive to
the temperature. An ideally coupled antenna installed in a superconducting cavity at 3.8 K
could already be slightly overcoupled at 3.7 K and will certainly be massively overcoupled
at 3.5 K. This then creates a trade-o” problem between the coupling - a”ecting the signal
strength of a possible signal - and ambient temperature - a”ecting the system noise - which
will play a role in the signal-to-noise ratio.
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Figure 3.9.: S11 for di”erent antenna lengths L1 where l1 < l2 < l3 < l4. For L1 = l1 the
antenna is strongly undercoupled, meaning there is significant signal loss in the
readout at that antenna. For L1 = l2 the antenna is less undercoupled, visible
by the sharper and deeper peak. For L1 = l3 the antenna is critically coupled.
This is the desirable length for the antenna to minimise signal loss near the
resonance frequency. If the antenna is too long (L1 = l4), i.e. overcoupled, the
peak widens as well.

3.4.2. Modes in RF Cavities

As discussed in section 3.2.4, in a cavity there are infinitely many ways in which an EM
field can oscillate, which are called modes. Like most axion searching cavity haloscopes,
SUPAX is using the so-called TM110 mode. For simplicity we assume a perfectly conducting
rectangular cavity occupying the region 0 < x < a, 0 < y < b, 0 < z < d filled with
a homogeneous, source-free medium of permittivity ε and permeability µ. All fields are
assumed to vary harmonically in time as e

j↽t. With this assumption, in the absence of
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sources, Maxwell’s equations are

→↑E = ↑j2µH (3.106)

→↑H = j2εE (3.107)

→ ·E = 0 (3.108)

→ ·H = 0. (3.109)

We curl (3.106) and insert (3.107). Once more using (3.49), this yields the vector Helmholtz
equation


∝

2 + k
2

E = 0 (3.110)

k = 2
↔
µε. (3.111)

Each component of E therefore satisfies the scalar Helmholtz equation. For the transverse-
magnetic (TM) modes with respect to the z-direction, the longitudinal magnetic field van-
ishes.

Hz = 0, Ez ′= 0 (3.112)

The longitudinal electric field satisfies


∝

2 + k
2

Ez = 0 (3.113)

and once Ez is known, the remaining field components follow from Maxwell’s equation. For
a perfect electric conductor, the tangential electric field must vanish at all cavity walls. At
the side walls (x = 0, a and y = 0, b), Ez is tangential and must therefore satisfy

Ez(0, y, z) = Ez(a, y, z) = 0 (3.114)

Ez(x, 0, z) = Ez(x, b, z) = 0 (3.115)

and at the end walls (z = 0, d) the tangential field components are Ex and Ey, which must
also vanish.

Ex(x, y, 0) = Ey(x, y, 0) = 0 (3.116)

Ex(x, y, d) = Ey(x, y, d) = 0 (3.117)

We seek a separable solution of the form

Ez(x, y, z) = X(x)Y (y)Z(z). (3.118)

Substituting this into (3.113) and dividing by XY Z yields

1

X

d2
X

dx2
+

1

Y

d2
Y

dy2
+

1

Z

d2
Z

dz2
+ k

2 = 0. (3.119)

We can solve this by separating the variables

d2
X

dx2
+ k

2
xX = 0 (3.120)
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d2
Y

dy2
+ k

2
yY = 0 (3.121)

d2
Z

dz2
+ k

2
zZ = 0 (3.122)

with

k
2 = k

2
x + k

2
y + k

2
z . (3.123)

Applying the boundary conditions (3.114) and (3.115) gives

X(x) = sin
(
mπx

a

)
m = 1, 2, 3, . . . (3.124)

Y (y) = sin
(
nπy

b

)
n = 1, 2, 3, . . . (3.125)

with

kx =
mπ

a
, ky =

nπ

b
(3.126)

where we only consider non-trivial (Ez ′= 0) solutions as modes, so m,n ∞ 1. For TM modes,
the transverse electric field components are related to Ez by
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2
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2
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2
y. (3.129)

Now using the boundary conditions (3.116) and (3.117) we get

dZ
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
z=0

=
dZ
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
z=d

= 0 (3.130)

and a solution of (3.122) satisfying this is

Z(z) = cos
(
pπz

d

)
p = 0, 1, 2, . . . (3.131)

with

kz =
pπ

d
. (3.132)

The longitudinal electric field is therefore

Ez = E0 sin
(
mπx

a

)
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(
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b

)
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d

)
(3.133)
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and the transverse electric field components follow as
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From the resonance condition (eq. (3.111)) we can also calculate the resonance frequency
fmnp = 2mnp/2π just from the side lengths a, b, d as

fmnp =
1

2
↔
µε

√(
m
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)2
+

(
n

b

)2
+

(
p

d

)2
. (3.136)

For the TM110 mode used in the SUPAX cavity this yields a resonance frequency of

f110 = 8.26 GHz (3.137)

in vacuum, which is 60 MHz away from the next higher mode f111. We can also estimate the
overlap of the mode with the magnetic field for the SUPAX cavity by applying

C
2
mn =

64

π4

1

m2n2
(3.138)

C
2
11 =

64

π4
→ 0.657 (3.139)

known from [59] for a cylindrical cavity with a rectangular cross section. Due to the rounded
edges in the cavity, the form factor acquired via simulation in CST Studio is slightly lower
at C

2 = 0.629. A graphical simulation of the mode used can be seen in Fig. 3.10. This
mode was chosen since it is the base mode and therefore has the highest quality factor and
the setup of the experiment demands a mode aligned with the axis of the external magnetic
field, which is along the z-axis of the cavity.

Figure 3.10.: The TM110 mode in the SUPAX cavity, visualised in the CST Studio Suite
software.72

43



3. Theory

3.5. Study of Superconducting RF-Cavities

Since an inherently important factor of the sensitivity of a cavity resonator, the unloaded
Q-factor, is dependent on the conductivity (or more precisely the surface resistance) of the
material the cavity is made of, it is not surprising that the idea of producing such a cavity
from superconducting materials was brought up very quickly after the proof of concept of
the Sikivie type detector. In the following section, after briefly introducing the concept of
superconductivity, the vortex state - a typical issue of cavities in external magnetic fields -
and the current state of the art solutions of SRF cavities are discussed.

3.5.1. Superconductors Type I and II

Superconductivity is a physical concept, observable in specific materials, so-called supercon-
ductors, where electrical resistance vanishes completely. While the resistance of ordinary
conductors like copper decreases steadily with decreasing temperatures, a superconducting
material has a critical temperature Tc below which the resistance drops to 0. This critical
temperature depends on the type of superconductor. Type I superconductors, as discovered
in 1911 by Heike Kamerlingh Onnes,73 usually have critical temperatures of Tc → 0 ↑ 10 K
while Type II superconductors, as discovered in 1935 by Rjabinin and Shubnikov,74 can
have much higher critical temperatures Tc > 10 K, hence being called high-temperature
superconductors.

Figure 3.11.: Phase diagram of a Type II superconductor.75 Above the critical temperature
Tc and/or the critical magnetic field Bc2 the material behaves like a regular
conductor, so there is no superconductivity in region c. In region a, below
Tc and Bc1, the material is completely superconductive and behaves like a
Type I superconductor. For temperatures below Tc and external magnetic field
Bc1 < Bext < Bc2, in region b, vortices can form in the conductor and some of
the magnetic field can penetrate the material.
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Another very important di”erence between Type I and Type II superconductors is that
beside a critical temperature there is also a critical magnetic field Bc above which supercon-
ductivity breaks. For Type I superconductors this is usually below a field of Bc < 1 T while
Type II superconductors can maintain superconductivity at higher fields. This clearly is of
major importance for the envisioned experiment since the cavity at hand is planned to work
in an external magnetic field of Bext = 14T. While Type I superconductors only have one
critical field Bc above which superconductivity breaks and below which the Meissner e”ect76

stops all magnetic flux from penetrating the material, Type II superconductors have two
critical magnetic fields Bc1 and Bc2 as displayed in Figure 3.11. The first threshold Bc1 is,
analogously to Type I, the field below which there is only the Meissner e”ect. However, for
an external field Bc1 < Bext < Bc2 there is a mixed state in which superconductivity does not
break completely but magnetic field vortices can capture some field lines and thereby pen-
etrate the conductor material. These vortices add resistivity and thereby losses for the RF
fields inside the cavity. A detailed analysis of this vortex e”ect has recently been published,
backing its results with experimental data of two existing cavities of di”erent geometries.77

3.5.2. Vortex State of SRF Cavities

Superconducting cavities are best known from accelerator applications, where niobium cav-
ities routinely achieve extremely high quality factors. For axion haloscopes, however, the
operating conditions are fundamentally di”erent. Since the expected signal power scales with
B

2
Q0, one would like to combine the highest possible magnetic field with the highest pos-

sible quality factor. But this is precisely the regime in which conventional SRF technology
meets its main limitation. In the Tesla-scale magnetic fields of haloscopes, a superconductor
is generally no longer in the pure Meissner state but in the mixed, or vortex, state.

It is important to distinguish between the formation of vortices and their RF-driven mo-
tion. The external static magnetic field is what creates vortices once the relevant field scale
exceeds the lower critical field Bc1. In addition, real materials are never perfectly homo-
geneous, so magnetic flux can also remain trapped at defects during cooldown. The RF
field, whether actively injected with a VNA or simply present as thermal noise, is therefore
not needed to create vortices, but rather drives the vortices that are already present. The
oscillating surface currents exert a Lorentz force on the flux lines, causing them to oscillate
around their equilibrium positions.

This vortex motion is dissipative and therefore increases the surface resistance. Roughly
speaking, each vortex contains a core in which superconductivity is strongly suppressed, so
moving a vortex through the material converts part of the stored electromagnetic energy into
heat. In an SRF cavity this appears as an additional contribution to the surface resistance
and therefore as a reduction of Q0, recall eq. (3.99). Vortex motion does not necessarily
destroy superconductivity immediately, but rather lowers the quality factor by gradually
increasing RF losses.

The strength of this loss depends mainly on three factors. First, a larger external magnetic
field implies a larger density of vortices and therefore a larger potential for dissipation.
Second, the loss is geometry dependent and becomes particularly harmful in surface regions
where the external B-field penetrates the cavity walls and the local RF magnetic field is also
large. This is why not only the choice of material, but also the cavity shape, matters. Third,
the loss depends on frequency through the depinning frequency. At frequencies well below

45



3. Theory

this characteristic scale, vortices remain largely confined to their local pinning wells and the
losses stay relatively small. Pinning refers to the trapping of vortices at (possibly deliberate)
material defects or inhomogeneities, constraining their RF-driven motion. As the drive
frequency approaches or exceeds the depinning frequency, pinning becomes progressively
less e”ective and the response approaches the more dissipative flux-flow regime.

This frequency dependence is directly relevant for the planned operating range around
8 GHz. For Nb3Sn, Posen et al. estimate an e”ective depinning frequency of about 12 GHz
for their cavity model,77 while independent microwave measurements on bulk Nb3Sn in fields
up to 12T found depinning frequencies around 4.5 GHz at temperatures of → 6 K.

Possible mitigation strategies follow directly with one option being geometric optimisation.
In the previously mentioned paper Posen et al. developed a cigar-shaped Nb3Sn cavity
specifically to reduce vortex losses, which, at 6 T and a shared resonance frequency of 3.9 GHz
outperformed a TESLA-like cavity by about an order of magnitude in Q0.

A second route is to use materials that are known, or at least expected, to perform well in
strong magnetic fields. This is the most common solution in cavity haloscopes today, mostly
relying on REBCO or YBCO tapes. This approach has been proven to work repeatedly, one
example being CAPP showing no degradation of the quality factor at 6.93 GHz up to 8 T
with a YBCO tape coated polygon shaped cavity.67 However, tape-based solutions have also
proven to be rather restricted to flat surfaces and forming a high-quality film on a concave
surface is technically very di!cult, as explicitly pointed out in the aforementioned paper and
similar problems being reported by other haloscope groups as well with regard to REBCO
tapes. While the tapes are highly promising from the point of view of RF performance in
strong fields, they are less attractive when the cavity geometry is not composed of nearly
exclusively flat surfaces. Chapter 5.3 discusses one experimental approach in trying to find
a non-tape-based solution.
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4. The SUPAX Experiment

This chapter presents the experimental details of the SUPAX experiment. Conceptual work
on the experiment started in 2022, with the final setup being assembled and physics data
being taken for the first time in 2024. From 2026 on it has largely moved to the University
of Bonn and is being integrated into the larger GravNet collaboration. This chapter starts
with the general experimental setup in Mainz and a discussion of the cavity used in the
conducted experimental runs. It then details the engineering e”orts taken to track and
manage the factors of pressure and temperature inside the cryostat during operation.

4.1. Experimental Setup

The experimental setup is shown schematically in Fig. 4.1. The cavity is hung from the top
of the cryostat (“KONTI IT Magno He” by CryoVac) at the end of the inset, which is shown
in Fig. 4.2. To determine the loaded quality factor QL with a transmission measurement,

Attenuator

Attenuator
36 dB low noise cryo Pre-
Amp
Circulator

Gaseous Helium 
cryostat inset

8.4 GHz cavity

Cryostat internal 
LHe dewar, LN2 
shield and 
thermal vacuum 
shield

14.1 T magnet

Readout

QL

VNA input

Antenna coupling 𝛽

Figure 4.1.: Experimental setup of the cryostat and the electronics in the magnet.

the weakly coupled port at the bottom of the cavity can be connected to the VNA. This is
done via a 20 dB attenuator, which is installed to eliminate the 300 K thermal noise of the
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4. The SUPAX Experiment

terminator outside of the cryostat, once the system has been characterised. The (ideally)
critically coupled port on the top of the cavity is connected to a circulator. The circulator
enables the determination of the read-out antenna’s coupling coe!cient φ with a reflection
measurement. This input is also fitted with an attenuator due to the thermal noise. The
readout uses a cryogenic low noise amplifier (LNA). In the experiment a simple high electron
mobility transistor (or short HEMT) from LNF was used (LNF-LNC4 16B).

Figure 4.2.: Inset of the cryostat bearing the cavity, heat exchanger and electronics. The
temperature sensors located at the cavity and the Pre-Amp are not visible in
the picture, only their copper-coloured cables.

A first data acquisition inside a LHe dewar (measurement in November 2022) without
circulator revealed some important insights regarding the data acquisition chain. First of all,
the simple cavity characterisation with a VNA does not work when a Pre-Amp is installed.
The signal fed by the VNA into the weakly coupled port is attenuated but still delivers data
for the reflection on the weakly coupled antenna and the transmission through the cavity,
so QL can be determined. However, the signal fed through the strongly coupled port never
reaches the cavity. It gets stopped and reflected by the Pre-Amp, which only passes signals
directionally from an input to an output port, not the other way around.

After the characterisation, when trying to take data, a larger problem was discovered.
Cable reflections during data taking with the RSA cause an oddly shaped peak. This does
not stand out while the cool-down is monitored with the VNA since the power coupled
into the cavity by the VNA overpowers any thermal noise. But once this pumping e”ect
is gone and only the cavity’s thermal noise is left, one can see that reflections of thermal
noise somewhere above the strongly coupled port are of the same order of magnitude as the
thermal noise of the cavity itself, as can be seen in Fig. 4.3. Therefore, the circulator was
added between cavity and the Pre-Amp. Since it was unclear whether a switch would work
at 4K temperatures and was clearly not operable in the magnetic field it was decided to find
a way to characterise and take data in one single setup without the need for a switch.

In this setup including the circulator one cannot determine all S-parameters in one single
measurement. Instead, one needs to construct the network of Sij with two measurements
and combine them in the following way. One ‘transmission’ measurement in which the power
of the VNA is fed into the weakly coupled port - this provides all S-parameter but S11. We
obtain this missing S-parameter by feeding the power of the VNA through the third port of
the circulator. The signal gets reflected at the readout antenna, so we can e”ectively use the
S12 measurement of this run - named ‘reflection’ measurement - as S11 data for the mixed
network. The analysis and results of this mixed network are discussed in chapter 5.2.
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(a) VNA reflection measurement. The signal of
the VNA fed into the strongly coupled port
(here port 2) does not reach the antenna but
only the Pre-Amp, so no reflection measure-
ment on the antenna and subsequent charac-
terisation of it is possible.

(b) Non-Lorentzian peak shape, even after remov-
ing the RSA gain curve. This has most likely
been caused by cable reflections and thereby a
superposition of reflection on the readout an-
tenna and actual thermal noise of the cavity.

Figure 4.3.: Data taken in a liquid helium bath in November 2022 without a circulator in-
stalled. Subsequent measurements taken with a circulator show no such peak
shape.

4.2. Data Acquisition

The data acquisition chain is shown schematically in Fig. 4.4. The cavity characterisation
is detailed in chapter 5. Once the cavity and antenna are characterised and data acquisition
can begin the bottom setup of Fig. 4.4 is assembled. The RSA is accessed via a custom built
script. It streams IQ value pairs in real time from the RSA to the PC, which then applies a
Fast Fourier Transform to a freely chosen data acquisition time - in all data sets presented
here this integration time was set to 1 s - and then saves the resulting spectra in five-minute
batches. After each batch a phase alignment is performed. The spectra are stored locally as
.root files and analysed o’ine.

4.3. The Cavity

The centrepiece and what comes closest to being truthfully called the detector is the copper
cavity. The design was chosen based on the need to meet several criteria while maximizing
the available volume. The cryostat has an inner diameter of 52 mm, which means that
the cavity including its holding structure, as well as a cryogenic SMA cable for the lower
antenna had to be no wider than that at any point. Additionally, the dimension should
yield a geometry in which the next higher resonant mode is at least 50MHz higher, such
that one can easily distinguish the modes, avoid mode crossings and generally stay clear of
any possible confusion. The resonance frequency should be between 8 ↑ 9 GHz as this high
mass range is still relatively untouched by other experiments. These constraints led to the
decision of constructing the cavity with inner dimensions 150 mm ↘ 30 mm ↘ 22.8 mm, from
a solid copper block of 160 mm ↘ 40 mm ↘ 26.8 mm, resulting in an expected resonance at
8.26 GHz with 60 MHz distance to the next higher mode and a higher cross section, and
hence volume, than a classic cylindrical cavity with the same resonance frequency (6.84 cm2
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VNA out
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Figure 4.4.: Data acquisition chain in all three combinations. Top and middle configuration
are for characterising the antenna coupling and loaded quality factor respectively.
The relevant parts are the cavity (A), circulator (B), cryogenic amplifier (C),
↑20 dB attenuators (D) and terminators for unused ports (E).

rectangular vs. 6.06 cm2 circular). The cavity is milled in two halves, held together by a set
of M2.5 screws, with rounded edges and corners of radius 9mm to reduce boundary e”ects.
It is hung from the cryostat’s inset by an M6 threaded rod, allowing smoothly adjustable
mounting height of the cavity via the holding structure shown in Fig. 4.5.

As the cavity will operate in a strong magnetic field all screws and holding structure
materials had to be non-magnetic, mainly aluminium and brass. To allow for more e!cient
cooling, excess weight of the cavity was trimmed, reducing the final weight to roughly 400 g
versus 700 g before trimming, with an extra → 60 g for the holding structure and screws.

4.4. Tracking of Environmental Conditions during Data Taking

It has become apparent very quickly that no real data taking is possible without meticu-
lously controlling the environmental conditions, specifically the pressure inside the cryostat
(and thereby the dielectric constant inside the cavity) and the temperatures of all involved
components: the cavity itself, the helium gas inlet and at least one temperature sensor at the
electronics, better one each at the circulator and the Pre-Amp. This is achieved by recording
all these data at a fixed time interval into a time series database (InfluxDB), allowing for an
e!cient slow control by monitoring the InfluxDB in a Grafana display (see Fig. 4.6).
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Figure 4.5.: 3D render of the cavity before weight trimming with its custom holding structure
and physical cavity after weight trimming.

The pressures inside the internal Helium dewar and the sample chamber are tracked by
self constructed sensors, the temperatures are measured with three separate temperature
sensors. Two DT-670 silicon diode and one carbon ceramic resistor are used. This has
two reasons. Firstly, resistors are much cheaper than professionally constructed temperature
sensors, especially for very low temperatures. However, it is the second reason that is crucial.
Most cryogenic temperature sensors that are available o” the shelf use diodes, which do not
work reliably in magnetic fields. On the flip side, the characterisation of the resistor is not
stable over long time frames. This however is no big problem. Every cooldown gives the
opportunity of recording the current characterisation curve of the resistor with the precisely
working temperature sensors. When the setup is cold and the diode based temperature
sensors start to drift the freshly characterised resistor remains steady and gives precise
temperature values independently of the magnetic field.

