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1 Introduction

The study of fundamental symmetries of Nature is central to the development of the
Standard Model as well as its possible extensions. In particular, the basic structure of the
Standard Model (SM) is built from the gauge symmetry groups SU(3)c × SU(2)L ×U(1)Y ,
while the three generations of SM fermions admit a residual U(1)B×U(1)L global symmetry
after accounting for arbitrary Yukawa interactions and massive neutrinos. While the role of
the SM gauge symmetries is well-understood as conserved current interactions among SM
matter fields (albeit spontaneously broken in the case of the electroweak symmetry), the
global symmetries have no corresponding low-energy mediators and are in fact expected to
be violated individually because of their anomalous nature. In contrast, the Peccei-Quinn
symmetry [1, 2] is also an anomalous global symmetry that is spontaneously broken at a
high scale fa, leading to a very light axion degree of freedom [3–8] that is responsible for
the resolution of the strong CP problem. Given that the non-observation of the electric
dipole moment of the neutron strongly constrains the anomalous theta term θ̄GG̃ of the
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SM, with θ̄ ≡ θ + arg detMq, to be θ̄ . 10−10 [9–11], experimental searches for axions are
highly motivated.

From this viewpoint, we want to consider the interplay between gauged anomalous
global symmetries of the SM and the Peccei-Quinn (PQ) symmetry, with a particular
focus on the distinction between the corresponding Z ′ and axion degrees of freedom of the
two symmetries, respectively. For concreteness, we will gauge SM baryon number, which
necessarily requires the addition of new electroweak-charged fermions called anomalons to
cancel the SU(2)2

L × U(1)B and U(1)2
Y × U(1)B anomalies [12–20]. To connect to axion

physics, we will also add two SU(2)L Higgs doublets and two U(1)B Higgs fields with
Dine-Fischler-Srednicki-Zhitnitsky (DFSZ) model-like couplings [7, 8]. In this way, the
usual SM gauge singlet in DFSZ axion models is now the remnant pseudo-Nambu Goldstone
boson from U(1)B symmetry breaking and is orthogonal to the Goldstone eaten by the Z ′

vector boson, enabling us to explore the nontrivial dynamics of these Goldstone fields. One
key motivation for studying the gauged baryon number extension of the Standard Model is
to divorce the global baryon number anomaly of the SM quarks from the WW̃ and BB̃
couplings of the axion in DFSZ constructions. A second key motivation is studying the
interplay of axion and Z ′ interactions arising from the orthogonality of the PQ and U(1)B
symmetries. Recent work has also emphasized how chiral U(1) extensions of the Standard
Model can alleviate the axion quality problem [21], but implementing this in the U(1)B
symmetry context will be addressed in future work.

Furthermore, we are focused on the effective description of axions and axion-like particles
in the presence of new U(1) gauge symmetries. While the SM effective field theory (EFT) of
axions and axion-like particles (ALPs) has been extensively discussed recently [22–37], the
study of anomalous PQ breaking and the corresponding assumptions on the effective field
theory are crucially important. As an example, models featuring nontrivial completions of
the quantum chromodynamics (QCD) gauge symmetry can shift the viable axion mass range
into the electroweak scale and heavier [38–41], marking a new regime for axion effective
field theory.

Our top-down approach to axion+Z ′ effective field theory from a gauged baryon
number and DFSZ axion model predicts specific patterns of couplings of the axion and
Z ′ degrees of freedom to the SM fermions and gauge bosons. We will show that these
patterns are a direct result of the ultraviolet (UV) requirement of anomaly cancellation, the
one-loop trace condition to eliminate cut-off scale dependent kinetic mixing [20], and the
requirement for the charges of the new matter fields to allow decays into SM fields in the
early universe, avoiding new color- or EM-charged stable relics. We will also emphasize the
new collider observables that result from our work, which include decays such as a→ hZ

and Z ′ → ah signatures.
The outline of our paper is as follows. In section 2, we present the gauged baryon

model augmented by the DFSZ-like axion scalar sector. We will emphasize the role of the
anomalon sector in determining the absence of chiral anomalies and log-divergent kinetic
mixing, as well as the origin of the Peccei-Quinn symmetry from the scalar potential.
In section 3 we present a general calculation of EFT operators in an axion interaction basis
focusing on the operators mediating axion-vector-vector couplings and axion-vector-Higgs
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couplings. Our calculations are presented in section 4 as generic loop functions that allow
for flavor-changing vertices of the intermediate fermions. We discuss the phenomenological
aspects of our model in section 5 and highlight the new discovery and search channels
involving the Z ′ and axion particles at colliders. We conclude in section 6.

2 DFSZ axion with gauged baryon number

To analyze the structure of the anomalous Peccei-Quinn symmetry in U(1)′-gauge symmetry
extensions of the Standard Model, we study a DFSZ-scalar extension to a gauged baryon
number model. Our gauged baryon number model is adapted from refs. [18, 20], where
the new fermion content is chosen to cancel the SU(2)2 × U(1)B and U(1)2

Y × U(1)B chiral
anomalies arising from the SM quarks. Furthermore, the U(1)B charges of these anomalons
also satisfy the trace condition that naturally suppresses kinetic mixing between the Z ′ and
the SM Z and photon [20].

The field content is shown in table 1, where the anomalon fields are L′L, L′R, E′L, E′R,
N ′L, and N ′R, which have the indicated SM and U(1)B gauge charges designed to cancel the
U(1)B gauge anomalies and satisfy the trace orthogonality condition for kinetic mixing [20].
The Hu and Hd SU(2) Higgs doublets are adopted to implement the DFSZ model given
their couplings to the SM quarks, but instead of one SM gauge singlet scalar to define the
Peccei-Quinn symmetry in the scalar potential, we include two SM gauge singlet scalar
fields since one Goldstone mode is eaten by the Z ′ gauge boson. Hence, the ΦA and ΦB

baryonic Higgs fields provide both the axion degree of freedom in a DFSZ-like manner as
well as the longitudinal mode of the Z ′ boson, in addition to breaking the chiral symmetry
of the U(1)B gauge symmetry and giving the primary source of mass to the anomalon fields.
After assigning the Z4 discrete charges to the fields and writing down the complete set of
allowed Yukawa terms, we enjoy the accidental PQ symmetry displayed in table 1.

Our scalar Lagrangian is given by

Lscalar ⊃ |DµHu|2 + |DµHd|2 + |DµΦA|2 + |DµΦB|2

− V
(
|Hu|2, |Hd|2, |ΦA|2, |ΦB|2

)
− λAB

(
HaT
u εabHb

dΦAΦB + h.c.
)
, (2.1)

where λAB uniquely determines the accidental PQ symmetry. We remark that other choices
of the discrete symmetry can permit more terms in the scalar potential that explicitly
break this prescribed PQ symmetry, but this will be discussed in a separate publication [42].
The accidental PQ charges from table 1 are also realized in the corresponding Yukawa
Lagrangian, which has the form

LYukawa ⊃− yiju Q̄iLHuu
j
R − y

ij
d Q̄

i
LHdd

j
R − y

ij
e L̄

i
LHde

j
R

− yLL̄′RΦBL
′
L − yEĒ′LΦBE

′
R − yN N̄ ′LΦBN

′
R

− y1L̄
′
LHdE

′
R − y2L̄

′
RHdE

′
L − y3L̄

′
LHuN

′
R − y4L̄

′
RHuN

′
L + h.c. . (2.2)
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SU(3)C SU(2)L U(1)Y U(1)B Z4 U(1)PQ
QiL 3 2 1/6 1/3 +1 XQ

uiR 3 1 2/3 1/3 −i XQ-Xu

diR 3 1 −1/3 1/3 +1 XQ-Xd

LiL 1 2 −1/2 0 +1 XL

eiR 1 1 −1 0 +1 XL-Xd

Hu 1 2 −1/2 0 +i Xu

Hd 1 2 1/2 0 +1 Xd

L′L 1 2 −1/2 −1 +1 X ′

L′R 1 2 −1/2 2 +i X ′-XB

E′L 1 1 −1 2 +i X ′-Xd-XB

E′R 1 1 −1 −1 +1 X ′-Xd

N ′L 1 1 0 2 +1 X ′-Xu-XB

N ′R 1 1 0 −1 −i X ′-Xu

ΦA 1 1 0 −3 −1 −XA

ΦB 1 1 0 3 +i −XB

Table 1. Field content for a DFSZ-like model with gauged baryon number. In addition to the
SM fermions we have two Higgs doublets Hu and Hd for EWSB, two Higgs fields ΦA and ΦB for
breaking baryon number and heavy anomalon fields which cancel gauge anomalies. Besides the SM
charges, we assign baryon number and a Z4 charge. The PQ charge results as global symmetry of
the Lagrangian.