4.5. Temperature and Cooling Management

The first measurement with the superconducting NbN coated cavity, which later yielded the
data for the first dark photon sweep, also constituted the first successful test of the circulator
in the setup. The circulator suppresses reflections from the readout chain and thereby isolates
the cavity from impedance mismatches in the electronics and noise sources further up the
readout chain. Without the circulator the measured resonance exhibited a distorted peak
shape caused by the superposition of the thermal noise in the cavity and reflections from the
readout antenna. After installing the circulator this impedance mismatch was eliminated.
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4. The SUPAX Experiment

Figure 4.6.: Grafana display for tracking the environmental conditions in the sample chamber
and the dewar.

When adapting the inset for operation inside the external magnet, the cryogenic electron-
ics, specifically the circulator and cryogenic preamplifier, had to be relocated further away
from the cavity. These components must operate outside the magnetic field region, the cir-
culator in particular has a magnetic shield that can stop fields up to a maximum of 150mT.
Consequently, the electronics were positioned about 20 cm above the magnet (see Fig. 4.1
left side), where the stray field is no higher than 60 mT at full power (14.1 T), presumably
lower in the experimental run, as we measured at 12T due to previous quenching problems
at fields higher than that. This relocation introduced an additional challenge related to
thermal gradients inside the cryostat.

During cooldown the resonance frequency of the cavity was continuously monitored using
the VNA. In this configuration the VNA injects RF power into the cavity via the weakly
coupled port and the characteristic Lorentzian peak with its resonance frequency are easily
visible. However, when switching the measurement chain to the RSA, which measures only
the thermal noise emitted by the cavity without active RF power injection, the resonance
appeared inverted. This e”ect is illustrated in Fig. 4.7 and is independent of the magnetic
field being applied and is apparent for temperatures lower than → 60 K.

The inverted resonance indicates that the measured signal is dominated by reflections at
the readout antenna rather than by the thermal noise inside the cavity. The spectral shape
implies that the electronics are significantly warmer than the cavity due to the temperature
gradient in the cryostat, which is a common problem in cavity haloscopes, however the
magnitude in this case is problematic.

This scenario is plausible given the geometry of the cryostat. The helium inlet is located
at the bottom of the chamber, hence the lowest temperature is near the bottom. The top
of the chamber, where the spent helium is pumped out, constitutes the warmest point of
the chamber, resulting in a temperature gradient along the inset where components located
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Figure 4.7.: Left: typical reflection measurement obtained with a VNA, where the reflected
power is minimised at resonance. Right: inverted peak observed with the RSA
when the electronics are warmer than the cavity. In this case reflected noise
dominates over the thermal noise emitted by the cavity itself.

further above the inlet tend to remain warmer. Since the cavity is mounted at the lowest
point while the circulator and Pre-Amp are installed above it, insu!cient cooling of the
electronics can result in a higher noise temperature than that of the readout chain. In this
case reflected noise from the electronics can dominate over the cavity’s thermal emission and
produce a spectral shape such as the one seen in Fig. 4.7. Independent measurements of the
system noise temperature Tsys later confirmed this interpretation (see Sec. 6.1).

To mitigate this e”ect the thermal coupling of the electronics to the colder regions of
the cryostat needed to be improved. In a first step two heat reflectors were removed and a
copper plate was mounted to the Pre-Amp, acting as a heat sink. The plate was thermally
connected to the Pre-Amp and the circulator using copper tape and was extended 21 cm
downward along the inset in order to establish thermal contact with colder regions closer to
the helium inlet. This modification already reduced the inversion of the resonance peak, but
did not eliminate it entirely.

Further improvement focused on reducing the thermal gradient between the cavity and
the electronics. The entire electronics assembly was moved closer to the cavity by 9 cm,
placing it nearer to the helium inlet while still remaining below the magnetic field threshold
of the circulator. In addition, the routing of the SMA cable was modified. Instead of
connecting the Pre-Amp directly to the cryostat feed-through at the top, the cable was first
guided downward to the bottom of the cryostat before looping back upward. This ensures
that the thermal power∗ conducted through the cable is dissipated in the coldest region of
the cryostat before reaching the electronics. As a result, the cable temperature approaches
that of the cavity, thereby reducing the thermal load on the electronics and acting as an
additional way of conducting heat away from them. Despite these e”orts the cooling of
the electronics remained insu!cient. To further increase the cooling power a dedicated
heat exchanger was designed and implemented. The underlying principle is similar to heat
exchangers used in dilution fridges, where the flow of helium is guided through thermally
conductive structures to maximise heat transfer. Usually such exchangers consist of two
rings connected by thin fins, in order to maximise the available surface area exposed to the

∗“Thermal power” in this context does not refer to the signal as usually but rather to the actual thermal
conductance of the cable, i.e. a warm cable conducting heat from the outside onto the Pre-Amp.
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4. The SUPAX Experiment

helium flow. Due to manufacturing constraints, however, a simplified design was realised
in which the heat exchanger was constructed from a solid copper disk containing drilled
channels that guide the helium flow. The implemented design is marked in the final inset
(Fig. 4.2).

The heat exchanger is thermally connected to the electronics and forces the helium to pass
through the copper structure, thereby improving heat transfer from the electronics to the cold
gas. This modification significantly enhanced the cooling of the electronics, although it did
not completely eliminate the residual distortion of the peak. The remaining e”ect becomes
evident when comparing the measurement without the magnet, where the electronics could
be placed close to the cavity, to the measurement inside the magnet where the electronics
are positioned further away (see Sec. 6.7, in particular Figs. 6.10 and 6.16).
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This chapter introduces the software used to simulate the cavity before the experimental
phase and the subsequent analysis of data obtained by simulation and experimental char-
acterisation data taken with a VNA. It closes by presenting the first experimental results,
studying the suitability of NbN as a superconducting coating for the cavity with and without
external magnetic field.

5.1. Simulations in CST Studio

The expected characteristics of the cavity were investigated using CST Studio Suite,72 a
commercial software widely used for numerical simulations of RF fields, among other use
cases. CST employs methods such as the finite element method, finite integration technique
and the transmission line matrix method to solve Maxwell’s equations in complex three-
dimensional geometries. It is particularly well suited for the design and optimisation of
RF components, including resonant cavities and antennas. In this work, CST was used
mainly to determine the appropriate antenna lengths required to achieve the desired coupling
conditions of the cavity.

To characterise the cavity, two ports are required. As discussed in section 3.4.1, one
antenna must be strongly undercoupled, serving as the input port for RF excitation during
VNA measurements and the second antenna should be critically coupled for e!cient signal
extraction with minimal losses. In the first step a detailed three-dimensional CAD model of
the cavity was constructed in CST, shown in Fig. 5.1.

Figure 5.1.: 3D model of the cavity and its antennas in CST Studio.

Subsequently, material properties were assigned to each component, according to the real
setup. This means copper for the cavity and antenna, vacuum within the cavity volume and
PTFE surrounding each antenna’s conducting core.

For the relevant temperature regimes (room temperature and cryogenic temperatures) the
properties (mainly conductivity, but also thermal contraction) of the conducting elements
were then probed in steps to match the results of prior measurements, giving a set of values
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Figure 5.2.: Simulation results for various lengths of the critically coupled antenna (left)
and the undercoupled antenna (right). A diameter of 1 corresponds to critical
coupling, while larger diameter shows an overcoupled and smaller diameter an
undercoupled antenna.

which could be used to optimise the antenna length for the measurements searching for DPs
and axions.

Once the electric parameters of the cavity and antennas were known, a parameter sweep
was performed in which both antenna lengths were varied in steps of 0.1 mm. This resulted in
network data like those shown in Fig. 5.2. The coupling behaviour was evaluated using those
simulated scattering parameters. The left side of Fig. 5.2 shows the polar representation of
the S11 parameter for a sweep in which the antenna length of the strongly coupled port is
varied between 1 mm and 2mm, while the second antenna is fixed. In this representation, a
critically coupled port is characterised by a circle of diameter 1 through the origin. Over-
coupling is indicated by a larger diameter, whereas undercoupled configurations produce a
smaller diameter as shown for the deliberately undercoupled port on the right side of Fig.
5.2. The next chapter details how those data are analysed to determine the expected quality
factor and coupling parameters.

5.2. Methodology of Characterisation

The analysis of the cavity characterisation data acquired with the VNA and the simulation
data from CST Studio follows these steps:

1. Determine loaded quality factor QL via the 3 dB method.

2. Plot reflection measurement in a polar plot and apply a circle fit to the data in the
peak region. Determine the maximum value of the fit. Rescale the data.

3. Plot the magnitude of the reflection on a linear scale and fit the peak region with an
inverted Lorentzian curve.

4. Determine the minimum of the fit and use it to calculate the coupling factor φ.

5. Calculate the unloaded quality factor Q0.
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Step 1: Determine loaded quality factor QL via the 3 dB method.

As described in the theory section the loaded quality factor is defined as

QL =
f0

FWHM
(5.1)

where f0 is the resonance frequency of the cavity and FWHM is the bandwidth 3 dB below the
power at resonance frequency. Since the flanks of a very sharp peak (especially important for
superconducting cavities) can be very steep and the number of measurement points the VNA
takes is limited it is very unlikely that 3 dB below the peak hits a data point perfectly. This
is problematic since the calculation of the quality factor is very sensitive to the bandwidth.
For this reason, on both sides of the peak, we take the two points that are closest to 3 dB
below the peak and interpolate between them. This ensures that the bandwidth is calculated
very precisely. Nevertheless we conservatively assume for both the resonance frequency as
well as the 3 dB points on both sides of the peak ($fb, $fa for frequency below and above
the peak respectively) an uncertainty of 1 VNA bin width ↽. For the error calculation of QL

this means the following.

$fb = $fa = ±
↽

2
(5.2)

FWHM = fa ↑ fb (5.3)

↖ $FWHM =
√

($fb)2 + ($fa)2 =

√
2 ·

(
↽

2

)2
=

↽
↔

2
(5.4)

For the error of QL follows

$QL =

√(
$f0

FWHM

)2

+

(
f0

FWHM
· $FWHM

)2

(5.5)

=

√
(

↽

2 · FWHM

)2
+

(
f0↽

↔
2 · FWHM2

)2

. (5.6)

Step 2: Plot reflection measurement in a polar plot and apply a circle fit on the data in
the peak region. Determine the maximum value of the fit. Rescale data.

As shown in Fig. 5.3, S11 (assuming a strongly/critically coupled port 1) is plotted in a
polar plot and the peak region (what is visible as a circle here) is fitted with a circle. The
maximum magnitude of the fit is determined (max(|S11|) = 5.18 in this example) and all val-
ues are scaled by this factor. This ensures that, in the peak region, the e”ects of the Pre-Amp
and cable losses are eliminated and the data is rescaled in a way such that the maximum
reflection of the antenna matches the input power. Also, in this plot one determines if the
antenna is over- or undercoupled. If the circle fit of the rescaled data has a diameter of
more than one the antenna is overcoupled. In this case the origin of the coordinate system
is inside the circle. Consequently, if the diameter is less than one, it is undercoupled. A
diameter of exactly one represents the ideal case of critical coupling.
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5. Cavity Characterisation

Figure 5.3.: On the left is the raw S11 data plotted on a complex plane. On the right is the
rescaled S11 data so that the maximum of the circle fit has |S11| = 1 ensuring
that in the peak region amplification (from Pre-Amplifier) and cable losses are
accounted for. Figure from [78].

Step 3: Plot the magnitude of the reflection on a linear scale and fit the peak region
with an inverted Lorentzian curve.

With the data rescaled in a way that eliminates the e”ect of the Pre-Amp and cable losses,
we can now determine the minimum of the reflection S-parameter S11. For this we fit the
linear values of |S11| with an inverted Lorentzian, including an o”set and a linear term. The
fit function is

Sfit(f) =
↑A↼

2

(f ↑ f0)2 + ↼2
+ o + l(f ↑ f0) (5.7)

where A is a scaling factor, ↼ corresponds to the peak width, o is the o”set and l the linear
factor. The minimum of the reflection can be found exactly at the resonance frequency
f = f0.

Smin = Sfit(f0) (5.8)

= ↑A + o (5.9)

↖ $Smin =
√

($A)2 + ($o)2 (5.10)

The uncertainties for A and o are obtained from the covariance matrix of the fit. This
method of determining $Smin is only one of two methods. The other is investigating whether
widening (narrowing) the fitting window, so increasing (lowering) the amount of points fitted,
by 10% has a noticeable e”ect on Smin. If increasing or narrowing the fitting window has
a larger impact on Smin than is captured in $Smin as described in eq. (5.10) $Smin is
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5.3. Performance of a NbN Coated Cavity in a Strong Magnetic Field

determined as

$Smin =
S

10%more
min ↑ S

10%less
min

2
. (5.11)

In conclusion, $Smin is the larger of eq. (5.10) and eq. (5.11).

Step 4: Determine the minimum of the fit and use it to calculate the coupling factor φ.

The coupling factor φ can be determined from here with

φ =
1 + Smin

1 ↑ Smin
(5.12)

↖ $φ =
2$Smin

(1 ↑ Smin)
(5.13)

if the antenna is overcoupled and

φ =
1 ↑ Smin

1 + Smin
(5.14)

↖ $φ =
2$Smin

(1 + Smin)
(5.15)

if the antenna is undercoupled. Note here that if the antenna is critically coupled, so Smin =
0, both equations yield φ = 1 ± 2$Smin.

Step 5: Calculate the unloaded quality factor Q0.

Finally, calculate the unloaded quality factor and its error. As described in the theory
section the unloaded quality factor is given as

Q0 = (1 + φ)QL (5.16)

and now we can calculate the error as

$Q0 =
√

((1 + φ) · $QL)2 + (QL · $φ)2. (5.17)

5.3. Performance of a NbN Coated Cavity in a Strong Magnetic
Field

Section 3.5.2 mentioned that, to this day, the usual approach for superconducting coatings in
the context of RF cavities is the use of layered HTS tapes such as YBCO. These tapes bring
some inherent disadvantages. One problem is that one relies heavily on industrial manufac-
turers, some of which have presented themselves as rather reluctant regarding custom orders
already manufactured specifically to the needs of a certain cavity. This, albeit annoying, can
still be solved by finding a way to precisely cut the tapes into the desired shapes in-house
without damaging the structure of the tape. A more di!cult problem to solve is that these
tapes, due to their layered structure, tend to be very brittle if one tries to apply them to a
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5. Cavity Characterisation

rounded surface. The trend at the moment seems to be directed toward problem avoidance
rather than problem solving. One example of this is recent discussions about only coating
the side walls and not the caps of the cavity, simply avoiding the rounded surfaces. How-
ever, recent theoretical studies suggest that spherical cavities might be advantageous for the
search of gravitational waves induced by primordial black hole mergers.79,80 Attempting to
find flat surfaces in a sphere to apply a superconducting tape is literally trying to square the
circle, so this approach of problem avoidance is unsuitable here.

Therefore, we have decided to try several superconductors with high critical magnetic
fields which can simply be sputtered onto a surface, thereby not relying on a flat surface
but enabling the application of the superconductor to rounded surfaces as well. As a first
candidate NbN (niobium nitride) was chosen. To test the suitability of NbN as a supercon-
ductor in this context, a cavity, identical to those used in previous experimental runs, was
produced and shipped to the Instituto Nazionale di Fisica Nucleare di Legnaro (INFN) for
electropolishing. After receiving the cavity back, we quickly tested for an improvement of
the quality factor. The testing was only done at room temperature but the extrapolated
increase in Q0 is of the order of 8↑10 %, so, although not large, it is still clearly measurable,
even in a non-cryogenic setting. The cavity was then shipped to the University of Siegen
where a group around Aleksandr Zubtsovskii deposited a 2µm thick layer of NbN on the
copper cavity via sputtering.

Figure 5.4.: Images of the cavity under test. Left: the electropolished copper cavity. Right:
after depositing the NbN superconductor.

Two tests have been conducted. The first was without external magnetic field to find
the critical temperature at which the cavity becomes superconducting. The second test was
conducted inside the magnet to see how well the superconductivity could withstand the
external magnetic field. The critical temperature of the substrate has been determined to be
Tc = 10.14 K±0.38 K using a sigmoidal function to fit the data below 20K, as shown in Fig.
5.5. The highest reached quality factor is Q0 = 342, 607±1, 868. Remarkably, at a relatively
constant temperature of 7.4 K, several measurements of Q0 range from below 300k up to
roughly 330k, a di”erence of ↗ 10%. This gives two main implications. Firstly, determining
the quality and coupling factor in a physics run must happen in very stable conditions
regarding temperature and pressure. Secondly, the superconducting coating clearly works.
With the quality factor improving from roughly 40k to 340k it is very clear that, without the
application of an external magnetic field, the NbN coating instantly improves the sensitivity
(by increasing the unloaded quality factor) by a factor of at least 8. For probing dark photons
it is therefore considered appropriate. The results of one such physics run are discussed in
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Figure 5.5.: Left: Loaded quality factors for temperatures up to 200 K without the ap-
plication of a magnetic field. A steep incline at temperatures below 20K is
visible. On the right this steep incline is fitted with a sigmoid curve, de-
scribed to find the critical temperature of superconductors, determined here
to be Tc = 10.14 K ± 0.38 K.

section 6.7.1. The looming question is whether this holds when an external magnetic field is
applied. This would imply that it is also suitable for axion detection. To test this, the cavity
was placed in the magnet and Q0 determined repeatedly at di”erent external magnetic fields.
The process here was as follows. Cool down as far as possible, take data with the VNA,
warm up to above 20 K and change the magnetic field, repeat. The warming up and cooling
down again was done to make sure that the magnetic field can actually penetrate into the
cavity itself. If the superconductivity holds and the external magnetic field is changed it
might freeze-in inside of the cavity and therefore yield false results. Finally, the results can
be seen in Fig. 5.6 and Table 5.1.
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Figure 5.6.: The unloaded quality factor of the NbN coated cavity, the copper reference cavity
(same geometry but without coating) and a similar Nb3Sn coated cavity65 of the
RADES collaboration are shown against the applied external magnetic field.

61



5. Cavity Characterisation

From eq. (3.99) we know that the relation of the unloaded quality factor and the conduc-
tivity of the cavity should approximately take the form

Q0 → k
↔
ϑ (5.18)

and fitting simulations to several measurements yields k → 2.28
√

m
S for our cavity. This

approximation is accurate to 1%.

B-Field
QL φ Q0

conductivity ϑ

in [T] in


S
m



0.0 322647 ± 1712 0.073 ± 0.001 346103 ± 1854 2.2 · 1010

0.25 14297 ± 171 5.690 ± 0.123 95644 ± 2097 1.7 · 109

0.55 14316 ± 171 4.232 ± 0.068 74904 ± 1317 1.0 · 109

1.0 13306 ± 148 3.787 ± 0.086 63690 ± 1348 7.7 · 108

1.5 12745 ± 136 3.126 ± 0.023 52590 ± 629 5.1 · 108

2.0 12183 ± 124 3.325 ± 0.081 52695 ± 1117 5.1 · 108

Table 5.1.: Results of the characterisation of the NbN coated cavity inside the magnet. There
was no data taken beyond B = 2T since the trend was clear. Note how Q0 adheres
to the previously established dependence Q0 ↓

↔
ϑ.

After measuring several iterations as just described, ramping the magnetic field up to 2.0 T,
we concluded that the NbN, just as the previously65 tested Nb3Sn, does not withstand the
magnetic field in a way that is suitable for probing axions or gravitational waves in which
you want to maximise the magnetic field. Still, NbN as a material is not to be ruled out
categorically. It has been shown that at chip scale it can withstand magnetic fields very well,
given a thickness of the NbN film at the nanometre scale. However, for such large surfaces as
our cavities there is no trivial way of applying nanometre-scale thin films to the inner cavity
walls. With su!cient technical development, however, there is room for reevaluating NbN
as a possible candidate material, if it can be applied with chip-level precision and thickness
to larger surfaces.
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6. Axion and Dark Photon Analysis

In this chapter the main results of the SUPAX experiment are presented. First, the analysis
of characterisation data regarding the system noise and signal attenuation is shown. Then
the main and alternative analysis approaches are discussed in detail, followed by the results
of two separate data acquisitions: one with and one without external magnetic field. The
results also discuss the choice of analysis approach used to set the claimed limits on DP
and axion coupling, their response to a signal injection and how the results match with the
expected sensitivity.

6.1. System Noise Temperature

To calibrate the system noise temperature a heated load was placed as a source in the
readout chain and the power at a frequency beside any resonance was read out. The load
was heated to several temperatures, constantly monitoring the temperature with a sensor,
and the resulting spectra were recorded with the RSA. The resulting data is displayed in
Table 6.1.

T [K] Vrms [V]

40.00 (1.92095 ± 0.00004) ↘ 10→7

30.00 (1.70594 ± 0.00004) ↘ 10→7

24.00 (1.56089 ± 0.00005) ↘ 10→7

20.00 (1.46175 ± 0.00003) ↘ 10→7

16.00 (1.35470 ± 0.00003) ↘ 10→7

10.00 (1.17428 ± 0.00003) ↘ 10→7

8.00 (1.10426 ± 0.00004) ↘ 10→7

4.00 (9.48064 ± 0.00004) ↘ 10→8

3.00 (9.14664 ± 0.00003) ↘ 10→8

2.32 (8.96782 ± 0.00003) ↘ 10→8

Table 6.1.: Measured Vrms values with uncertainties at di”erent ambient temperatures Tamb.