Here, the first line reflects the type-II two Higgs doublet Yukawa interactions of the DFSZ
model, while the remaining terms are the standard anomalon Yukawa terms arising in
gauged baryon number models [17–20]. We assume all of the scalar fields will acquire
vacuum expectation values (vevs) from the V (|Hu|2, |Hd|2, |ΦA|2, |ΦB|2) scalar potential,
and we will focus on the Goldstone bosons from the corresponding complex scalar fields.

In order to analyze the axion and Z ′ phenomenology, we now make use of the scalar
Lagrangian in eq. (2.1) to define the Goldstone basis of the angular fields and their
interactions to the radial fields. The Yukawa Lagrangian in eq. (2.2) gives us the mass basis
of the anomalons and their couplings to scalars. We will also present the scalar and fermion
couplings to gauge bosons, where we include an effective one-loop induced kinetic mixing of
the form

Lkin-mix ⊃
εeff
2 BµνK

µν , (2.3)

leading to a shift in the neutral current gauge fields, and Kµ denotes the additional gauge
boson before diagonalization and canonical normalization.

– 4 –



J
H
E
P
0
3
(
2
0
2
3
)
0
7
8

2.1 Scalar sector

To define the Goldstone basis of the angular fields, we parameterize the complex fields via

Hu = 1√
2
eiπ

i
uσ

i/vu

(
vu + hu

0

)
, Hd = 1√

2
eiπ

i
dσ
i/vd

(
0

vd + hd

)
,

ΦA = vA + hA√
2

eiaA/vA , ΦB = vB + hB√
2

eiaB/vB . (2.4)

Here, vi denote the vevs of the scalar fields, hi are the radial modes, and ai and πi are
angular modes, while σi denote the Pauli matrices as generators of SU(2)L. We define
au ≡ π3

u, ad ≡ −π3
d as neutral angular modes of Hu and Hd. The vevs which spontaneously

break SU(2)L ×U(1)Y and U(1)B are v ≡
√
v2
u + v2

d and v′ ≡
√
v2
A + v2

B , respectively, with
tan β ≡ vu/vd and tan β′ ≡ vA/vB.

Since the PQ symmetry is orthogonal to the gauge U(1) symmetries, we have the
relations

0 =
∑
{Hi}

YiXiv
2
i , 0 =

∑
{Φi}

BiXiv
2
i , X2v2

a =
∑
{Hi,Φi}

X2
i v

2
i . (2.5)

Together with the requirement of X ≡ Xu + Xd = XA + XB to keep the λAB term PQ
invariant, the PQ charges of the scalar fields evaluate to

Xu = X cos2 β , Xd = X sin2 β , XA = X cos2 β′ , XB = X sin2 β′ . (2.6)

Consequently, the PQ symmetry is spontaneously broken by the effective scale va, where
va ≡

√
v2 sin2 β cos2 β + v′2 sin2 β′ cos2 β′, with tan γ ≡ v sin β cosβ/(v′ sin β′ cosβ′). The

PQ charge normalization X is then fixed by the axion decay constant fa ≡ Xva.
To identify the axion a, the heavy SU(2) pseudoscalar A0, and the two Goldstones G0,

GB for the longitudinal Z and Z ′ bosons, we perform the following orthogonal transforma-
tion, 

a

A0
G0
GB

 =


cβsγ sβsγ −cβ′cγ −sβ′cγ
cβcγ sβcγ cβ′sγ sβ′sγ
−sβ cβ 0 0

0 0 −sβ′ cβ′



au
ad
aA
aB

 , (2.7)

where the G0 and GB Goldstones are easily identified as aligning with the Higgs basis of
each sector. We remark that for v � v′, γ ≈ 0, we reproduce the invisible axion of the
DFSZ model which is dominantly composed of aA and aB SM gauge singlets. We can
also reproduce the Weinberg-Wilczek model [3, 4] by considering the other limit, v � v′,
γ ≈ π/2.

The heavy pseudoscalar A0 gets a mass from the λAB term given by

m2
A0 = λAB

2
v2
a

sβcβsβ′cβ′
. (2.8)

A mass for the axion is only induced by instanton effects, which are quantified by the
topological susceptibility χ [43],

χ = m2
af

2
a , χQCD = mumd

(mu +md)2m
2
πf

2
π . (2.9)
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For an ALP, χ remains a free parameter, while a vanilla QCD axion has χ = χQCD, although
recent studies have demonstrated that χ can be enhanced by non-QCD sources and still
preserve the axion solution to the strong CP problem [38–41]. As long as λAB is sufficiently
large, the basis rotation in eq. (2.7) coincides with the mass basis of a and A0.