At ambient temperatures reached in the cryostat used the system noise is simply the sum
of the ambient temperature of the cavity and the gain of the amplifier.

Tsys = Tamb + Tgain (6.1)

This approximation holds well for ambient temperatures of > 0.5 K, while for ambient tem-
peratures Tamb < 0.5 K the quantum noise becomes the dominating factor. The noise power
in a bin of width $↽, including an amplifier with gain G, can therefore be written as

Pn = GkB$↽Tsys = GkB$↽(Tamb + Tgain) (6.2)
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6. Axion and Dark Photon Analysis

Pn =
V

2
RMS

R
(6.3)

where R = 50# is the impedance of the system, and the system temperature Tsys can be
expressed as the sum of ambient temperature Tamb and Tgain, where Tgain corresponds to the
noise temperature of the electronics including the amplifier. Equating them gives

V
2
RMS

R
= GkB$↽Tamb + GkB$↽Tgain (6.4)

where we linearly fit
V 2
RMS
R against Tamb to get the slope m and intercept n.

m = GkB$↽ (6.5)

n = GkB$↽Tgain = mTgain (6.6)

↖ Tgain =
n

m
(6.7)
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Figure 6.1.: Noise power of a heated load at specific temperatures and resulting system
temperature fit.

The errors of the fit parameters m and n propagate to Tgain.

$Tgain =

√(
$n

m

)2

+

(
n$m

m2

)2

(6.8)

Inserting the data gathered with the heated load (see Table 6.1) we get

m = (1.5309 ± 0.0082) · 10→17 W

K
(6.9)
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6.2. Signal attenuation

n = (1.2235 ± 0.0106) · 10→16W (6.10)

↖ Tgain = (7.99 ± 0.08) K. (6.11)

As usual in RF systems we write the gain

G =
m

kB$↽
±

$m

kB$↽
= 1108.79 ± 5.92 (6.12)

in dB as follows.

GdB = 10 · log10(G) ±
10 · $G

G · ln(10)
= (30.45 ± 0.02) dB (6.13)

Consulting the datasheet of the LNA the amplifier noise is expected to be Tgain < 4 K
with gain 28 dB < GdB < 36 dB depending on the power at which the LNA is operated
at. From this we can deduce that the gain calculated in eq. (6.13) is within the specs
of the device and therefore realistic, although it has apparently not been operated at the
ideal power input. The electronic noise Tgain is, however, significantly higher than expected.
Possible reasons for this include the LNA being warmer than expected during operation, the
circulator generating noise, noise from outside the cryostat injecting power into the cavity
or simply the RSA producing a lot of noise. Most of these possibilities hint towards a loose
SMA connection, although it is not possible to diagnose the true culprit in hindsight. Due
to constrained access to the experimental facilities there was no possibility of repeating the
measurement to find out the true reason.

6.2. Signal attenuation

The signal attenuation factor 3 is determined via a fit as it can be approximated by the
cable losses up to the Pre-Amp. The attenuation is given by the loss per distance, usually
in dB

m . The loss of a coaxial cable

ς = ςc + ςd (6.14)

can be written as the sum of the loss in the conductor ςc and the dielectric material ςd.
Consulting Pozar’s Microwave Engineering,81 we know∗ that the dielectric loss scales with
f and R ↓

↔
f with ςc ↓ R, hence the conductor loss ςc scales with

↔
f . We can therefore

write eq. (6.14) as

ς(f) = c

√
f + df (6.15)

where c and d are constants. Inside the cryostat two types of cables have been used, the
Qaxial® S02S02-30 and S02S02-40 assembly series in various lengths, which use the Qaxial®

HF086-50 and HF141-50 cables respectively. These display the loss of the cable per meter for
several frequencies so we can fit eq. (6.15). The fit result for the total loss is plausible, given
that at f = 8GHz the datasheets state ς = 1.30 dB/m (fit 1.321 dB/m) for the S02S02-40
assembly and ς = 2.15 dB/m (fit 2.149 dB/m) for the S02S02-30 assembly. For the transition
from 300 K to 4K there are no o!cial data from Qaxial. However, the Japanese producer of
similar semi-rigid coaxial cables Coax Co., Ltd. provides the loss for both temperatures at
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6. Axion and Dark Photon Analysis

HF141-50 HF086-50

c 0.350 dB/(m
√

GHz) 0.621 dB/(m
√

GHz)
d 0.042 dB/(m GHz) 0.049 dB/(m GHz)

ςc at 8.4 GHz 1.014 dB/m 1.798 dB/m
ςd at 8.4 GHz 0.348 dB/m 0.413 dB/m
ς at 8.4 GHz 1.362 dB/m 2.212 dB/m

Table 6.2.: Fit of the cable loss parameters for both cable types used at room temperature.
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Figure 6.2.: Fit of the cable loss parameters for both cable types used at room temperature.

10 GHz which we can use to find a figure of merit for the cables used in the experiment.82

The datasheet of the used cables states that the inner conductor is silver-plated copper,
the dielectric is PTFE, and the outer conductor is tin-plated copper. While no tin-plated
versions of copper are reported, they specify beryllium copper (copper alloy with 0.5 ↑ 3%
beryllium) and cupronickel (copper alloy with 10 ↑ 40% nickel). Table 6.3 shows that for
the Cupronickel cables the attenuation at 4 K is typically smaller by a factor of 2.1 while
for the Beryllium copper based cables it is smaller by a factor of 2.9 across all o”ered outer
diameters (3.58 mm and 2.10 mm in case of the cables used in the experiment). Since the
exact copper (alloy) composition and quality is unknown we stay conservative and scale
down the loss parameters, determined in Table 6.2 at 300K, by a factor of 2.0 to 4K.

ς4 K(8.4 GHz) =

{
0.681 dB/m HF141 ↑ 50

1.106 dB/m HF086 ↑ 50
(6.16)

∗from equations (3.28)-(3.30) and (1.98), (2.85a) in [81]
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6.2. Signal attenuation

Cable ID
Outer

Conductor
Attenuation [dB/m]

diameter 300 K 4 K ratio

SC-086/50-SCN-CN 0.86 mm Cupronickel 9.5 4.6 2.1
SC-119/50-SCN-CN 1.19 mm Cupronickel 6.7 3.3 2.0
SC-219/50-SCN-CN 2.19 mm Cupronickel 3.8 1.8 2.1
SC-358/50-SCN-CN 3.58 mm Cupronickel 2.1 1.0 2.1

SC-086/50-SB-B 0.86 mm Beryllium copper 6.3 2.2 2.9
SC-119/50-SB-B 1.19 mm Beryllium copper 4.4 1.5 2.9
SC-219/50-SB-B 2.19 mm Beryllium copper 2.5 0.9 2.8

Table 6.3.: Cable specifications of Coax Co., Ltd. coaxial cables in which PTFE is the dielec-
tric and the inner conductor is the silver-plated variant of the outer conductor.
Attenuation is specified at f = 10GHz.82

We can now calculate the signal attenuation factor 3

3 =
Pout

Pin
(6.17)

via the total loss L along a cable of length l with loss (hence the negative sign) ς4 K

L = ↑ς4 K · l = 10 · log10

(
Pout

Pin

)
(6.18)

↖ 3 = 10
L
10 . (6.19)

For the DP run the setup specifies that just one 20 cm HF141-50 cable was between the
cavity and the Pre-Amp. The attenuation therefore is

L = 0.681 dB/m · 20 cm = ↑0.1362 dB (6.20)

3
↗
nomagnet = 0.97 (6.21)

while for the axion run in the magnet the same 20 cm HF141-50 plus an additional 40 cm
and 10 cm HF086-50 cable was used.

L = 0.681 dB/m · 20 cm + 1.106 dB/m · (40 cm + 10 cm) = ↑0.6892 dB (6.22)

3
↗
magnet = 0.85 (6.23)

Assuming a temperature scaling factor of 2.9 instead of the rather conservative 2.0, the
attenuation factors would be slightly higher at 3

↗
nomagnet = 0.98 and 3

↗
magnet = 0.90, i.e.

lower loss of signal power. We’ll use this to estimate the error $3 and assume this error to
be symmetrical. We therefore arrive at the final values and their errors.

3
↗
nomagnet = 0.97 ± 0.01 (6.24)

3
↗
magnet = 0.85 ± 0.05 (6.25)
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6. Axion and Dark Photon Analysis

6.3. Analysis Overview

Having discussed all necessary system characterisations, the following sections will concen-
trate on the actual analysis and subsequent limit setting of the acquired data. In this section
all analysis steps are outlined, to get an overview of the data processing stages. The analysis
follows these steps:

1. Study all acquired 1 s integrated spectra and filter out those with unusually high peak
width as this indicates a non-stable peak, for example during rapidly changing pressure
or temperature of the helium in the cryostat.

2. Each raw spectrum (Fig. 6.3a) is truncated around the resonance peak, which is also
fitted.

3. Based on the centre frequency the peak each raw spectrum is sorted into a bin such that
spectra of (near) equal cavity resonance can be integrated (Fig. 6.3b) and a histogram
(Fig. 6.3c) shows how much data was acquired at each frequency.

4. To remove the cavity resonance structure an SG filter is applied to each integrated
spectrum.

5. The SG-filtered spectra are weighted by the Lorentzian cavity structure and combined
into one Grand Unified Spectrum (GUS) weighted by their inverse variance (Fig. 6.3d).

6. The sensitive area of the GUS is identified and truncated accordingly (Fig. 6.3e).

7. The limit setting can be done via Bayesian statistics or, simpler and more conservative
by treating the GUS based on its weakest point. The former will be called ”Main
analysis” here, the latter ”Alternative analysis” (Fig. 6.3f).
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Figure 6.3.: Overview of the data-processing and analysis chain, from raw spectra through
combination into the Grand Unified Spectrum to the two limit-setting ap-
proaches.
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6. Axion and Dark Photon Analysis

6.4. Constructing the Grand Unified Spectrum

The data acquisition software writes spectra in VRMS/Hz, integrated over a freely chosen
time. We decided on 1 second of integration time. One such raw spectrum can be seen in
Fig. 6.3a. The first step of the analysis is truncating the spectra on both sides, only using
6 MHz around the resonance frequency, due to the bandpass filter of the RSA. Then, each
spectrum is fitted with a Lorentzian function and grouped by its resonance frequency. Fig.
6.4 shows how the resonance shifts over time due to the (intentional) pressure changes of the
helium. Spectra which fall into time intervals in which the change in resonance is very quick
are eliminated from further analysis, as are spectra which have an unusually high FWHM,
or a distorted peak due to non-stationary resonance. The spectra are now sorted by their
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Figure 6.4.: Cavity resonance frequency f0 over the time of data acquisition after eliminating

spectra with high FWHM due to an unstable peak for the dedicated dark photon
run (superconducting cavity, no B-field).

resonance frequency, the bin width of the distribution is chosen to be the mean FWHM of the
peaks. This way we can construct 5 integrated spectra by simply averaging the spectra which
belong to one bin in units of power. The resulting spectra and the associated histogram can
be seen in Fig. 6.3b and 6.3c.

Each bin in these integrated spectra (which from now on shall be referred to as simply
‘spectra’) is called ⇁

r
ik where i denotes the index of the spectrum and k denotes the index of

the bin, referring to the frequency axis. The upper index, r for raw to start with, denotes
the processing stage of the analysis. The resonance peak of the cavity is still visible but also
some electronic oscillations of the RSA become apparent. To remove these a Savitzky-Golay
(SG) filter is used (see sec. 6.5). The process of choosing the right parameters is discussed
in the following section. However, to know how to optimise the Grand Unified Spectrum
(GUS) we first need to understand how to construct it.
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6.4. Constructing the Grand Unified Spectrum

The SG filter is applied to ⇁
r
ik to construct a ‘fit’ (which is really several fits) ⇁SG

ik and then
used to filter out the identified large structures in the following way to construct the filtered

(f) spectra.

⇁
f
ik =

⇁
r
ik

⇁
SG
ik

↑ 1 (6.26)

The filtered spectra are then rescaled by dividing them by the corresponding cavity Lorentzian,
which is normalised to be 1 at the resonance frequency f0. Note that every spectrum i has
its own resonance frequency f

i
0.

Lik(f) =
1

1 + 4Q2
L(f/f i

0 ↑ 1)2
(6.27)

⇁
s
ik =

⇁
f
ik

Lik
(6.28)

For these rescaled (s) spectra ⇁
s
ik, the noise of every bin ϑ

s
ik is scaled analogously to eq.

(6.28) where ϑ
f
i is simply the standard deviation of the ith spectrum.

ϑ
s
ik =

ϑ
f
i

Lik
(6.29)

Finally, the construction of the GUS is achieved by adding all spectra weighted by their
inverse variance.

⇁
g
k =



i

⇁
s
ik · 2ik (6.30)

2ik =
(ϑs

ik)
→2

↼
(6.31)

↼ =


i

(ϑs
ik)

→2 (6.32)

The noise of the resulting spectrum ϑ
g
k is found similarly.

ϑ
g
k =

√

i

(ϑs
ik)

2 · 22
ik (6.33)

The resulting GUS over the whole frequency range and zoomed into the sensitive region is
shown in Fig. 6.12. As the SG-filter exerts a certain degree of correlation onto the di”erent
bins of the spectrum, it is necessary to quantify the bin-to-bin correlation of neighbouring
bins, by fitting

⇁
g
k+1 = ϱ · ⇁

g
k (6.34)

in the sensitive region of the GUS. To test if the resulting ϱ is statistically significant we
simply compare it to the relevant test statistic z for a given confidence level CL, and if

|ϱ| >
z

↔
N

CL=95%
→

1.96
↔
N

(6.35)

where N is the number of bins in the GUS, one considers ϱ to be a significant bin-to-bin
correlation, which will be relevant for the limit-setting process.
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6. Axion and Dark Photon Analysis

6.5. Savitzky-Golay Filter Optimisation

To eliminate large structures such as the cavity resonance peak or remainders of the RSA
gain curve while leaving small structures such as a mass peak of an axion or DP untouched,
the integrated spectra are divided by a Savitzky-Golay (SG) filtered version of themselves.
An SG filter is a smoothing filter used to reduce noise in data while preserving important
features like peaks. It works by fitting a low-degree polynomial to a moving window of data
points using least squares, then replacing the centre point with the fitted value. The goal
is to choose a configuration of the SG filter which minimises the required polynomial and
maximises the fitting window (the number of bins taken into every fitting step) while ensuring
that the resulting SG-normalised data has no remaining structures and its distribution is
Gaussian. To ensure that the SG-normalised data behaves Gaussian several configurations
of the SG-filter are tested independently, constructing the GUS with each configuration and
fitting a Gaussian.
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Figure 6.5.: Left: Reduced ω
2 (first row) and Coe!cient of determination R

2 of Gaussian
distribution fitted to resulting SG-normalised GUS after applying SG filter with
di”erent order and window size. Right: (n=10) moving average of l.h.s. to
identify trends more easily.

The fit quality of the Gaussian for these configurations can be seen in Fig. 6.5, showing
two common fit measures: reduced ω

2 and the coe!cient of determination R
2.

ω
2
red = ω

2
/df =

1

df



i

(yi ↑ fi)2

ϑ
2
i

(6.36)

R
2 = 1 ↑

∑
i(yi ↑ fi)2∑
i(yi ↑ ȳ)2

(6.37)
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6.5. Savitzky-Golay Filter Optimisation

A ω
2
red → 1 generally indicates a good fit whereas ω

2
red ∈ 1 suggests a poor fit and ω

2
red ∋ 1

suggests overfitting. R
2 measures how much of the data variation is explained by the fit in

%. Several observations can be made from Fig. 6.5. As there is no immediately clear trend
on the left side of Fig. 6.5, one can inspect the fit quality measures in a running average,
as can be seen on the right side. Here it becomes clear that the results of using SG-filters
of orders 2 & 3 and orders 4 & 5 do not significantly di”er from each other. This hints at
the conclusion that the uneven polynomials do not contribute significantly to the SG fit.
Furthermore one can see the (expected) general trend that with higher polynomial orders
and lower window sizes the SG filter is more e”ective in filtering out unwanted structures
(lower ω

2, better fit of the Gaussian distribution), a sanity check. This might lead to the
conclusion that we have several candidate configurations which should be equally good at
around the 200 bin mark. For this we shall conduct a first visual inspection of the GUS and
see if we can identify any remaining structures in it. The resulting GUS with SG filters of
order 3 and 6 have been plotted for illustration in Fig. 6.6 (a) and (b) respectively.

While both of them have a distribution that is well described by a Gaussian, it is apparent
that the GUS which has been constructed with an SG filter of order 3 still carries a clearly
defined fine structure, an oscillation which is likely an electronic residual of the RSA. This
observation shows that it is not enough to simply look at the distribution of the SG-filtered
data but one needs to quantify how much of this structure is still present in a constructed
GUS, even if its values might seem Gaussian distributed. Since the remaining structure is of
oscillating nature it is intuitive to test the power spectral density (PSD). The PSD shows how
the power of a signal is distributed across di”erent frequencies. It helps identify dominant
oscillatory components by highlighting which frequencies contain the most energy. It is being
used here to reveal whether there is still a remaining oscillation in the SG-normalised data.
If there is an oscillation, as can be seen with the naked eye in Fig. 6.6 (a) there should be a
clear peak in the PSD.

The PSD of the GUS ⇁
g
k is estimated using Welch’s method,83 which divides the spectrum

into overlapping segments, applies a window function, computes a discrete Fourier transform
of each segment, calculates the squared magnitude of each transform, and averages these
spectra to obtain the PSD.

PSD(f) =
1

M

M

m=1

1

NU



N→1

⇁=0

w[ϖ] ⇁g
m[ϖ] e→2ςif⇁



2

(6.38)

Here, ⇁g
m[ϖ] denotes the ϖ-th entry of the m-th segment of the grand unified spectrum ⇁

g
k,

w[ϖ] is the window function, N the segment length, M the number of segments, and U =
1
N

∑N→1
⇁=0 w

2[ϖ] a normalisation constant. In this work, the PSD is computed using the
implementation provided by scipy.signal.welch with a segment length of n = 256. The
resulting PSDs for exemplary grand unified spectra with SG filters of order 3 and 6 can be
seen in Fig. 6.6 (e) and (f). It shows remarkably how the remaining oscillation is caught by
the power spectral density. Therefore, we shall run this analysis for each configuration of
the SG filter.
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6. Axion and Dark Photon Analysis
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Figure 6.6.: Comparison of GUS, distribution of GUS, and PSD constructed with SG filters
of order 3 (left column) and order 6 (right column), window size 201 for both.
Note the y-axis scaling in the PSD.

Then we investigate whether any frequency di”ers greatly from the mean (the presence or
absence of such can be seen in Fig. 6.6 (e) or (f) respectively). This ‘Flatness’ of the power
spectral density

PSDFlatness =
ϑ(PSD)

µ(PSD)
(6.39)

is the relative standard deviation of the PSD and is shown in Fig. 6.7.
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6.5. Savitzky-Golay Filter Optimisation
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Figure 6.7.: PSD Flatness for all tested configurations of the SG filter.

This captures the SG filter’s capability of filtering out all systematic structures much
better than the initial Gaussian fit analysis. Once more it is visible that orders 2 & 3 and 4
& 5 behave virtually identical, so the hypothesis that odd-order polynomials do not play a
significant role in the SG filter is confirmed here. Furthermore it is visible that order 2 & 3
SG filters fail to filter the oscillations already at window sizes around 110 while SG filters of
order 4 & 5 manage to filter the RSA remainders up to a window size of 205 very reliably.
SG filters of order 6 and higher are e!cient at significantly larger window sizes but start to
filter out small structures (like an axion signal) as well, so they will not be considered and
are only included for illustrative purposes.

The SG filter configuration using order 4 and window size 190 is used for the DP run and
window size 150 for the axion run, giving the best trade-o” between large window size and
low polynomial order. The final resulting GUS of the DP run is shown in Fig. 6.12, while
Fig. 6.8 shows the Gaussian distribution and flat PSD (again, note the scale of the y-axis)
for this configuration.
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Figure 6.8.: Left: Distribution of GUS in green and Gaussian fit in red. Right: PSD of the
GUS. The final configuration of the SG filter results in a GUS that is Gaussian
distributed and shows no residual oscillations, indicated by the lack of a peak
in the PSD.
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6. Axion and Dark Photon Analysis

6.6. Limit Setting

We can search for an axion or DP signal in the Grand Unified Spectrum constructed using the
steps in section 6.4. For this we must make at least some assumptions about the lineshape
of the axion or DP, since it spans over more than one bin in the spectrum. This is done in
two di”erent ways, detailed in sections 6.6.1 and 6.6.2, the results of which are subsequently
compared in sec. 6.7.

The main analysis approach is, in its core, a maximum likelihood calculation using the
expected lineshape of a dark matter particle. It considers the e”ects of the analysis steps
performed to obtain the GUS, including how the SG filter distorts the mass peak. This main
approach is also used to set final limits. The alternative approach uses the GUS to construct
a signal-to-noise ratio (SNR) and identifies the power excess in every bin as a Gaussian
variable. It then sets the limit with a certain confidence level in a frequency range if there
are no breaches of a defined threshold in the GUS. If the threshold is passed at a specific
frequency there is no limit set before a rescan is performed at this specific frequency. The
results of this analysis are used to confirm the validity of the results obtained from the main
analysis.

6.6.1. Main Analysis Approach

For our analysis we assume a spherical, isothermal and fully virialised DM halo. We can
therefore assume a velocity distribution of the particles to follow a Maxwell-Boltzmann
distribution in the galactic rest frame. However, the lab frame we are in is moving with
Earth, and more importantly the Sun, relative to the galactic rest frame with approximately
the velocity of the sun around the centre of our galaxy vs = 220 km/s. The resulting
distribution is calculated in [84, 85] to be

f(↽) =
2

↔
π

(√
3

2

1

r

1

↽a △φ2▽

)
sinh

(
3r

√
2 (↽ ↑ ↽a)

↽a △φ2▽

)
exp

(
↑

3 (↽ ↑ ↽a)

↽a △φ2▽
↑

3r2

2

)
(6.40)

where ↽a is the the frequency corresponding to the axion rest mass and △φ
2
▽ = △v

2
▽/c

2 is
the second moment of the Maxwell-Boltzmann distribution defined as △v

2
▽ = 3

2v
2
c so with

the previously mentioned speed of rotation we get △v
2
▽ = (270 km/s)2 and for the radius

(distance from the galactic centre) we get r = v
2
s/△v

2
▽ →

√
2/3. This lineshape needs to be

discretised, since we cannot measure a continuous function but discrete values at a defined
bin width $↽. This discretised lineshape Dq can be calculated as follows where q relates
to the bin number in the discretised lineshape. Note that both continuous and discretised
lineshapes are normalised by design, proof of that can be found in Appendix A.

Dq =

 εa+q#ε

εa+(q→1)#ε
f(↽) d↽ (6.41)

Here, however, we need to take into account that if we apply an SG filter to our data we also
inevitably apply it to any potential signal of a DM candidate and thereby alter its signal
shape. Therefore it must be studied how the SG filter distorts this mass peak. The result
can be seen in Fig. 6.9. The entire information of the spectrum is captured within 200 bins
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Figure 6.9.: E”ect of the SG filter on a virialised mass peak for a particle with rest mass
corresponding to f0.

(→ 64 kHz). We can now search for the SG-filtered lineshape

D
S
q = SGfilter(Dq) (6.42)

in the GUS with the following algorithm. Fig. 6.9 shows clearly that the lineshape holds
significantly more power before the SG filter is applied than after.

1 ⇑



q

Dq >



q

D
S
q (6.43)

By design this now considers the inevitable attenuation introduced by using the SG filter on
the spectra. To quantify this attenuation we can fit a signal e!ciency parameter 3

↗ in the
form of

D
S
q = 3

↗
fit · Dq (6.44)

which mainly depends on the choice of the SG filter parameters. For the dedicated DP
measurement we get 3

↗
fit = 0.407, meaning that almost 60% of the signal power is lost due

to the SG filter treatment of the spectra. For the axion measurement the → 2.4 times larger
SG-filter window helps reduce this loss to less than 30% attenuation (3↗

fit = 0.704). One
other option of quantifying the signal attenuation is by simply comparing the maximum
values of the peak.

3
↗
peak =

max(DS
q )

max(Dq)
(6.45)
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6. Axion and Dark Photon Analysis

In this case the signal attenuation in the DP run is 3
↗
peak = 0.571 and for the axion run

3
↗
peak = 0.789. For the final steps we define the (bin-wise) function

y(q, A) = A · D
S
q (6.46)

where A is the parameter which in essence describes how large of a signal we can exclude
from being present in the GUS with a given confidence level. To find this upper limit on A

we can use Bayesian statistics.86 From Bayes’ theorem we know that the posterior function
p(A|⇁

g
k) is defined as

p(A|⇁
g
k) =

L(⇁g
k|A)π(A)

L(⇁g
k|A↗)π(A↗) dA↗ (6.47)

where L(⇁g
k|A) is the likelihood function and π(A) is the prior probability distribution func-

tion (p.d.f.) for A. Since a negative signal power (A < 0) is unphysical we can choose the
prior p.d.f. to be

π(A) =

{
1 A ∞ 0

0 A < 0.
(6.48)

From here we can determine the upper limit AUL via

1 ↑ ς =

 AUL

→↔
p(A|⇁

g
k) dA =

 AUL

→↔ L(⇁g
k|A)π(A) dA

 ↔
→↔ L(⇁g

k|A)π(A) dA
(6.49)

where a confidence level (CL) of 95% corresponds to ς = 5%. Inserting the previously defined
prior π(A) the lower integration boundaries become 0. The only remaining puzzle piece is
the likelihood function. Since we assume ⇁

g
k Gaussian distributed the likelihood function of

each bin should converge to a ω
2 distribution of ⇁g

k and y(k,A). The lineshape is N bins wide
and we assume these bins to be uncorrelated and Gaussian distributed. We can therefore
consult [86] once more and find that we can interpret these N bins as a N -dimensional
random vector and therefore the joint p.d.f. is the product of N Gaussians.

g =
N∏

k=1

1√
2πϑg

k

exp

(
↑

1

2

(⇁g
k ↑ y(k,A))2

(ϑg
k)2

)
(6.50)

Dropping the normalisation terms, which cancel out in eq. (6.49), we can write the likelihood-
function as simply the product of the exponential functions and since the product of expo-
nential functions can be written as the exponential of a sum we can write the likelihood
function L as

L = e
→ 1

2S(δgk,A) (6.51)

S(⇁g
k, A) =



k

(⇁g
k ↑ y(k,A))2

(ϑg
k)2

(6.52)

where S can be interpreted as a ω
2 distribution. Here it is important to note that eq. (6.50)

only holds under the assumption that there is no significant bin-to-bin correlation in the
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6.6. Limit Setting

GUS, i.e. that the fluctuations in di”erent bins are statistically independent. Under this
assumption, the covariance matrix

C = diag

(ϑg

1)
2
, (ϑg

2)
2
, . . . , (ϑg

N )2


(6.53)

of the N -bin GUS window ωg is diagonal, so that the joint p.d.f. factorises into the product
of N one-dimensional Gaussian distributions. If there is significant bin-to-bin correlation in
the GUS, the covariance matrix is no longer diagonal but takes the form

C =





ϑ
2
1 ϱ ϑ1ϑ2 0 · · ·

ϱ ϑ1ϑ2 ϑ
2
2 ϱ ϑ2ϑ3 · · ·

0 ϱ ϑ2ϑ3 ϑ
2
3 · · ·

...
...

...
. . .




(6.54)

with all other o”-diagonal elements zero, as we only consider next-bin correlations. The
correlation ϱ refers to the bin-to-bin correlation of the respective window, the size of which
is determined by the SG filtered axion lineshape and the bin width. With this we must
generalise the ω

2 distribution to

S = (ωg
↑ y)T

C
→1(ωg

↑ y) . (6.55)

Inserting this generalised form into eq. (6.51) we no longer treat neighbouring bins as fully
independent but respect their correlation. The e”ect of this correction is small. By design,
if ϱ < 0 this treatment improves the final limit on average. After defining the normalisation
factor

Z =

 ↔

0
e
→ 1

2S(δgk,A) dA (6.56)

we can bring eq. (6.49) into its final form∗

1 ↑ ς =
1

Z

 AUL

0
e
→ 1

2S(δgk,A) dA. (6.57)

The dimensionless quantity AUL can now be used to determine the maximum signal power
PS we can exclude to be present in our data with a confidence level of 95% for every bin k.

PS = AUL · PN (6.58)

PN = kB Tsys $↽ (6.59)

The expected (Gaussian) noise power per bin PN is determined by the system noise temper-
ature Tsys and the bin width $↽. For every bin the value of AUL is determined numerically
such that the integral in eq. (6.57), falls within the interval [1 ↑ ς ↑ ▷, 1 ↑ ς + ▷] where
▷ = 10→4 is the tolerance chosen for the confidence level, technically giving the confidence
level an uncertainty of CL = (95 ± 0.01)%. The algorithm proceeds in two stages. At first,
starting from an initial guess, AUL is adjusted exponentially. If the integral is below the

∗A mathematically equivalent but computationally much leaner, and hence faster, way of determining
AUL is shown in appendix B.
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6. Axion and Dark Photon Analysis

lower bound of the interval, AUL is repeatedly doubled until the integral enters or surpasses
the target range. Analogously, if the integral is above the upper bound of the interval AUL

is halved. Phase two is a classic binary search. Once an upper and a lower bound of AUL is
identified (the last value of AUL from phase one, which overshot the tolerance interval, and
the second to last value), a binary search is used to identify the value of AUL with which eq.
(6.57) falls within the tolerance interval of the confidence level.

The limit setting process for axions and dark photons is identical until this point. The
signal power of an axion coupling to a Standard Model photon is di”erent from a Dark Photon
coupling to a SM photon. As has been described numerous times before axions require an
external magnetic field while dark photons do not, except for hypothesised scenarios with
ludicrously high quality factors of Q > 1021 for µeV axions87 (16 orders of magnitude higher
than our cavity) in which axion detection might be possible without the use of an external
magnetic field. Therefore every axion data run (with magnetic field) can be considered a
dark photon data run but not vice versa. Another consequence is that should one actually
detect an axion signal with su!cient confidence it is, until here, indistinguishable from the
signal a randomly polarised dark photon field would show∗. To exclude the possibility that,
instead of axions, dark photons are responsible for the power excess one would simply switch
o” the magnet, re-scan the exact frequency at which the signal was observed and if the
signal vanishes the only conclusion can be that the signal must have come from coupling to
the magnetic field, hence an axion signal. These rescans should either be done over a time
frame of at least a few hours or multiple times spread across di”erent times of day to avoid
the coincidental alignment of a fixed polarised DP field orthogonal to the B-field (showing a
signal) in the primary data taking and subsequent parallel alignment to the B-field (showing
no or very weak signal) in the second data taking.† For axions the signal power is

PS = Pa = g
2
aωωϱDM

φ

φ + 1

1

ma
B

2
Ve”QL3 ⇁a (6.60)

and for dark photons it is

PS = PDP = ω
2
ϱDM

φ

φ + 1
mDPVe”QL3 ⇁DP . (6.61)

These resemble the equations for the signal power from theory sections, namely eq. (3.66)
for axions and (3.70) for dark photons, with the addition of the factor 3 due to cable signal
attenuation, discussed in sec. 6.2 and the factors

⇁a = ⊋2
c
5
ε0 (6.62)

⇁DP =

{
⊋→1

〈
cos2 ◁

〉
T

randompolarisation

⊋→1
〈
cos2 ◁

〉excl.
T

fixedpolarisation
(6.63)

∗If by all means one does not want to switch o! the magnetic field a fixed polarisation DP could be tested
for by conducting the same measurement at a later time of day, due to the rotation of the Earth but simply
switching o! the magnet is much more straightforward.

†Realistically, an axion discovery would most certainly prompt several other experiments to scan and
analyse the same frequency to verify or falsify the results. However, should a sudden wave of trust strike the
physics community for the very first time in history and every other experimentalist say “Well, looks like our
20 years of research were simply in the wrong frequency range, congratulations to you.” one should at least
verify the type of particle one claims to have discovered.
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6.6. Limit Setting

accounting for the vector particle nature of the dark photon and the fact that the theory
chapter is written in the usual particle physics convention of natural units ⊋ = c = ε0 = 1.

We can derive the couplings gaωω for axions and ω for dark photons with their respective
experimental uncertainties by equating (6.58) with (6.60) for axions and (6.61) for DPs. This
way we obtain

gaωω =

√

AUL
kB Tsys$↽ma

ϱDMB2 Ve” QL3 ⇁a
·
φ + 1

φ
(6.64)

$gaωω = gaωω ·

√√√√√√√√

(
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)2

+
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)2

+

(
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2B

)2

+

+

(
$QL

2QL

)2

+

(
$3

23

)2

+

(
$Ve”

2Ve”

)2
(6.65)

for axions, while for dark photons we get the following.

ω =

√

AUL
kB Tsys$↽

ϱDM mDPVe” QL 3 ⇁DP
·
φ + 1

φ
(6.66)

$ω = ω ·

√(
$Tsys

2Tsys

)2

+

(
$φ

2(φ2 + φ)

)2

+

(
$Ve”

2Ve”

)2

+

(
$QL

2QL

)2

+

(
$3

23

)2

(6.67)

To recast the axion limit at frequency f into a dark photon limit, one can equate (6.60) and
(6.61) to show

ω = gaωω
B

↔
ε0⊋3c5

mDM|cos ◁|
(6.68)

where mDM = mDP = ma = hf .

6.6.2. Alternative Analysis Approach

An alternative approach to limit setting, as opposed to the maximum likelihood fit, is in
essence a comparison of the expected (Gaussian) noise to the signal-to-noise ratio. For this
we need to alter the way in which we calculate the GUS. The scaling factor Lik(f) given

in (6.27) is altered in such a way that the normalised spectra ⇁
f
ik are transformed into a

normalised power excess. This is done by using the alternative scaling factor

L̃ik(f) = Lik(f) ·
Pik(f)

kB Tsys $↽
(6.69)

where

Pik(f) = (gR
aωω)2ϱDM

φ

φ + 1
B

2
Ve”QL3 ⇁a

1

hf
(6.70)

is the power an axion would deposit at a given frequency in a single bin, given a hypothetical
axion coupling g

R
aωω , which is temporarily chosen here freely. Now, we can write

⇁̃
s
ik =

⇁̃
f
ik

L̃ik

and ϑ̃
s
ik =

ϑ̃
f
i

L̃ik

(6.71)

81



6. Axion and Dark Photon Analysis

where, in the absence of a signal, we can identify every bin k of every spectrum i as a Gaussian
variable with expected mean µik = 0 and standard deviation ϑ̃

s
ik, but more importantly we

can write

R
s
ik = (ϑ̃s

ik)
→1 (6.72)

as the signal-to-noise ratio (SNR) an axion with coupling g
R
aωω would leave in that bin. We

construct the GUS just as before

⇁̃
g
k =



i

⇁̃
s
ik · 2̃ik (6.73)

2̃ik =
(ϑ̃s

ik)
→2

↼̃
(6.74)

↼̃ =


i

(ϑ̃s
ik)

→2 (6.75)

ϑ̃
g
k =

√

i

(ϑ̃s
ik)

2 · 2̃2
ik (6.76)

and can now identify

R
g
k =

√

i

(Rs
ik)

2 = (ϑ̃g
k)→1 (6.77)

as the SNR resulting from an axion signal with coupling g
R
aωω . We can also identify ⇁̃

g
k/ϑ̃

g
k as

the normalised power excess of an axion signal in every bin k, given the coupling g
R
aωω . This,

however, assumes that the axion deposits all its energy in one single bin. Since the lineshape
of a virialised axion (see eq. (6.40)) is much broader than the bin width of our spectra this
needs to be addressed. We change the notation, such that

D
g
k =

⇁̃
g
k

(ϑ̃g
k)2

(6.78)

is now a Gaussian variable with mean 0 and standard deviation R
g
k. Now we apply a weighted

moving average, where the weights

wk,q =
A

S
k,q∑

r A
S
k,r

(6.79)

are given by the discretised, SG-filtered lineshape A
S
q (see eq. (6.42)∗ and Fig. 6.9). We can

write this as

D
l
k =



q

wk,q D
g
k+q→1 (6.80)

R
l
k =

√

q

w
2
k,q (Rg

k+q→1)
2 (6.81)

∗altered notation for the lineshape from DS
k,q in (6.42) to AS

k,q to avoid confusion with the previously
defined Dg

k
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where we define the new index l for lineshape weighted. Analogously to eq. (6.77) and (6.78)
we obtain the normalised power excess after lineshape weighting ⇁

l
k/ϑ

l
k via

⇁
l
k =

D
l
k

(Rl
k)

2
(6.82)

ϑ
l
k = (Rl

k)
→1 (6.83)

where in the absence of an axion signal we still obtain mean µ(⇁l
k/ϑ

l
k) = 0 and standard

deviation ϑ(⇁l
k/ϑ

l
k) = 1.

Similarly to the main analysis approach we need to remind ourselves that eq. (6.81)
only holds if Dg

k has no significant bin-to-bin correlation ϱ. As the axion measurement has
significant bin-to-bin correlation we gain an additional term and calculate R

l
k via

R
l
k = (ϑ̂l

k)
→1 (6.84)

(ϑ̂l
k)

2 = (ϑl
k)

2 + 2(ϑl
k)

4


q

wqwq+1
Cov(⇁k+q, ⇁k+q+1)

(ϑg
k+qϑ

g
k+q+1)

2
(6.85)

as shown in [56].
In this normalised power excess we choose a threshold ( where for bins k in which ⇁

l
k/ϑ

l
k >

( we consider these bins as candidate signals and flag them for a rescan. By varying ( one
can control the trade-o” between the achievable limit with the available data and the amount
of rescan candidates. No rescans were conducted for both datasets, hence

( = max(⇁l
k/ϑ

l
k) . (6.86)

If we assume an axion signal with SNR = RT in any bin k, then ⇁
l
k/ϑ

l
k is Gaussian with

mean µ(⇁l
k/ϑ

l
k) = RT and standard deviation ϑ(⇁l

k/ϑ
l
k) = 1. This means, that for RT the

choice of RT = ( is poor, since the probability that ⇁l
k/ϑ

l
k > ( is only 50%. The appropriate

choice to exclude ⇁
l
k/ϑ

l
k > ( at CL = 95% is

RT = ( + &→1(CL) . (6.87)

Remember, Rl
k is the measured SNR, given an axion coupling g

R
aωω , so we can now relate the

SNR RT with the SNR at every bin k. We define a helper variable

Gk =

√
RT

R
l
k

(6.88)

and can now, for every bin k, relate the axion coupling gaωω we can exclude at a confidence
level of CL = 95% to the previously chosen g

R
aωω as follows.

gaωω = Gk · g
R
aωω (6.89)

We can now use (6.68) to recast this limit for dark photons in the random and fixed polarisa-
tion scenarios. Equations (6.67) and (6.65) still apply for the calculation of the uncertainties
$ω and $gaωω .
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6.7. Results

In this section the results of a dedicated dark photon measurement, performed on April 4th

2024 in the absence of an external magnetic field, and of an axion searching measurement,
performed on October 10th 2024, are presented. Limits are set for the dark photon for
both random and fixed polarisation scenarios in both measurements and for the axion in the
second measurement. The experimental parameters and uncertainties are given in Table 6.4.

Parameter
Dark Photon
measurement

Axion
measurement

ϱDM 0.45 GeV/cm3

Ve” (56280 ± 170) mm3

△cos2 ◁▽T 1/3〈
cos2 ◁

〉excl.
T

0.0414 0.0479
QL 119647 ± 11961 27618 ± 653
φ 1.87 ± 0.04 0.87 ± 0.06
3 0.97 ± 0.01 0.85 ± 0.05

Tsys (11.99 ± 0.26) K (9.99 ± 0.50) K
$↽ 320 Hz 960 Hz
4 8438 s 10 318 s
B – (12.0 ± 0.1) T

Table 6.4.: Summary of experimental parameters and uncertainties for the dedicated dark
photon measurement and the axion measurement.

We claim limits that result from the main analysis approach and validate them by com-
paring the results to those obtained with the alternative analysis approach. The reasoning
behind this choice is contained in the last section of this chapter.

6.7.1. Dedicated Dark Photon Measurement

On April 4th 2024 the first data taking took place, in which a total of 8438 s → 140 min of
data was taken, after excluding spectra which were obtained during times when the resonance
frequency of the cavity was unstable due to temperature or pressure fluctuations. Since the
resonance peak has a width of f0/QL → 70 kHz and each spectrum records 6MHz of data, the
raw spectra are truncated at red dashed lines for the remainder of the analysis, as indicated
in Fig. 6.10. Then, the individual raw spectra are binned, based on the frequency of the
resonance peak within them and then integrated. One such integrated spectrum is seen on
the right side of Fig. 6.10. The number of bins is defined by two criteria. No integrated
spectrum should have less than 10min of integration time, and the bins should have no
larger distance than the FWHM of the resonance. The results of binning and integrating in
this way are presented in Fig. 6.11. The spectra shown on the right side of this plot can be
identified with ⇁

r
ik in eq. (6.26).
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Figure 6.10.: Left side: A raw (1 s integration time) spectrum, including truncation limits in
red dashed lines. Right side: Example of an integrated spectrum.
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Figure 6.11.: Distribution and binning of raw spectra, based on the frequency of the reso-
nance in each raw spectrum. On the right are the resulting integrated spectra
in light colour with their respective Lorentzian fit in dashed lines.

To the left of the peaks seen in this plot, at a frequency just below 8.4710 GHz we can
observe a single bin, which far exceeds the noise in the rest of the spectrum. This single
bin power excess is even more visible once we follow through the construction of the grand
unified spectrum as described in sec. 6.4 and arrive at Fig. 6.12.
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Figure 6.12.: Grand unified spectrum of the dedicated Dark Photon run. On the left the
full GUS, marking the excluded bin and boundaries deemed as sensitive in red.
The sensitive region is shown on the right side with 1, 2 and 3ϑ highlighted in
dashed red lines. Its properties are shown in Fig. 6.8.
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6. Axion and Dark Photon Analysis

Since a dark matter mass peak is far wider than a single bin - more than 10 kHz (see Fig.
6.9) vs a bin width of 0.32 kHz in this data set - we would expect a dark photon to leave
a trace in roughly 30 adjacent bins. Therefore, we can safely exclude a discovery in this
instance but this anomaly should still be investigated in the future. The outlook section
contains a paragraph on how to confirm that this is almost certainly a relic of the readout
electronics and will therefore be excluded. The GUS is now considered in the sensitive area
of the experiment (see right side of Fig. 6.12) and the main analysis approach can now
directly set the limit with the calculations demonstrated in sec. 6.6.1. The results can be
seen in blue in Fig. 6.15.
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Figure 6.13.: Comparison of normalised SNR before (first row) and after (second row) line-
shape weighting.

For the alternative analysis approach we calculate the normalised signal to noise ratios
before (⇁̃g

k/ϑ̃
g
k) and after (⇁l

k/ϑ
l
k) weighting it with the lineshape. Both, the weighted and

unweighted SNR, are described well by a Gaussian distribution with mean 0 and standard
deviation 1, although the lineshape weighted SNR has slightly higher standard deviation
than expected. The choice of the threshold ( in the distribution of ⇁l

k/ϑ
l
k determines how

candidate signals need to be rescanned. This trade-o” is demonstrated visually in Fig. 6.14.
As stated in equation (6.86), ( has been set to the maximum of the distribution of ⇁l

k/ϑ
l
k

and therefore no rescan has been conducted. With the values RT and frequency dependent
R

l
k derived from ⇁

l
k/ϑ

l
k, we can set the limits with the alternative method and compare it to

the results obtained with the main analysis method. No bin-to-bin correlation correction is
applied, as ϱ → ↑0.017 is not statistically significant in the GUS. If it were applied it would
improve the limit by 1.6% on average with the greatest improvement of a single bin of 11.5%
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and the greatest degradation of a single bin being 5.8%. The final limits are shown in Fig.
6.15 and compared to the results of other experiments in Fig. 6.22.
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Figure 6.14.: Connection between (, RT , confidence interval and rescan candidates. Since
we set ( to be the maximum of the normalised SNR, the shaded area describing
the rescan candidates is empty in this case.
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Figure 6.15.: Upper limit of kinetic mixing for random and fixed polarisation scenario via the
main and alternative analysis approach against rest mass of the dark photon
in GHz. The shaded area is the experimental uncertainty.

The limits obtained from both methods are compatible. By design the limit obtained
via the alternative method is more conservative, utilizing only the least sensitive point in
the GUS. The best limit for every frequency f can only be obtained via the main analysis.
Section 6.7.3 further discusses how both limits compare.
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6.7.2. Axion Search

On October 10th 2024 the measurement inside the magnet was conducted, in which a total of
→ 172 min∗ of data was taken. As described in section 4.1 the setup in the magnet required
the cryo Pre-Amp to be mounted further up the cryostat to be outside the stray field of the
magnet. This likely caused the Pre-Amp to be slightly warmer than the cavity. This had
the e”ect of introducing a tiny amount of thermal noise into the cavity. Since the antenna
is optimised to have ideal coupling at the cavity resonance frequency, this is visible in the
spectra by means that the readout noise power at the resonance is smallest, since there is
more noise coupled into the cavity than out. The e”ect on the sensitivity is minimal but
spotting the resonance frequency must now be done by fitting a Lorentzian with negative
amplitude, as can be seen on the left side of Fig. 6.16.
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Figure 6.16.: Left side: A raw (1 s integration time) spectrum. Right side: Integrated → 5 min
spectrum.

Just as previously, the individual raw spectra are binned, based on their resonance fre-
quencies and then integrated. The number of bins is, once more, defined by two criteria.
Firstly, the bin centre frequency is still required to be no further apart than the FWHM of
the resonance peak. The FWHM is calculated here via the loaded quality factor.

FWHM =
f0

QL
→ 300 kHz (6.90)

The bins are → 200 kHz apart. This time, due to the larger overall frequency range scanned,
we fixed the minimum integration time of an integrated spectrum to 5 min, obtaining the
eight bins shown in Fig. 6.17. The spectra shown on the right side of this plot can once
more be identified with ⇁

r
ik in eq. (6.26), so we can now construct the grand unified spectrum

shown in Fig. 6.18.

∗again excluding spectra obtained in unstable temperature or pressure conditions with consequently
unstable resonance frequency
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Figure 6.17.: Distribution and binning of raw spectra, based on the frequency of the reso-
nance in each raw spectrum. On the right are the resulting integrated spectra
in light colour with their respective Lorentzian fit in dashed lines.
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For the alternative analysis approach we will again calculate the normalised signal to noise
ratios before (⇁̃g

k/ϑ̃
g
k) and after (⇁l

k/ϑ
l
k) weighting them with the lineshape.
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Figure 6.19.: Comparison of normalised SNR before (first row) and after (second row) line-
shape weighting.

Here, again both are Gaussian with µ → 0, ϑ → 1, as can be seen in Fig. 6.19. The deviation
of µ and ϑ from their theoretical values is significantly smaller than in the measurement
without magnet, so one might assume slightly better statistics, possibly due to the longer
total integration time. Again, ( is set to the max(⇁l

k/ϑ
l
k), so no rescan has been conducted.

Having obtained RT and R
l
k from ⇁

l
k/ϑ

l
k, we can set the limits and compare them to the main

analysis results. In the GUS of this measurement there is significant bin-to-bin correlation
ϱ → 0.099, hence we apply the appropriate corrections to both analyses. Compared to
the limit one obtains without corrections, the final limit is weakened by 1.1% on average.
The e”ect ranges from a maximum improvement of a single bin of 10.9% to a maximum
degradation of 14.6% in the main analysis. In the alternative analysis the average limit is
weakened by 1.3% with a maximum improvement of 8.7% and maximum degradation of
16.2%.

The final limits are shown in Fig. 6.20 and compared to the results of other experiments
in Fig. 6.21 for the DP kinetic mixing and 6.22 for the axion coupling.
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Figure 6.20.: The upper plot shows the limits for the kinetic mixing ω for the random and
fixed polarisation scenarios. The lower plot shows the limit for the axion cou-
pling gaωω , obtained by the main (blue) and alternative (red) analysis method.
Shaded bands are experimental uncertainty.
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Figure 6.21.: Comparison of the measured DP limit of the axion run (lower mass) and the
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and limits to create the plot taken from [88].
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Figure 6.22.: The measured axion-photon coupling limit in comparison to other results. Code
and limits to create plot taken from [88].
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6.7.3. Signal Injection Test

To more rigorously test the validity of the results we can inject a signal into the raw data and
observe how this influences both analyses. We can use the results from this test to decide if
we should claim the limits obtained from the main or the alternative analysis method. We
start by calculating the signal power of a randomly polarised dark photon field with coupling
equal to the limit claimed by the main approach at two di”erent frequencies: 8.471 217GHz
and 8.471 225GHz. These are chosen to test the two extreme cases of an “optimistic” and
“pessimistic” limit within the bounds of the claimed limits. For this we calculate the total
power via eq. (6.61), simulate its distribution (eq. (6.40)) in the discrete power spectrum
via eq. (6.41) and then add its corresponding voltage V =

√
PS/R onto every raw spectrum.

With these signal-injected raw spectra the entire data analysis is carried out.
In the case of the pessimistic limit at 8.471 225GHz we see a > 5ϑ excess in the lineshape

weighted normalised SNR (⇁l
k/ϑ

l
k in the alternative analysis) - a very clear red flag that

would be worth investigating further. Arguably even more interesting is the e”ect it has
on the limit set by both methods when this injected signal is included in the data. For the
alternative approach the limit set over the entire scanned frequency is degraded, given the
experimental constraint of no possible rescans. This also is the main reason why we choose
to set the limit using the main approach rather than the alternative one. To e”ectively utilise
the alternative approach one needs to have the possibility to rescan potential candidates and
hence choose the threshold ( at a level where there is a manageable amount of candidates to
rescan and hence obtain a better limit from the exiting data by obtaining a more favourable
RT at all frequencies, subject to the rescan candidates. For the presented analysis the
limited available time slots for data acquisition did not allow for rescan candidates. The
main approach meanwhile sets the limit for all frequencies just as before, except for the
area around the frequency at which the signal was injected - here the limit of previously
ω → 1.91 · 10→14 degrades to 2.60 · 10→14.

For the rather optimistic limit at 8.471 217GHz we do not observe any change in the limit
set by the alternative approach when we insert the signal with the power corresponding to
ω → 0.88 ·10→14 - the limit set with the main approach. This is no surprise since the injected
signal is far smaller than the limit excluded by this approach (2.15 · 10→14). However, the
result of the main approach does change, as it should. Here the claimed limit of previously
0.88 ·10→14 degrades to 1.09 ·10→14. It should be emphasised that, when a signal with power
corresponding to the claimed coupling limit is injected into the raw data, the main method
adjusts dynamically and sets the limit more conservatively than in the absence of such an
artificial injection, as seen in Fig. 6.23.

Overall one can conclude that by design the alternative approach is the more conservative
one and yields more homogeneous limits which is desirable when aiming for a fixed coupling
such as the KSVZ or DSFZ bands for axions. However, in order to utilise the data e”ec-
tively one needs to have the ability to rescan candidate frequencies at command, which we
unfortunately did not have during data taking for practical reasons such as magnet time
availability. The main method yields limits that vary stronger over the scanned frequency
range but it utilises the available data more e”ectively while still maintaining certainty of
not setting limits that are overly ambitious without the need to rescan candidate frequencies
with high SNR.
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Figure 6.23.: Comparison of the claimed upper limit DP kinetic mixing (blue) and the result-
ing limits after injecting a signal (red and purple) at two di”erent frequencies
with signal power equivalent to the claimed limit. It shows that in the presence
of a DP signal of given frequency and kinetic mixing the limit setting process
does not exclude said candidate.

6.7.4. Expected Sensitivity

This section evaluates the expected noise fluctuations of the GUS and uses them to assess
the statistical consistency of the derived exclusion limits.

In the following the dagger will indicate expected values, while the non-daggered values
are the measured quantities. The fact that the expected power fluctuation

ϑ
†
k =

1
↔

$↽ · 4
(6.91)

scales purely with the bin width $↽ and the total integration time 4 only holds for simply
averaging over a number of unprocessed spectra, assuming they consist of white noise. Since
in the construction of the GUS we undergo several steps we must take these into account
when calculating the expected power fluctuations. First we construct the raw spectra ⇁

r
ik by

binning and integrating. Then we filter these binned raw spectra by the SG filter as described
in eq. (6.26) to obtain ⇁

f
ik. Since the bins do not consist of equal amounts of spectra (number

of spectra = integration time in seconds as we chose 1 s integration time per raw spectrum),
and therefore have di”ering expected noise. We must consider this weighting going forward.
The goal in choosing the SG-filter parameters is to calculate the filtered spectra ⇁

f
ik such that

they can be considered white noise. However, in designing the GUS we rescale the filtered
spectra and their uncertainties by Lik as per eq. (6.28) and (6.29), so e”ectively we alter

the magnitude of ϑg
k by a factor 1/Lik versus the simple weighted average of ⇁f

ik. Assuming
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that there is no signal and therefore only white noise in the GUS the ML weights used in
constructing it (eq. (6.30) and (6.31)) and a simple weighted average are equivalent, since for
white noise the power fluctuation follows ϑ ↓ 1/

↔
t. In the sensitive area shown in Figures

6.12 and 6.18 we assume the GUS to be Gaussian distributed, so we can now investigate
how the uncertainties ϑ

g
k compare to the theoretical noise of the rescaled spectra given by

(ϑs
k)

† =
ϑ

†
k

L̄k
(6.92)

where, for every bin k, L̄k is the average of Lik weighted by the amount of seconds that went
into the i-th spectrum, shown in Fig. 6.11 and 6.17 for the DP and axion run respectively. To
gain su!cient statistics we temporarily approximate the noise to be constant in the sensitive
region of N bins.

(ϑs)† =
1

N

N

k=1

(ϑs
k)

† (6.93)

We compare these to the measured statistical uncertainties of the GUS, ϑg
k, in Fig. 6.24.
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Figure 6.24.: Rescaled expected ((ϑs)†) and measured (ϑg
k) noise power fluctuations for the

DP run (left side) and axion run (right side). For both data sets they agree
apart from an o”set that is likely to originate from the maximum likelihood
weighting of the measured GUS giving an edge over the simple integration time
weighting of the expected noise.

For both data sets the measured power fluctuations agree with the expected values, so
that we can confirm that the SG filter e”ectively eliminates the structure of the cavity
resonance peak. We can now generate several spectra of white noise with the magnitude
of the expected power fluctuations (ϑs)† and calculate the expected AUL n times. We can
numerically integrate the distribution of AUL to obtain the 1ϑ, 2ϑ and 3ϑ bands and compare
them to the calculated AUL used for setting the DP and axion limits. Due to the choice
of the prior (see eq. (6.48)) the resulting distribution of AUL is not symmetric. The n-ϑ
bands are constructed such that 1, 2 and 3ϑ entail → 68%, 95% and 99.7% of the distribution.
Lastly, we rescale with the mean and sigma bands of AUL with (ϑs

k)
†
/(ϑs)†.
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Figure 6.25.: Distribution of expected AUL and comparison of measured AUL with the ex-
pected values for DP run (left) and axion run (right). For both data sets
n = 12000 simulations of AUL have been conducted.
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7. High-Frequency Gravitational Waves

The Supax setup, and similar axion-searching RF-cavity haloscopes, can be modified in a
minimal way and be used to search for High Frequency Gravitational Waves (HFGW). These
HFGW can have several sources, one particularly interesting one is primordial black holes
(PBH), which can emit gravitational waves via several di”erent mechanisms. This section
will discuss the theoretical background of the GW emission by PBHs and how to detect them
in an axion searching RF-cavity haloscope. The chapter will also showcase GravNet - a
proposed global detector network to search for HFGW.

7.1. Theoretical Background

Primordial black holes, black holes produced in the early universe through non-stellar mech-
anisms, have been discussed as possible dark matter candidates for a long time. A very
appealing argument for PBHs making up (at least a part of) DM is the fact that, in contrast
to axions or dark photons, they do not necessarily require the introduction of a new funda-
mental particle. This does not mean that a relevant PBH abundance arises automatically in
standard cosmology, it generally requires su!ciently large small-scale density perturbations
or other early universe formation mechanisms, detailed in [89]. In the conventional PBH
dark matter scenario PBHs form before Big Bang Nucleosynthesis (BBN) and do not partic-
ipate in nuclear reactions that determine the cosmic baryon abundance. Their abundance is
therefore not constrained by the baryon-density budget inferred from BBN and the CMB in
the way that ordinary baryonic matter is. This is what qualifies them for the non-baryonic
cold dark matter component of the universe in the cosmological accounting shown in Fig.
1.2. This is what makes them fundamentally di”erent from ordinary (non-primordial) black
holes, which have already been observed, e.g. by LIGO in their groundbreaking 2016 discov-
ery. Astrophysical black holes, such as stellar mass remnants, originate from matter already
included in the cosmological baryon budget of → 5% of the energy density.

For PBH masses spanning more than 27 orders of magnitude the fraction of dark matter
constituted by PBHs

fPBH =
#PBH

#DM
(7.1)

has been constrained by several experimental observations since the search for them began in
the late 60s. These constraints are shown in Fig. 7.1 and from there it is also clear that the
range around 10→16

↑10→11
M↑, where M↑ ⇑ solar mass, PBHs could constitute up to 100%

of dark matter.90 Such low mass PBHs emit gravitational waves with very high frequencies.
This is ideal for RF-cavities working in the GHz regime and another advantage of probing
for GWs in the GHz band is that for frequencies above the kHz range there are no known
background sources of GWs allowing for a somewhat undisturbed search for PBH induced
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Figure 7.1.: Constraints on the fraction of DM in the form of PBHs, fPBH, with mass MPBH,
coming from various types of experiments.90 Plot from [91].

signals. These signals can generally be classified into one of three categories: stochastic,
coherent (and persistent) or transient.

The first class is the stochastic gravitational-wave background (SGWB). In this case one
does not observe individual events separately. Instead, the detector is exposed to the su-
perposition of a very large number of GWs arriving from many directions and epochs. In
this sense, the SGWB is conceptually similar to the CMB, both are all-sky backgrounds
that carry information about the history of the universe. The important di”erence is that
GWs decouple essentially immediately after production and can therefore probe epochs long
before recombination, which are inaccessible to electromagnetic observations like the CMB.
In PBH scenarios such a background can arise already at formation, for example from GWs
generated by the same enhanced primordial perturbations that produce PBHs. A stochastic
background can also be built up later from Hawking radiation of evaporating black holes
or from a superposition of many unresolved PBH mergers. Primordial backgrounds are
expected to be close to isotropic, while a background sourced by PBH binaries can in prin-
ciple show stronger anisotropies because it is generated by a discrete population of compact
objects.89,92

The second class consists of coherent and persistent signals. These are individually re-
solvable sources whose phase evolution remains well defined over an observation time much
longer than a single oscillation period, so that the signal appears as a narrow spectral line
of near-constant frequency, similar to what one would expect an axion signal to look like.
In contrast to the stochastic background, such an emission is not noise-like but coherent,
which makes a haloscopes’ typical long integration time especially powerful. One realisation
of such a source is a very light PBH binary during a very early inspiral stage, where the
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emitted frequency changes very slowly, such that it stays in the resonance band of a cavity
for a su!ciently long time to integrate. Another example, though more model-dependent,
is gravitational wave emission from boson clouds around spinning PBHs through black-hole
superradiance. These signals are nearly monochromatic and can persist from days to months
or even longer, making them natural targets for haloscopes.92,93

The third class, and most relevant in the following, are transient signals. These are
short-lived individually resolvable events for which amplitude, phase and frequency evolve
significantly during the observation. They are the most familiar type of signals from the
perspective of GW astronomy, as exemplified by the binary black hole mergers observed by
LIGO. In the case of PBH binaries, observable transient signals are expected mainly from the
inspiral phase, though merger and ringdown are also observable in principle. As the orbit of
the binary shrinks, the emitted GWs chirp to higher frequencies and amplitudes. For PBHs of
su!ciently low mass, these events occur at much higher characteristic frequencies than their
stellar-mass counterparts, potentially extending into the GHz regime of cavity haloscopes. At
such high frequencies the evolution can be extremely rapid, so that the signal may remain
inside a narrow detector band, like a cavity, only for a very short time. For transient
sources, detectability is therefore controlled not only by the strain amplitude, but also by
the signal duration and by how many cycles are spent inside the detector bandwidth.92,94 In
the following, the focus will be on these transient signals from PBH mergers.

7.2. Gravnet

Having outlined the theoretical motivation for PBH induced HFGWs, we will now discuss
how GravNet , the Global detector network to search for high-frequency gravitational waves,
plans to search for such signals experimentally. Its central idea is to extend the experimental
toolbox developed for axion haloscopes to search for GWs in the MHz ↑ GHz regime. This
section is largely based on the conceptual design report of GravNet .93

In an axion haloscope a static magnetic field enables the conversion of axions into photons
inside a resonant cavity. However, a passing GW can also induce an electromagnetic response
in the presence of a strong background field, such that a cavity can again amplify an otherwise
extremely weak signal. Although the underlying interaction is di”erent, see Fig. 7.2, the
experimental approach is similar. Both combine a high-Q RF cavity, a strong magnetic field
and cryogenic low-noise readout in order to search for a small excess of RF power. In this
sense, Supax provides much of the technological foundation on which the search for HFGW
can build.

While there exist plenty of other experimental methods for the detection of GWs, such
as Weber bars and similar mechanical resonators or laser interferometers as used by LIGO,
GravNet focuses on cavity based setups as this is currently the most promising approach
for near-term progress in the high frequency regime. Also, instead of developing a completely
new detector technology from scratch, the project reuses methods, and in part hardware,
that are already well established in axion searches. This makes the project quite scalable
and at the same time opens a new observational window, since the MHz ↑ GHz GW range
is still largely unexplored.

An important di”erence from axion searches is that PBH binary induced HFGWs do
not appear as stationary narrow lines in the frequency spectrum and instead evolve over
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Figure 7.2.: Comparison of stimulated axion-to-photon conversion via inverse Primako”
e”ect (left) and GW-to-photon conversion via inverse Gertsenshtein e”ect95

(right).

time as the binary inspirals, as discussed earlier. This means that the cavity does not
need to be tuned in the same way as in a conventional axion scan. If the signal sweeps
through the resonance band, the detector can still respond resonantly during the time the
GW frequency remains close enough to the cavity’s resonance frequency. For GravNet ,
this is a major practical advantage, as it allows the use of simple cavities without elaborate
tuning mechanisms while still accessing a broad and astrophysically interesting range of
possible signal sources.

The first generation of GravNet combines a large, low-frequency cavity with several
smaller, high-frequency cavities. On the low-frequency side, a large (→ 4.8 m3) cavity is
planned to operate in the FINUDA magnet at the Laboratori Nazionali di Frascati, with a
resonance around 150MHz. On the high-frequency side, smaller cavities (→ 2 L) operating
in strong commercial magnets (9 ↑ 12 T) at 10 mK are planned for the GHz regime.

The most distinctive feature of GravNet , however, is already contained in its name:
it works as a network, not as an isolated experiment. The reasoning for this is that in a
single cavity a small excess, especially a temporary or non-persistent one, can always be
caused by a local disturbance of any sort. Electronic noise, thermal fluctuations, spurious
RF pickup, or site-specific backgrounds (some of which are discussed in sec. 8.2) are just a
few of many suspects. In contrast, a real GW signal should produce correlated responses in
detectors at spatially separated locations. These responses need not be identical, since they
depend on several factors such as the relative detector orientation, the GW polarisation, and
the arrival direction, but they should occur with propagation-time delays consistent with
a signal travelling at the speed of light. This makes coincidence and correlation analyses
a central element of GravNet ’s analysis strategy. Another idea might be that instead of
having several spatially distant experimental setups with identical resonance frequency, one
could use several cavities of di”erent, but similar, resonance frequency. In case of a PBH
merger induced GW signal these cavities should register a signal consecutively as the GW
frequency sweeps through each of their resonance bands.

This network approach of spatially distant setups provides several advantages. It reduces
the likelihood of false positives, since mimicking a correlated event across distant laborato-
ries purely by local noise would be a statistical miracle in itself. With identical reasoning,
combining information from several detectors increases the statistical significance of a can-
didate signal. Furthermore, the spatial separation of the sites makes it possible, at least in
principle, to infer information about the direction of the source from relative arrival times.
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This is described in detail in sec. 7.3.3. In this respect, the logic of GravNet is anal-
ogous to established GW observatories such as the LIGO–Virgo–KAGRA network, where
multiple detectors are not only included for sensitivity, but also for validation and source
reconstruction.

In practice, every detector station will perform measurements and signal searches locally
and in (or near) real-time. When a potential signal is identified, this triggers the storage
of the corresponding time window at all detector stations, taking the expected delays into
account, such that potential signals can be investigated o’ine in more detail. This makes
the experiment scalable, as new nodes can always be added to the network over time. Even
di”erent detector technologies could, in principle, become part of the network. In the first
stage, GravNetwill build a network with setups in Bonn, Mainz, and Frascati, with the
longer-term goal of expanding toward a more global network.

7.3. Detecting HFGW in RF-Cavities

When a resonant cavity is driven at its resonant frequency, the stored energy E(t) rises
towards its steady state value Ess

E(t) = Ess

(
1 ↑ e

→t/τ
)2

(7.2)

where 4 = 2Q/20 is the ring-up time of the cavity. To assume resonant enhancement of the
cavity with its quality factor Q the number of cycles Ncyc to consider the cavity rung-up is
relevant. To reach a chosen energy fraction 3 = E(t)/Ess, the required time is

t

4
= ↑ ln (1 ↑

↔
3) . (7.3)

Using T = 1/f0 = 2π/20, the corresponding number of RF cycles is

Ncyc =
t

T
= ↑

Q

π
ln (1 ↑

↔
3) (7.4)

Now it is just a matter of definition at which fraction of stored to steady state 3 one con-
siders the cavity su!ciently rung-up to assume resonant enhancement. Table 7.1 gives the
approximate number of cycles a cavity with quality factor QL needs to be rung up to 3.

Energy fraction 3 → Ncyc [QL]

90% 0.95
91.5% 1
99.0% 1.69
99.9% 2.42

Table 7.1.: Approximate number of cycles to ring up a cavity for di”erent choices of at which
3 a cavity is considered ”fully” rung-up.

From this we can deduce that to ring up such a cavity one needs at least Ncyc ↫ QL. For
the inspiral of a binary system, consisting of two PBHs of equal mass Mb, the number of
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cycles spent in the detector bandwidth f ⇓ [fmin, fmax] where

fmax, fmin = f0 ±
f0

QL
= f0

(
1 ±

1

QL

)
(7.5)

is given by96

Ncyc =
1

32π8/3

(
GMc

c3

)→5/3 (
f

→5/3
min ↑ f

→5/3
max

)
(7.6)

where the chirp mass is defined as

Mc =
(m1m2)3/5

(m1 + m2)1/5
(7.7)

and the total mass of the merger is simply m = m1 + m2. For a binary of two equal mass
PBHs (m1 = m2 = Mb) this results in

Mc =
M

6/5
b

(2Mb)1/5
=

Mb
5
↔

2
(7.8)

so that one can set an upper limit on Mb by demanding that the merger spends enough cycles
near the cavity’s resonance frequency to ring it up. For example, demanding Ncyc ↫ 105 for
a cavity with f0 = 10GHz and QL = 105 yields Mb ↭ 10→12

M↑. One might notice that, for
a fixed Ncyc, the upper limit on the merger mass scales with Mb ↓ 1/f0, so for a cavity with
the same quality factor but f0 = 1 GHz we get Mb ↭ 10→11

M↑. For merger events of larger
mass than this Gatti et al.97 define the e”ective quality factor

Qe” = min(QL,Ncyc) (7.9)

to account for the not fully rung up cavity and hence not full amplification by QL.
As shown in [96] we can express the rate of change of the GW frequency as function of

the frequency itself.

ḟ =
96

5
π

8/3

(
GMc

c3

)5/3

f
11/3 (7.10)

This allows us to compute the frequency of a GW emitted by a merger of chirp mass Mc

at a given time 4 where we assume the GW has frequency f0 ⇑ f(t = 0). This way
we can simulate a time series starting at a frequency of our choice and observe how the
frequency evolves in time. Solving eq. (7.10) reveals that f(t) diverges at a finite time tm

corresponding to the time of the merger itself. However, for times t < tm before the merger,
or more precisely t ̸ tISCO, we can solve the di”erential equation.

 f(t=τ)

f(t=0)
f

→11/3 df =
96

5
π

8/3

(
GMc

c3

)5/3  τ

0
dt (7.11)

↑
3

8
f

→8/3


f(t=τ)

f(t=0)

=
96

5
π

8/3

(
GMc

c3

)5/3

4 (7.12)
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f(4)→8/3
↑ f

→8/3
0 = ↑

256

5
π

8/3

(
GMc

c3

)5/3

4 (7.13)

f(t) =

[
f

→8/3
0 ↑

256

5
π

8/3

(
GMc

c3

)5/3

t

]→3/8

for t ̸ tISCO (7.14)

where in the last step 4 has been renamed 4 ≃ t. The frequency at the time when the
merger objects have reached their Innermost Stable Circular Orbit (ISCO) is

f(tISCO) = fISCO =
1

12π
↔

6

c
3

Gm
→ 4.4 kHz

(
M↑
m

)
(7.15)

in the test mass limit (m1 ∈ m2). At this point, it is useful to examine the (often implicit)
assumptions underlying this derivation of the ISCO. First, the spin of the PBHs is neglected.
In addition, we are assuming a circular orbit at the time of observation. For an elliptical
orbit, the emitted signal would not exhibit a nearly constant amplitude, but would instead
be modulated, with peaks occurring near periastron passage. While this assumption is not
strictly necessary, it is well motivated, as the emission of GWs reduces orbital eccentricity
over time, driving the system toward a quasi-circular orbit. Finally, there is an inconsistency
in the mass assumptions. In eq. (7.8), we assumed that both PBHs have equal mass
m1 = m2 = Mb, whereas eq. (7.15) assumes m1 ∈ m2. The ISCO depends, among other
factors, on the symmetric mass ratio

↽ =
m1m2

(m1 + m2)2
. (7.16)

In experimental practice one usually considers near-equal-mass systems (↽ = 1/4), rather
than ↽ = 0 as implied in eq. (7.15). For equal masses, m1 = m2 = Mb, one obtains98

fISCO → 4.7 kHz

(
M↑
m

)
= 2.35 kHz

(
M↑
Mb

)
. (7.17)

To know the maximum simulation time tISCO for a given start frequency f0 one can just
rearrange eq. (7.13).

tISCO =
5

256
π

→8/3

(
GMc

c3

)→5/3 (
f

→8/3
0 ↑ f

→8/3
ISCO

)
(7.18)

For the simulation we now just need the rate of frequency change at time t

ḟ(t) =
96

5
π

8/3

(
GMc

c3

)5/3

f(t)11/3 (7.19)

and can hence write the amplitude of the wave as

)(t) = sin(2π · 0(t)) (7.20)

where 0(t) is the phase of a GW at time t, assuming that at time t0 = 0, corresponding to
the start of the observation, or simulation, it has phase 0(t0) = 0.

0(t) =

 t

t0

f(4)d4 =

 f(t)

f0

f

ḟ
df (7.21)
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For now )(t) is bound between [↑1, 1], the amplitude will be discussed later on. First we
find an explicit term for 0(t) by expressing ḟ in terms of f using eq. (7.19).

0(t) =
5

96
π

→8/3

(
GMc

c3

)→5/3  f(t)

f0

f

f11/3
df (7.22)

=
5

96
π

→8/3

(
GMc

c3

)→5/3 (
↑

3

5
f

→5/3

) 
f(t)

f0

(7.23)

=
1

32
π

→8/3

(
GMc

c3

)→5/3 (
f

→5/3
0 ↑ f(t)→5/3

)
(7.24)

In practice one does not know the phase at the beginning of the observation, so we cannot
assume 0(t0) = 0. Rather one can define a random misalignment ⇁ ⇓ [0, 2π) and write

)(t) = sin(2π · 0(t) + ⇁) (7.25)

where for the goal of using several cavities, it will be the task of the analysis to align
the phases of all separate setups to constructively combine the acquired data of several
experimental setups.

It is to be mentioned here, that eq. (7.26), and all that follows from it, are expressions
in the proper detector (PD) frame. Recently, the transverse-traceless (TT) gauge has been
argued to be better suited for the experimental case of cavity-based HFGW searches with the
main argument “that if the GW wavelength and the size of the experiment are comparable,
the detector appears to be moving in the proper detector frame while being at rest in
transverse-traceless (TT) gauge”.79 This discussion, however, is beyond the scope of this
thesis and can be found in [79] and [33]. While assuming TT gauge, rather than PD,
changes eq. (7.26) slightly, the derived findings of this section still hold qualitatively.

The power generated by a GW in a cavity of volume Vcav and quality factor Q inside an
external magnetic field B0 has been derived in [33] as

Psig =
1

2
Q2

3
gwV

5/3
cav (3nh0B0)

2 (7.26)

in which Q is the loaded quality factor, the antenna coupling is assumed as φ = 1, and the
GW frequency is exactly aligned with the resonant frequency of the cavity 2gw = (2π)f0.
Here, f0 corresponds to the cavity’s resonant frequency of mode n, and 3n is the overlap of
this mode and the electric field induced by the interaction of the GW with the static B-field.
More generally one can write

Psig =
φ

2 (φ + 1)
f

3
gw(2π)3V 5/3

cav (3nh0B0)
2
L(fgw, f0, Qe”) (7.27)

where the Lorentzian

L(fgw, f0, Qe”) =


↑i2

2
gw

2
2
0 ↑ 22

gw ↑ i
↽gw↽0

Qe!

 (7.28)

=


↑if

2
gw

f
2
0 ↑ f2

gw ↑ i
fgwf0
Qe!

 (7.29)
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accounts for the partial enhancement by the cavity for frequencies away from the resonance
fgw ′= f0 while for fgw = f0 it simply gives L = Qe” as in eq. (7.26).∗ Here we can insert the
dependency of the strain h0 on the mass, distance and GW frequency, explicitly mentioned
in [33].

h0 ↗ 10→29
↘

(
1pc

D

) (
Mb

10→11M↑

)5/3 (
2π · fgw

1 GHz

)2/3

(7.30)

We isolate the signal power’s dependency on the cavity (f0 & Qe”) and fgw

Psig = A ↘ f
3
gw · f

4/3
gw · L(fgw, f0) (7.31)

= A ↘ f
13/3
gw ·


↑if

2
gw

f
2
0 ↑ f2

gw ↑ i
fgwf0
Qe!

 (7.32)

where

A =

(
10→29

↘

(
1pc

D

) (
Mb

10→11M↑

)5/3 (
2π

1 GHz

)2/3

︸  
h0/f

2/3
gw

)2
φ

φ + 1
(2π)3V 5/3

cav (3nB0)
2 (7.33)

is a composite of all parameters that are not dependent on either of the three. The signal’s
high order of the fgw-dependence suggests that it might be sensible to measure at frequencies

that are not inside the cavities resonant enhancement but high enough for the ↓ f
13/3
gw

dependency to overpower the cavity’s absent enhancement. Fig. 7.3 shows the signal power
of eq. (7.32) against fgw for several cavity parameters. It shows that indeed the signal
power does get larger than at the resonance peak for large fgw, however we can already
see that this is not the case until fgw is approximately one order of magnitude larger†

than f0 and thereby hardly feasible. We can find this characteristic frequency fc for which
Psig(fgw > fc) > Psig(fgw = f0) analytically. For this we need to find the local minimum to
the right of the peak by solving

dPsig

dfgw

!
= 0 (7.34)

resulting in a value of

fmin =
↑8if0 +

√
247f2

0Q
2
e” ↑ 64f2

0

13Qe”
. (7.35)

For Qe” ∈ 1 this can be approximated as

fmin →

↔
247

13
f0 → 1.21 f0 . (7.36)

∗In light of the discussions on broadband readout one thing to remember here is that this describes the
power in the single mode n, hence the factor ϖn describing the overlap the GW-induced E-field and the
E-field of mode n. If the observed frequency range of fgw is near the resonance f0 of that mode this is the
dominating contribution to the total energy in the cavity. However, if the observed frequency strays further
from the resonance frequency of the observed mode one has to consider the influence of other modes.

†This result is even more extreme, if the calculation is done in the TT rather than PD.
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Figure 7.3.: Signal power in units of

A · Hz13/3


against signal frequency for cavities with

di”erent resonant frequencies and quality factors.

For fgw > fmin the signal power grows monotonically, hence there exists an inverse function
to eq. (7.32), i.e. fgw(Psig), for which we can compute

fc = fgw(Psig(fgw = f0)) = fgw(Af
13/3
0 Qe”) . (7.37)

While it might be possible to find fgw(Psig) analytically, in order to have a simple rule of
thumb relation of fc and the cavity parameters one can simply calculate eq. (7.32) and find
a fit in the relevant ranges of f0 and Q to find fc numerically. For frequencies in the range
of f0 ↗ 1 MHz ↑ 100 GHz and Q ↗ 102

↑ 107 a decent fit is

fc → f0 · Q
0.23 (7.38)

which, for the cases illustrated in Fig. 7.3, deviates less than 1% from the exact values
highlighted in the dashed lines (see Table 7.2).

Qe” f0 fc f
fit
c fc/f

fit
c ↑ 1

10k 1 GHz 8.35 GHz 8.31 GHz 0.5%
10k 10 GHz 83.49 GHz 83.18 GHz 0.4%
100k 1 GHz 14.23 GHz 14.13 GHz 0.7%
100k 10 GHz 142.21 GHz 141.25 GHz 0.7%

Table 7.2.: Approximation of the critical frequency fc for which the signal power Psig at
frequencies f > fc is larger than Psig in the resonance frequency f0.
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7.3. Detecting HFGW in RF-Cavities

7.3.1. Simulating Time-Series Data of a PBH Merger

For given parameters such as 00, the merger mass and distance, etc. we can write the signal
power of the GW, as shown in eq. (7.26). This signal power is the result of a sinusoidal
voltage U(t) with Psig = U

2
RMS/Z for a given impedance Z of our read out device, usually

50 #. As URMS = U0/
↔

2 for a sinusoidal voltage with amplitude U0, we can write the signal
voltage

Ugw(t) =
√

2PsigZ · )(t) (7.39)

with the signal shape )(t) from eq. (7.25).
In the hardware, e.g. the Tektronix RSA518 used in the axion and dark photon measure-

ments, the input voltage Ugw(t) passes through the 50 # input, attenuators and pre-selection
circuitry. It is then mixed with an internal local oscillator (LO) at the selected centre fre-
quency fc to translate the signal to an intermediate frequency (IF). Ideally, this mixing
operation can be written as

UIF(t) = Ugw(t) · cos(2πfc · t) , (7.40)

followed by a band-pass filter of the defined bandwidth around the IF. The IF signal is
subsequently digitised by a high-speed ADC. In the simulation, we do not model the detailed
RF path and IF stages. Instead, we work directly with a discretised version of the RF signal

vrf = Ugw

(
n

fcx

)
n = 0, 1, . . . , N ↑ 1 (7.41)

at the analyser input in N = fcx · tsim discrete time steps, where fcx is the complex sample
rate and tsim the total time simulated. For example, the RSA518 has a complex sample rate
of 56 MS/s at full bandwidth of 40 MHz.

Modern RSAs internally generate a digital LO and perform digital down conversion to
obtain a complex baseband representation of the signal. Conceptually, after digitisation
an in-phase and quadrature LO, cos(2πfc · t) and ↑ sin(2πfc · t), are applied and low-pass
filtered to yield an analytic (complex) signal.

In the simulation, we model this step by directly multiplying the discrete RF signal with
a complex exponential at the centre frequency fc evaluated at the sample times tn = n/fcx:

ϖI [n] = cos(2πfc · tn) (7.42)

ϖQ[n] = ↑ sin(2πfc · tn) (7.43)

sbb[n] = vrf [n] (ϖI [n] + iϖQ[n]) = vrf [n] · e
→i2ςfctn . (7.44)

This corresponds to an ideal complex digital down-conversion to baseband and is the discrete-
time counterpart of the IQ demodulation performed in the RSA.

In a physical RSA, the user selects an analysis bandwidth (BW). This is implemented
as a digital channel filter acting on the complex baseband data. The filter specifies which
frequency components around DC (corresponding to frequencies around fc at RF) are passed
to the output I/Q stream and with what amplitude.
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In the simulation, this behaviour is modelled in the frequency domain. First a discrete
Fourier Transform (or Fast Fourier Transform, FFT) of the complex baseband signal

S[k] =
N→1

n=0

sbb[n] · e
→i2ς nk/N

, k = 0, 1, . . . , N ↑ 1 (7.45)

fk =
k

N
fcx (7.46)

is computed, where fk represent the discrete frequency bins (with the usual interpretation
of positive and negative frequencies after reordering).

The RSA analysis bandwidth is represented by a smooth, cosine-tapered low-pass mask
H(f) centred at DC, chosen to approximate the e”ective channel filter of a Tektronix
RSA518. For a user-selected two-sided bandwidth B, we define

Bpass =
B

2
(7.47)

Broll = 0.2B (7.48)

Bstop = Bpass + Broll (7.49)

(7.50)

and set the discrete filter values at the frequencies fk as

H(fk) =






1 |fk| ̸ Bpass

1

2

[
1 + cos

(
π

|fk| ↑ Bpass

Broll

)]
Bpass < |fk| < Bstop

0 |fk| ∞ Bstop .

(7.51)

This idealised mask captures the essential passband and roll-o” behaviour of the instrument’s
digital channel filter without modelling its detailed implementation.

Applying this filter in the frequency domain gives

S̃[k] = S[k] · H(fk) (7.52)

and the filtered complex baseband signal is obtained by the inverse FFT.

s̃bb[n] =
1

N

N→1

k=0

S̃[k] e+i2ς nk/N
. (7.53)

In the real instrument, the corresponding operation is carried out by the internal digital IF
and decimation filters.

The RSA finally outputs a complex time record at an e”ective sample rate fcx, which is
interpreted as in-phase and quadrature components of the filtered baseband signal. In the
simulation, we identify

I[n] = Re{s̃bb[n]} (7.54)

Q[n] = Im{s̃bb[n]} (7.55)

together with the time stamps tn. The triplet {tn, I[n], Q[n]} thus represents the idealised
I/Q data that a Tektronix RSA-type analyser would deliver for the gravitational-wave-
induced voltage Ugw(t), under the approximations of perfect mixing, ideal sampling and
a channel filter described by eq. (7.51).
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7.3.2. Energy Deposition

If the readout is done with non-quantised methods, such as these discussed so far, the current
consensus∗ is, that the total amount of energy deposited in the cavity can be arbitrarily small.
However, as GravNet also envisions quantised methods such as single-photon readout, in
this case the deposited energy needs to be large enough to convert into (at least) one photon
of energy Eω = hf0 for such readout techniques to work.

To calculate the total number of photons in the cavity, if any, we calculate the total energy
deposited in the cavity, approximated by the integral of the signal power over the time the
signal remains in the bandwidth, and divide by the energy of a single photon at the resonance
frequency. With the signal power from eq. (7.32), the deposited energy is

E =



#t

Psig dt =

 f0+
”f
2

f0→”f
2

Psig

ḟgw

dfgw . (7.56)

Introducing the constant

ς ⇑
96

5
π

8/3

(
GMc

c3

)5/3

(7.57)

and inserting eq. (7.10) into (7.56) one can write

E =

 f0+
”f
2

f0→”f
2

A · f
13/3
gw

ς · f11/3
·


↑if

2
gw

f
2
0 ↑ f2

gw ↑ i
fgwf0
Qe!

 df (7.58)

=
A

ς

 f0+
”f
2

f0→”f
2

f
2/3

·


↑if

2
gw

f
2
0 ↑ f2

gw ↑ i
fgwf0
Qe!

 df (7.59)

where the integral is calculated numerically. This deposited energy can then simply be
divided by the energy of one photon at the cavity’s resonance frequency Eω = hf0 and by
rounding to the next lowest integer one obtains the maximum number of converted photons.
Especially, if E < Eω there is not enough energy to convert the GW signal into a photon,
resulting in a clearly defined sensitivity barrier for single-photon readout.

∗to whatever degree something as a consensus exists within the theoretical physics community
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7.3.3. Triangulating the Source Origin

If 3 geographically distant setups record a correlated signal, the GW propagation direction,
and hence its source, can be reconstructed up to a two-fold mirror degeneracy from the
relative arrival times at the di”erent setups.

To demonstrate this concept, let’s choose three axion haloscope experiments which are very
practical regarding their positioning on the globe: ORGAN in Perth (Australia), ADMX in
Livermore (California) and, of course, our very own Supax in Mainz.

Experiment Location Latitude Longitude
ORGAN Perth, Australia 31°57’ S 115°51’ E
ADMX Livermore (CA), USA 37°41’ N 121°41’ W
Supax Mainz, Germany 50°0’ N 8°16’ E

Table 7.3.: The three chosen setups to demonstrate the procedure of finding the direction of
a GW source, should multiple setups record a correlated event and their location
on the globe.

What qualifies this combination is that they all have the hardware suitable for this kind
of search and they are spread very far across the globe. The distance between the setups is
calculated by transforming the geographical coordinates into common spherical coordinates
(r,0, ◁). We can write




x

y

z



 =




r cos ◁ cos0
r cos ◁ sin0

r sin ◁



 (7.60)

with the inverse transformation

r =
√

x2 + y2 + z2 (7.61)

0 = atan2(y, x) 0 ⇓ (↑π,π] (7.62)

◁ = arcsin

(
z√

x2 + y2 + z2

)
◁ ⇓ [↑π/2,π/2] (7.63)

where 0 corresponds to the longitude and ◁ to the latitude. Positive signs correspond to
East and North while negative signs correspond to West and South respectively. The baseline
between two points j and i is then

⇀dij = ⇀xj ↑ ⇀xi (7.64)
⇀dij

 =
√

(xj ↑ xi)2 + (yj ↑ yi)2 + (zj ↑ zi)2 (7.65)

for all three of them. The approximate distances of the three setups are shown in Fig. 7.4,
where we have assumed a constant earth radius, i.e. no elevation di”erences. The time that
passes between measuring the signal in two setups i and j is defined as

$tij = tj ↑ ti and $tij =
⇀dij · k̂

c
(7.66)

where ⇀dij = ⇀xj ↑ ⇀xi and k̂ is the propagation direction of the GW with
k̂

 ⇑ 1.
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Supax ADMX

ORGAN

8 347 km

11 691 km11 290 km

Figure 7.4.: Approximate distances of three
possible experimental setups par-
ticipating in GravNet .

A single time-delay measurement between
two setups constrains the GW propagation
direction k̂ to a cone of possible solutions
around the baseline vector ⇀dij . Only in the
edge case

$t =

⇀dij


c

(7.67)

does the cone collapse to a single direction,
corresponding to the GW propagating par-
allel to the baseline. Since ⇀dij is the max-
imum projection of the baseline onto the
propagation direction, this relation also im-
plies a maximum allowed time delay. For the longest baseline of our system, between ORGAN
and ADMX, eq. (7.67) yields

$tmax → 39 ms , (7.68)

indicating that sub-millisecond precision is required to meaningfully resolve the source di-
rection of the GW.∗

To advance from the cone of possible wave-front planes we now include the third detector.
This reduces the continuum of solutions to two discrete candidates. These two solutions are
related by a mirror reflection with respect to the plane spanned by the detector baselines
and therefore cannot be distinguished using timing information alone in a three-detector
network. The propagation direction k̂ is obtained by solving

k̂ · ⇀dij = c · $tij (7.69)

k̂ · ⇀dil = c · $til (7.70)
∥∥∥k̂

∥∥∥ = 1 (7.71)

where one might want to remind themselves that

k̂ · ⇀dlj = c · $tlj (7.72)

is not a third independent equation but a linear combination of eq. (7.69) and (7.70).

⇀dlj = ⇀xj ↑ ⇀xl = (⇀xj ↑ ⇀xi) ↑ (⇀xl ↑ ⇀xi) = ⇀dij ↑ ⇀dil (7.73)

$tlj = tj ↑ tl = (tj ↑ ti) ↑ (tl ↑ ti) = $tij ↑ $til (7.74)

Equations (7.69) and (7.70) describe two planes in R3 with normal vectors ⇀dij and ⇀dil.
The intersection of these planes is a line that is orthogonal to both normals and therefore
given by

⇀n = ⇀dij ↑ ⇀dil . (7.75)

∗We neglect Earth’s rotation of ↭ 10→4 degrees during #t in the following calculation.
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To obtain a solution of the two plane equations k̂0 we impose the condition that this solution
has no component in this direction.

k̂0 · ⇀n = 0 (7.76)

This gives a 3 ↘ 3 linear system




⇀d

↘
ij
⇀d

↘
il
⇀n

↘



 k̂0 =




c · $tij

c · $til

0



 (7.77)

with a unique solution for k̂0 as ⇀dij , ⇀dil and ⇀n are linearly independent. The general solution
of the two plane equations can be written as

k̂(ς) = k̂0 + ς⇀n, ς ⇓ R. (7.78)

Applying eq. (7.71) to this we get

∥∥∥k̂0 + ς⇀n

∥∥∥
2

=
∥∥∥k̂0

∥∥∥
2
+ 2ς (k̂0 · ⇀n)︸  

= 0

+ς
2
‖⇀n‖

2 = 1 (7.79)

where the mixing term is eliminated by eq. (7.76) and therefore

ς
2 =

1 ↑

∥∥∥k̂0

∥∥∥
2

‖⇀n‖
2 . (7.80)

The two candidate solutions of eq. (7.78), shown in Fig. 7.5, are hence

k̂± = k̂0 ±

√√√√√1 ↑

∥∥∥k̂0

∥∥∥
2

‖⇀n‖
2 ⇀n . (7.81)

The normalisation condition yields two mirror solutions, k̂±, which correspond to two
possible propagation directions located on opposite sides of the plane spanned by ⇀dij and
⇀dil. Both candidates satisfy the measured time delays by construction. Identifying a unique
propagation direction requires additional information beyond the relative arrival times, e.g.
a fourth detector site. In this case we get a set of three linear equations

k̂ · ⇀dij = c · $tij (7.82)

k̂ · ⇀dil = c · $til (7.83)

k̂ · ⇀dim = c · $tim (7.84)

similar to earlier, with the di”erence that the third non-trivial timing di”erential $tim results
in a unique solution k̂ straight away. As noise and limited timing resolution in the real-world

experiment will likely yield a solution
∥∥∥k̂

∥∥∥ ′= 1 the practical implementation will likely be

solving for least squares

k0 = arg min ‖Dk ↑ b‖
2 (7.85)
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D =




⇀d

↘
ij
⇀d

↘
il
⇀d

↘
im



 , b =




c · $tij

c · $til

c · $tim



 (7.86)

and then setting

k̂ =
k0

‖k0‖
(7.87)

where one could report
∥∥∥Dk̂ ↑ b

∥∥∥ as fit quality.

dij

dil

k+

k�

k+

k�

Figure 7.5.: Left: Three detectors define two cones, which overlap in two directions. Right:
To determine which one of k̂± is the true source, a fourth setup is needed. With
the resulting three cones, k̂+ is identified as the true source in this example.

For visualisation purposes, k̂ in spherical coordinates can then be converted back into
geographical coordinates. The resulting geographical coordinates can then be interpreted in
the way that a vector from the Earth’s core to this position is the propagation direction of
the wave. To find the source one would need to look at the antipodal coordinates

◁antipodal = ↑◁ (7.88)

0antipodal = 180° ↑ 0 (7.89)

as this is where the GW is originating from.
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8. Future Prospects

8.1. Further SRF Cavity Development

Beyond our initial NbN approach, which has proven to be unsuitable for use within the
magnetic field, and thereby for axion searches, two possible development directions ap-
pear promising in the quest to become less dependent on the current dependence on RE-
BCO/YBCO tapes for superconducting cavities used in haloscopes. The first is defect en-
gineering. Since vortex losses arise from vortex motion, deliberately introduced defects can
be beneficial when they act as pinning centres and restrict that motion. This idea is well
established and in YBCO-based materials artificial pinning centres99 and irradiation in-
duced defects100 have been shown to enhance pinning and improve performance. However,
whether a comparable strategy is equally e”ective in other candidate materials is unclear.
The second direction is to investigate other superconductors whose vortex dynamics may be
more favourable in the high-frequency, high-field range relevant to haloscopes. Iron-based
superconductors appear to be promising in this context.101

8.2. That Single-Bin Power Excess in the Dedicated Dark Photon
Measurement

The abnormal bin in the dedicated DP measurement should be investigated further. The
most likely scenario is that it simply is an electronic relic. A series of measurements needs to
be conducted on this. Firstly, without any cavity, a considerable amount of noise should be
recorded with the RSA at this specific frequency, varying the centre frequency of the RSA
and checking if a) the excess is still there and, if so, b) it varies with the centre frequency of
the RSA. If that is the case one can conclude that it must be a relic of the RSA’s conversion
from time domain to frequency domain. If one observes a power excess at the same frequency,
independent of the RSA’s centre frequency it should be determined if this is an actual RF
signal. For this a cavity, with resonance frequency near this suspicious frequency, can be
utilised. Data is collected for two cases: cavity resonance tuned to be aligned with the
suspicious frequency and tuned to be deliberately not aligned with it. If the signal is of RF
nature, it should be enhanced with the cavity’s quality factor when the frequencies align vs
when they do not align. Should this yield the result that it really is an RF signal and not a
relic of the readout electronics we must consider an outside signal. Some sources known to
operate in this frequency region of 8 ↑ 10 GHz (commonly called X-band in IEEE or I-band
in NATO jargon) are ATC and radar systems. The nearby Frankfurt Airport installed a
new GBAS∗ in 2022 as addition to the widely used ILS∗ to help landings in bad weather
conditions. Furthermore, with Ramstein Air Base nearby there is certainly no shortage of

∗GBAS = Ground Based Augmentation System (a form of Precision Approach Radar)
ILS = instrument landing system
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radar systems in the area. However, all of these civil and military radar systems typically
operate relatively broadband with signals over several MHz and are therefore very unlikely to
be the source of this one-bin (< 1 kHz) power excess. Narrowband emitters in this frequency
range include satellites and protected radio astronomy observations around 8.4–8.5 GHz.
Satellite carriers can indeed be only a few hundred hertz wide, but would generally not be
expected to remain within this narrow frequency bin over several hours of data acquisition.
With these possibilities excluded, the most plausible explanation is that the feature arises
from within the measurement chain itself, for example as a local oscillator leakage which
naturally produces very narrow and highly stable signals in the gigahertz range. This can
only be avoided by using a di”erent RSA or shielding the experiment from the RSA.

If this excess had been measured in an experimental run with an external magnetic field
the signal might have actually been a possible candidate. If one assumes that dark matter
is not distributed entirely homogeneously and one considers the possibility of axion tidal
streams, there might be signal signatures as narrow as 10→6

↑ 10→2 Hz in the probed mass
range, falling well within one single bin.102 However, for dark photons, no such mechanisms
are known yet.

8.3. Achievable Axion Limits with One Year of Data Acquisition

The frequency scanning speed df
dt at which a certain axion-photon limit can be reached can

be derived directly from the signal and system noise, as shown in [103]. The signal power is
known from eq. (3.66) and the system noise

Pnoise = kBTsys

√
$↽

$t
(8.1)

is described as fluctuations in the noise power PN within an integration time $t over the
bandwidth $↽. If we aim to reach the QCD-axion limits, we must restate the coupling factor
gaωω into the model-dependent, dimensionless factor

gω =
π
↔
ω

maς
gaωω (8.2)

as seen earlier in eq. (3.22). This factor is g
KSVZ
ω = ↑0.97 for the KSVZ and g

DFSZ
ω = 0.36

for the DFSZ model. The resulting scanning rate has been derived in [103] and using eq.
(3.22) becomes

d↽

dt
=

[
g
2
ω
ς

2

π2ω

ma⊋2
c
5
ε0

kBTsys

Ve”ϱDMB
2
0

SNR

φ

φ + 1

]2

Qa min(QL, Qa) (8.3)

where we will assume the usual SNR = 5 for a 95% confidence level, as we did in the
analysis (sec. 6.7.2). Table 8.1 shows the scanning rate and possible scanned frequency range
when aiming for exclusion of both main theoretical models. The existing setup assumes the
experimental characteristics of the analysis presented earlier (right side of Tab. 6.4). The
future setup assumes a cylindrical cavity with round cross section where the e”ective volume
is given by

Ve” = πr
2
L · C010 = π (4.5 cm)2 14 cm · 0.69 = 610mL (8.4)
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and the external magnetic field is B0 = 12 T. The form factor C010 here has a di”erent
convention as in sec. 3.4.2 where the three indices stood for x, y, z. Here, as we have a
cavity with a circular cross section, calling for indices ◁, r, z corresponding to cylindrical
coordinates. It is the equivalent of the TM110 mode used in the rectangular cavity. The
form factor and resonant frequency have been derived in [59] as

↽0n0 =
xn

2π

c

r

n=1
= 2.55 GHz (8.5)

C0n0 =
4

x2
n

n=1
= 0.69 (8.6)

where xn
n=1
= 2.405 is the n-th (first) root of the zeroth-order Bessel function J0(x). The

readout antenna is coupled to φ = 2 as this is optimal for maximizing the scanning rate.
This scan rate optimised coupling assumes QL < Qa and is obtained as a simple optimizing
problem of eq. (8.3) where one has to recall QL = Q0/(φ + 1).

0
!
=

d

dφ

(
d↽

dt

)
(8.7)

=
d

dφ

(
φ

2

(φ + 1)3

)
(8.8)

= ↑
(x ↑ 2)x

(x + 1)4
(8.9)

↖ φmax = 2 (8.10)

Furthermore, the planned setup aims at an ambient temperature of 20 mK and a readout
chain at the Standard Quantum Limit (SQL). The details of this are discussed extensively
elsewhere, as it is the gold standard of cavity haloscopes. Here it shall su!ce to say that
with readout at the SQL the system noise temperature is not simply the sum of the ambient
temperature and added noise of the read out but rather

Tsys =
h↽

kB

(
1

ehε/kBTamb ↑ 1
+ 1

)
(8.11)

which, for Tamb = 20mK and ↽ = 5.1 GHz, gives Tsys → 245 mK.

KSVZ DFSZ

scanning rate
scanned freq.

scanning rate
scanned freq.

range (1 year) range (1 year)

Existing setup 31.6 Hz/day 8.8 kHz 0.6 Hz/day 168 Hz
Future setup

6.4 MHz/day (1.8 GHz) 0.12 MHz/day (34 MHz)
(QL = 40k)
Future setup

64 MHz/day (18 GHz) 1.2 MHz/day (341 MHz)
(QL = 400k)

Table 8.1.: Expected scanning rate, and expected scanned frequency range if the experiment
takes data for 40 weeks (1 experimental year) in total at the respective rate,
assuming KSVZ and DFSZ limit sensitivity for the existing setup and the planned
setup at the University of Bonn.
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Looking at Table 8.1, there is no point in setting KSVZ or DFSZ-level limits at a reasonable
frequency range with the current setup. The planned setup holds a significant improvement
in the system noise, due to the implementation of a dilution fridge rather than the LHe
cryostat, and possibly the unloaded quality factor, given that an applicable superconductor
is found that can bring Q0 into the range of 105

↑ 106 in the magnetic field. It also holds
the advantage of being at a much lower frequency, the e”ects of which are discussed later in
this section. The 1-year scanned frequency range shown in the table however, is also not a
very sensible estimate here as eq. (8.3) assumes frequencies near the resonance frequency.
While “near” is a fuzzy term, it is clear that, for ↽0 = 2.55 GHz, a range of 1.8 GHz (let alone
18 GHz) cannot be considered “near”. Additionally, scanning at such speeds relies on a very
precise tuning mechanism. The currently employed pressure tuning is ruled out for several
reasons. Firstly, the range of tuning by pressure is limited to a few MHz at best and secondly,
the new setup is placed in a dilution fridge rather than a LHe cryostat. Therefore, a classic
tuning rod will be installed, which modifies the form factor (typical values for cylindrical
cavities with a tuning rod are around C010 ↗ 0.5), the quality factor and the total volume, as
the volume taken up by the tuning rod is not accessible as detector volume. Additionally, it
is planned that besides the r = 4.5 cm cavity several more will be operated to access higher
frequencies. In our Conceptual Design Report we estimate to cover 1.64 GHz at 0.9↘KSVZ
(Q0 = 400k) or at 1.45 ↘ KSVZ (Q0 = 40k) in one experimental year using these strategies
and more realistic assumptions.104

Coming back to the remark about the frequency dependency of the scanning speed, it
is questionable if experiments in the 8 ↑ 10 GHz regime can ever get close to the scanning
rates of setups in the ↗ 1 GHz regime. That is because the low frequency cavities can be
much larger, often with an e”ective volume in the order of 20 ↑ 40 litres. Isolating just the
dependence on the searched frequency range and e”ective volume we can define a figure of
merit F as follows

d↽

dt
↓ V

2
e”m

2
a ⇑ F (8.12)

to compare the size di”erence due to geometry, assuming that reaching a similar level of noise,
magnetic field and quality factor are problems that can be solved with su!cient engineering
e”ort. For the SUPAX cavity we get

FSUPAX = [56.28 mL ↘ 8.4 GHz]2 → 0.22 [L · GHz]2 (8.13)

while for recent results of ADMX105 and CAPP,106 both in the range of 1.0 ↑ 1.3 GHz, we
get

FADMX = [0.4 · 107 L ↘ 1.1 GHz]2 → 2200 [L · GHz]2 (8.14)

FCAPP = [0.6 · 37 L ↘ 1.1 GHz]2 → 600 [L · GHz]2 . (8.15)

This gives an advantage of roughly 10,000 (ADMX) or 2,700 (CAPP) over the SUPAX
experiment by geometry alone. This way they are able to reach scanning rates of a few MHz
per day, which is hardly possible with the geometry required for cavities searching for axions
in the 8 ↑ 10 GHz regime.

One final observation is worth noting. The relation d↽/dt ↓ V
2
e” might incite the thought

that maximizing volume by using a higher mode of a larger cavity can gain scanning speed.
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However, from equations (8.5) and (8.6) we learn that the e!ective volume of a circular cross
section cavity

Ve” = πr
2
L · C0n0 =

c
2
L

π↽2
n

(8.16)

for a given goal frequency ↽n does not depend on whether that frequency is reached via TM010

of a smaller or TM020 of a larger (radius) cavity. The scanning rate d↽/dt also depends on
Q0 of the used mode, which is always highest for the base mode. Therefore, there is no point
in using any modes other than the base mode.
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The axion is a highly compelling answer to two of the most interesting open questions in
modern physics. Introduced through the Peccei-Quinn mechanism as a solution to the strong
CP problem, it also emerges as a viable cold dark matter candidate. A specific experimental
technique used in axion searches, the cavity haloscope, is also sensitive to other interesting
dark matter candidates. This includes dark photons and, with some modifications, high-
frequency gravitational waves which can be emitted by primordial black holes through various
mechanisms.

In this thesis, the first physics results of the Supax experiment have been presented. Su-
paxwas designed as a superconducting axion haloscope experiment operating around 8 GHz,
corresponding to particle masses in the µeV regime. At these frequencies, cavity haloscopes
face the challenge that the cavity volume decreases as the resonant frequency increases,
while the expected signal power remains very small. The use of superconducting materials
is therefore a necessity for the e”ort of maintaining scanning rates similar to those in the
low or sub-GHz regime. In this context, the NbN-coated cavity studied in Supax provides a
result of another material in order to answer the question whether superconducting coatings,
besides the commercially available and often troublesome REBCO or YBCO tapes, can be
integrated into axion haloscope operation at high frequencies and, crucially, in the presence
of an external magnetic field.

The experimental work presented here includes the characterisation of the relevant cavities
and the data acquisition chain. Besides the cavity, which was studied with a vector network
analyser and compared to the expected properties obtained by simulation, the pressure and
temperature conditions inside the cryostat were monitored and managed during experimental
runs. The system noise and attenuation were characterised and e”orts were undertaken to
ensure e!cient cooling of all active parts during cryogenic operation, a challenging task
especially inside the magnet.

The first experimental run in March 2024 tested the feasibility of NbN as a superconduct-
ing coating both with and without an external magnetic field. The coating improved the
unloaded quality factor by a factor of approximately 8 in the absence of a magnetic field,
but the superconductivity broke down rapidly, yielding no significant improvement of Q0

over the uncoated cavity in the presence of the magnetic field. However, as it improved the
quality factor significantly without the external magnetic field, it was used in the second
experimental run in April 2024, in the first test for operation as a haloscope. The obtained
data was used to set an exclusion limit for the kinetic mixing of dark photons down to
ω > 8.78 · 10→15 around 8.4712 GHz (mDP → 35µeV), assuming randomly polarised dark
photons.

After some engineering e”orts in order to e”ectively cool the setup despite the modifica-
tions needed for the operation in a magnetic field, the third experimental run was conducted
in October 2024 inside the magnet. This run sets an exclusion limit in a frequency range of
1.44 MHz around 8.265 48GHz, corresponding to an axion mass of approximately 34.18 µeV,
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9. Conclusion

excluding axion-photon couplings down to gaωω > 1.67 · 10→13 GeV→1. This limit was then
recast into an additional dark photon limit, yielding an exclusion down to ω > 1.97 · 10→14.
These limits demonstrate that the Supax experiment is capable of producing physics results
from cryogenic microwave-cavity data at a comparable sensitivity to similar experiments.

The presented experimental setup is to be understood as a base from which research into
di”erent directions can be undertaken. It is the first experiment to use helium pressure
for tuning, it tested NbN as a possible alternative to tape-based superconductors and in-
tends to test other superconductors in the future, and it also serves as a prototype for the
GravNet experiment.
GravNet is a proposed network of haloscopes, which aims to extend the use of existing

axion haloscope infrastructure to more exotic searches such as high-frequency gravitational
waves. By adapting the GHz cavities employed in these experiments it targets a frequency
range not accessible to conventional GW detectors. Primordial black holes provide one
possible source of such signals, and their connection to dark matter gives ample motivation
for this search. The simulation package developed in this thesis allows the output of the
present GravNet , or in fact Supax , data acquisition chain to be modelled for HFGW
signals from PBH mergers. This provides a way to test analysis strategies before the full
experimental setup is completed and characterised.

Summarizing, the work presented in this thesis contributes to the experimental search
for dark matter in three ways. It demonstrates Supax ’s ability to set exclusion limits
competitive with other axion haloscopes, it probes new materials in order to tackle the
dependence of haloscope experiments on niche commercial superconducting tapes and lastly,
it sets the stage for a new type of gravitational wave search utilizing haloscope cavities
arranged in a global network by providing a first prototype of signal simulation, allowing
the early development of analysis techniques, while the experimental setups are still under
construction.
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Appendix

A. Normalisation of Continuous and Discretised Lineshape

To show that by design
 ↔

0
f(↽) d↽ = 1 =



q

Dq (A.1)

let us consider first the definition of the virialised dark matter lineshape f(↽) as given in eq.
(6.40).

f(↽) =
2

↔
π

(√
3

2

1

r

1

↽a △φ2▽

)
sinh

(
3r

√
2 (↽ ↑ ↽a)

↽a △φ2▽

)
exp

(
↑

3 (↽ ↑ ↽a)

↽a △φ2▽
↑

3r2

2

)

The first point to make is that obviously there is no power for frequencies below the frequency
corresponding to the rest mass of the DM particle ↽a (index a for axion to stay consistent
in the notation, but this is generally valid for all kinds of particles considered). So f(↽) = 0
for ↽ < ↽a and therefore

 ↔

0
f(↽) d↽ =

 ↔

εa

f(↽) d↽ . (A.2)

We introduce a substitution

t =
2(↽ ↑ ↽a)

↽a △φ2▽
(t ⇓ [0,⇐)), d↽ =

↽a
〈
φ

2
〉

2
dt. (A.3)

and simplify by factoring the constants (with respect to t) out of the integral.
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Putting constants to the side for now, for the remaining integral we substitute

u =
↔
t , dt = 2u du (A.6)
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We can use the standard Gaussian integral
 ↔

0
x e

→ax2
sinh(bx) dx =

b
↔
π

4a
↔
a
e

b2

4a fora > 0 (A.8)
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found in various integral tables and identify the integrals (A.7) and (A.8) with a = 3/2 and
b = 3r to obtain

 ↔

0
2u sinh(3ru) e→ 3

2u2
du =
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2 · (3/2) ·
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3/2
e

(3r)2
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e
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Now we simply insert this result into eq. (A.5)
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and have shown that, independently of the rest mass ↽a and the local rotational speed
determining

〈
φ

2
〉
, the continuous lineshape f(↽) can be interpreted as a probability density

function. It follows that for any partition of [↽a,⇐) into disjoint intervals Iq = [↽a + (q ↑

1)$↽, ↽a + q$↽) the quantities

Dq =

 εa+q#ε

εa+(q→1)#ε
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

Iq

f(↽) d↽ ∞ 0 (A.12)

define the probability mass on the interval Iq, or bin q, which satisfy

↔

q=1

Dq =



⋃
q Iq

f(↽) d↽ =

 ↔

εa

f(↽) d↽ = 1 . (A.13)
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Appendix

B. Computationally E!cient Limit Setting

The following is a reformulation of the limit setting process shown in the main part. It is,
in my opinion, less instructive than its representation in section 6.6.1, but for the two data
sets that have been analysed in this work it is faster by a factor of approximately 10, 000,
which is not negligible, so it is presented here for future reference.

Since the signal model of eq. (6.46) depends only on a single parameter A, the likelihood
function can be reduced to an e”ective one-dimensional problem. Starting from
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we can expand the square and get
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Completing the square in A gives
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where the term F ↑B
2
/C is clearly independent of A. The resulting factor exp


F ↑ B

2
/C



can therefore be factored out of the integrals of eq. (6.49) and cancel out. We can therefore
identify
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ϑ̃
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

k


D

S
k

2


ϑ

g
k

2

]→1/2

(B.8)

to write S(⇁g
k, A) in a familiar form.

S(⇁g
k, A) =

(
A ↑ ⇁̃

g
)2

(ϑ̃g)2
+ const. (B.9)

Crucially, this is just a number here as the lineshape weighting, the N -entry sum for an
N -bin long signal, is done just once in equations (B.7) and (B.8) instead of in every iteration
of the integral. This is what yields the large e!ciency boost.
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B. Computationally E!cient Limit Setting

As before, we can generalise the previous result, which assumes independent bins, to
include bin-to-bin correlations. Using the signal model

y = AD
S
, (B.10)

the likelihood can again be reduced to an equivalent one-dimensional problem by defining

⇁̃
g =

(DS)T
C

→1
⇁
g

(DS)TC→1DS
(B.11)

ϑ̃
g =


(DS)T

C
→1

D
S
→1/2

(B.12)

One might note here that the quantity ⇁̃
g is similar to the lineshape weighted SNR of the

alternative analysis approach (sec. 6.6.2). In fact, in terms of the uncertainty it is exactly the
same: ⇁̃

g
/ϑ̃

g
⇑ ⇁

l
/ϑ

l = D
l
/R

l. Its shape appears to be imprinted with a certain structure
and so does the limit set with the main method. We can try to explain this to a certain
extent here. Even if the original fluctuations ⇁

g
k are perfectly Gaussian distributed and

statistically independent between bins, the lineshape weighting, one might call it filtering,
induces correlations between neighbouring values of ⇁̃g. To illustrate this, consider a discrete
white-noise process x[n] with

E[x[n]] = 0 (B.13)

E[x[n]x[m]] =

{
ϑ

2
, n = m

0, n ′= m.
(B.14)

Filtering this process with a signal shape h[k] yields

y[n] =


k

h[k]x[n ↑ k] (B.15)

and the autocorrelation of 4 bins of this process is then

Ry[4 ] = E[y[n] y[n + 4 ]] (B.16)

=


k



m

h[k]h[m]E[x[n ↑ k]x[n + 4 ↑ m]] . (B.17)

Using eq. (B.14), the expectation value is non-zero only for

n ↑ k = n + 4 ↑ m (B.18)

↖ m = k + 4 (B.19)

and therefore the double sum collapses to

Ry[4 ] = ϑ
2


k

h[k]h[k + 4 ] (B.20)

showing that the autocorrelation of the filtered process is equal to the autocorrelation of
the signal shape itself. This is shown in Fig. 1 for generated white noise, the data of both
runs presented in this thesis and the signal template. In our specific case that means that
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the correlations, and hence the characteristic structure, of ⇁̃
g (and the limit set by it, as

well as D
l
k in the alternative approach) are determined by the autocorrelation properties of

D
S
k . Since the SG filtered signal template (see Fig. 6.9) contains alternating positive and

negative side lobes beside the main peak, its autocorrelation is also oscillating to a certain
degree. Neighbouring values of ⇁̃g are therefore expected to show correlated oscillatory be-
haviour even in the absence of any physical signal, purely induced by the lineshape weighting
procedure. Since the likelihood can be written as a Gaussian in A centred at ⇁̃

g, the upper
limit AUL is directly determined by ⇁̃

g and ϑ̃
g. Consequently, any oscillation-like structure

in ⇁̃
g induced by the lineshape weighting is expected to be reflected in AUL, and hence the

limits ω and gaωω , as well. However, AUL is not simply proportional to ⇁̃
g. The restriction

to physical signal amplitudes A ∞ 0 of eq. (6.48) maps negative and positive fluctuations of
⇁̃
g asymmetrically. As a result, the limit is expected to exhibit a structure similar but not

identical to that of ⇁̃g
/ϑ̃

g, which for our signal template and choice of SG-filter appears to
be somewhat periodic.
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Figure 1.: Autocorrelation (AC) Ry for lags 4 = 1, . . . , 100 for the axion (top) and DP run
(bottom). In both cases the general structure of the data’s AC follows that of the
signal template, explaining the oscillating structure of ⇁̃g and the limit.
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C. Characterisation Data for the NbN Superconducting S-Curve

C. Characterisation Data for the NbN Superconducting S-Curve

Temperature [K] QL φ Q0

200 26665 ± 29 - -
180 26942 ± 30 - -
170 31991 ± 42 - -
150 35210 ± 51 - -
139 36170 ± 54 - -
130 37712 ± 58 - -
120 39686 ± 65 - -
110 41857 ± 72 - -
100 38645 ± 61 - -
90 42419 ± 74 - -
80 48949 ± 98 - -
70 52213 ± 112 - -
60 55576 ± 127 - -
50 68714 ± 116 - -
45 68786 ± 116 - -
20 87436 ± 188 - -

18.4 81096 ± 54 0.0017 ± 0.0002 81235 ± 57
14.5 84147 ± 58 0.0018 ± 0.0002 84295 ± 60
13.1 90046 ± 67 0.0033 ± 0.0001 90346 ± 68
12.1 118276 ± 57 0.0064 ± 0.0006 119037 ± 90
12 109635 ± 296 0.0072 ± 0.0001 110423 ± 298

11.6 121290 ± 60 0.0080 ± 0.0063 122258 ± 772
11.2 205887 ± 174 0.0104 ± 0.0592 208024 ± 12183
9.9 234392 ± 1352 - -
9.7 226650 ± 211 0.0177 ± 0.0038 230658 ± 880
9.1 240845 ± 476 0.0218 ± 0.0002 246086 ± 490
7.8 288142 ± 1363 0.0285 ± 0.0002 296359 ± 1403
7.5 310879 ± 1586 0.0304 ± 0.0003 320328 ± 1637

7.4 #1 313130 ± 1609 0.0331 ± 0.0003 323509 ± 1665
7.4 #2 316923 ± 1649 0.0326 ± 0.0003 327253 ± 1705
7.4 #3 331765 ± 1807 0.0327 ± 0.0003 342607 ± 1868
7.4 #4 312193 ± 1600 0.0329 ± 0.0003 322464 ± 1655
7.38 288213 ± 341 0.0323 ± 0.0016 297512 ± 588
3.8 322647 ± 1712 0.0727 ± 0.0008 346103 ± 1854

Table 1.: Measurements of superconductivity curve of NbN coated cavity without application
of external magnetic field.
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D. Cryostat Operation

For a typical measurement procedure several steps are to be conducted in a certain sequence
to allow for smooth operation while taking data. These are:

1. Pumping

2. Leak Testing

3. Flushing the system with helium

4. Filling the thermal nitrogen shield

5. Filling the internal helium dewar

6. Cooldown

Step 1: Pumping

After the inset is assembled to meet the measurement-specific requirements (all cables
fixed, no loose SMA connections, electronic height adjusted to use with or without magnet,
etc.) it is inserted and all valves are to be closed. Now the main pump is switched on,
ideally pumping a vacuum overnight or at least several hours. The cavity only has a very
small groove for the air inside to be sucked out, so evacuating the probe volume with the
cavity inside takes some time. Simultaneously, the vacuum shield should be pumped at least
overnight if its pressure is not still below 10→5mbar from a previous experimental run.

Step 2: Leak Testing

Once the shield, the internal dewar and the probe volume are su!ciently pumped, a
helium leak tester should be used to check if all gas system connections are tight. While a
leak rate of 10→10 mbar l/s and lower needs to be achieved to qualify the system as technically
tight a leak rate of < 10→7 mbar l/s is su!cient for our use since the helium liquefier can
handle some minor impurities in the returned helium. The unit mbar l/s stands for millibar
litres per second. The leak tester has a small gas pistol which should be used to emit small
amounts of helium in the vicinity of all connections which have been opened. If there are
leaking connections the cryostat is to be vented, opened and the sealing ring should be
inspected. Counterintuitively, brand new sealing rings are often more problematic than used
ones. This is because many manufacturers deliver the rings with barely visible aluminium
shavings from the centring ring. The best way of cleaning these rings is by simply running
them between your fingers until there are no more visible impurities. ‘Cleaning cloths’ or
even chemical cleaning agents usually make the problem worse either by attacking the rings’
material (in case of chemicals) or leaving new micro fibres (in the case of cloths). Once all
leaky connections are fixed, repeat from Step One.

Step 3: Flushing the system

Having made sure there are no leaks in the entire system (pump, internal dewar and probe
volume) and the inside is pumped to → 10→2mbar it is now time to flush out the residual air.
For this the valve between cryostat and pump is closed and helium is flushed into the system
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D. Cryostat Operation

from a gas bottle (usually leak testers come with a helium bottle anyway) until the pressure
is at 1 bar. Now the system is pumped again into the double digit mbar range. This process
should be repeated at least 3 times. At the end the cryostat should be filled with helium at
a pressure slightly above ambient pressure.

Step 4: Filling the thermal nitrogen shield

The cryostat is equipped with a thermal shield of liquid nitrogen. This compartment has
two openings, one KF16 and one simple exhaust pipe. To fill the shield the KF16 blind flange
is removed and the transfer line of a liquid nitrogen dewar is inserted.

Figure 2.: Stick made from acrylic glass used
to determine the filling level of the
liquid nitrogen shield. The stick
will condense the moisture of the air
and fog up where it has touched the
liquid nitrogen.

The exhaust pipe should be open since in the
process of filling a lot of nitrogen evaporates
(the shield itself has to cool down as well).
The level of liquid nitrogen in the system can
be checked using an acrylic glass rod (see
Fig. 2), where ambient humidity will freeze
only where the rod was submerged in the liq-
uid. Once the shield is full∗ close the KF16
blind flange. The shield will continue to boil
a bit, but settles down after a few minutes.
The exhaust pipe should then be closed with
a Bunsen valve. This kind of valve can be
easily crafted yourself, consisting only of a
hose which is closed at one end (by letting
some two-component glue run into the end
for example) and has a 2 ↑ 3 cm long slit
in it. This allows gas to escape when there
is overpressure inside but will not suck air
inside when the pressure inside falls below
ambient pressure. This way we can make sure there is only nitrogen and no moisture (from
air) inside but there is also no pressure building up in the shield.

Step 5: Filling the internal helium dewar

With helium at slight overpressure inside the probe volume and internal dewar, the ni-
trogen shield filled and the insulating vacuum pumped now finally liquid helium can be
introduced into the system. For this you first disconnect the helium return line from the
dewar and build slight overpressure in the dewar with the balloon, to prevent polluting the
helium gas during insertion of the transfer line. The transfer line is slowly inserted into
the dewar, staying above the liquid in the gaseous area. This now flushes the transfer line
with helium. Since there is only very light overpressure in the dewar, this may take up to
10 minutes, depending on how safe you want to be not to introduce air into your system

∗Unless you are incredibly lucky and test the LHe level with the stick 1 cm before it’s full you will notice
the shield being full by some light splashing of liquid nitrogen. Obviously filling should immediately be
stopped then, however there is no need for increased concern due to the splashing. Splashing liquid nitrogen
will not harm skin due to the Leidenfrost e!ect, with one exception: the eyes. As the eye holds a lot of water
which can freeze very quickly, leading to permanent eye damage. That’s why it is highly recommended to
always wear goggles or a face shield when handling any cryogenic liquids.
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after you have spent so much time making sure there is only helium inside - patience is
advised. Once the transfer line is flushed you can open the internal dewar and swiftly insert
the transfer line. This will likely introduce a small amount of air (and with it moisture)
into the system. For this reason the system should be flushed with gas through the transfer
line for some time. For this it is important that neither the internal dewar nor the external
dewar carrying the liquid helium is not connected to the return line. The helium should
flow from the external dewar through the transfer line, the internal dewar, the needle valve
connecting the internal dewar and the probe volume∗ and then into the return line. Once
you feel comfortable that you flushed out any impurities and there is only gaseous helium
in your system you can now finally insert the transfer line into the dewar holding the liquid
helium. It is advised to do this very slowly and having a constant eye on the pressure since
the transfer line comes from room temperature and will certainly boil the helium until it is
cooled to → 4.2 K. The level sensor in the internal dewar will show an increase in resistance
once liquid helium is filling the internal dewar.

Step 6: Cooldown

If you see the internal dewar filling up you can adjust the needle valve and the pump to a
configuration where the pressure is around 100↑200 mbar and the needle valve is open to an
extent where lots of gaseous helium can flow but no liquid is filling the probe volume. This,
to some extent, is based on experience. You will be able to see the temperature drop in the
Grafana display. A slow cooldown is approximately 2 K per minute, a fast cooldown will be
at up to 10 K per minute, which is pushing it a little bit and risking filling the volume with
liquid. Staying at a cooldown rate around 5 K per minute is what we are usually aiming at.
With this we can cool down from room temperature to → 4 K in just under an hour. The
key for a swift cooldown is staying at low pressure (50 ↑ 100 mbar) in the probe volume.
This requires a fully open pump and a just barely opened needle valve.

Step 7: Starting data acquisition

Wait until the cavity is cooled to the target temperature. The temperature in Grafana
might indicate the cavity is cold but since the sensor is on the outside the entire copper
might not be in thermal equilibrium. As a safe indicator that the cavity is cooled entirely is
if the resonance frequency is stationary, this should be monitored with the VNA. Once the
cavity’s resonance is at its target frequency (adjustable by pressure) and stationary you can
detach the SMA cable for the input and change the output from feeding into the VNA to now
feeding into the RSA. The now open RF port should be closed with a 50 # terminator. The
port is attenuated and is only reaching the cavity’s weakly coupled port so not much power
should reach the cavity anyway. Still, an open RF port is e”ectively an antenna feeding
300 K thermal noise power into the cavity. This is e”ectively avoided using the terminator.
Finally, the data acquisition process can be started.

∗This is crucial. There has been an instance in which the flushing was not done through the needle valve.
As a consequence, the ambient humidity of the air, introduced during inserting the transfer line, was cooled
until it froze the needle valve shut. No helium flow into the probe volume possible meant stopping the entire
measurement run, warming everything up and starting again. You do not want to waste an entire day like
that because you were too impatient to wait 2 minutes.
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