For the CP even Higgs bosons, we perform the orthogonal transformation to the Higgs
basis in the alignment limit, giving

h

H0
h′

H ′0

 ≡

sβ cβ 0 0
cβ −sβ 0 0
0 0 sβ′ cβ′

0 0 cβ′ −sβ′



hu
hd
hA
hB

 . (2.10)

We will assume that the Higgs basis is aligned with the mass basis and neglect further scalar
mixing, since our focus is the phenomenology of the light axion and Z ′ boson. Large devi-
ations from the alignment limit are also strongly constrained by Higgs observables [44, 45].

2.2 Fermion sector

In this section, we calculate the anomalon masses and couplings to the axion and other
scalars. From eq. (2.2), the masses of the anomalons arise from the vevs vB, vu and vd,
where we parameterize the Yukawa couplings by yk = |yk| exp iδk. After accounting for
rephasing freedom, we have two complex phases signifying CP violation which we shift into
the Yukawa terms with Hu and Hd,

Lanom ⊃− |yL|L̄′RΦBL
′
L − |yE |Ē′LΦBE

′
R − |y1|eiδ12L̄′LHdE

′
R − |y2|e−iδ12L̄′RHdE

′
L

− |yN |N̄ ′LΦBN
′
R − |y3|eiδ34L̄′LHuN

′
R − |y4|e−iδ34L̄′RHuN

′
L + h.c. , (2.11)

where the physical complex phases δ12 and δ34 are given by

δ12 = δ1 − δ2 + δL − δE
2 , δ34 = δ3 − δ4 + δL − δN

2 . (2.12)

The induced mass parameters are

mL = |yL|√
2
cβ′v′ , mE = |yE |√

2
cβ′v′ , mN = |yN |√

2
cβ′v′ ,

m1 = |y1|√
2
c12cβv , m2 = |y2|√

2
c12cβv , m3 = |y3|√

2
c34sβv , m4 = |y4|√

2
c34sβv , (2.13)

where c12 ≡ cos δ12 and c34 ≡ cos δ34 reflect the impact of the CP violating phases. We
introduce the shorthand

mij ≡
mi +mj

2 , ∆ij ≡
mi −mj

mi +mj
, tij ≡ tan δij , (2.14)

after which the mass mixing matrix becomes

Lanom ⊃−
(
ē′L Ē

′
L

)( mL m12(1 + ∆12)(1 + it12)
m12(1−∆12)(1− it12) mE

)(
e′R
E′R

)
(2.15)

−
(
ν̄ ′L N̄

′
L

)( mL m34(1 + ∆34)(1 + it34)
m34(1−∆34)(1− it34) mN

)(
ν ′R
N ′R

)
+ h.c. .
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For v′ � v, the off-diagonal terms are at least suppressed by v/va. The ∆12 and ∆34
terms are also suppressed by the difference in the Yukawa couplings, which is generally
negligible unless the couplings are hierarchical, and so we will assume ∆12 = ∆34 = 0 for
the remainder of this work.

The CP violation is encoded via the tangent of the CP violating phases and will cause
mixing between the axion a with the SM Higgs h. Since we are aligned in the Higgs basis,
we will set t12 = t34 = 0 and leave a study of small deviations inducing mixing between a
and h to future work.

After these simplifying assumptions, we can now rotate the symmetric mass matrices
of the anomalons in eq. (2.15) using αE and αN mixing angles defined via(

E1
E2

)
=
(

cosαE sinαE
− sinαE cosαE

)(
e′

E′

)
,

(
N1
N2

)
=
(

cosαN sinαN
− sinαN cosαN

)(
ν ′

N ′

)
. (2.16)

The masses of E1, E2, N1 and N2 are given by

mE1,2 = mLE

(
1∓

√
∆2
LE + m2

12
m2
LE

)
, mN1,2 = mLN

(
1∓

√
∆2
LN + m2

34
m2
LN

)
, (2.17)

using the shorthand in eq. (2.14).
We now evaluate the couplings of the axion field a and the SM Higgs field h to the

anomalons. The couplings to the axion are at order 1/fa

Lanom, a ⊃ iXB
a

fa
cos(2αE)(mE1Ē1γ5E1 −mE2Ē2γ5E2)

+ iXB
a

fa
sin(2αE)mE1 +mE2

2 (Ē1γ5E2 + Ē2γ5E1)

+ iXB
a

fa
cos(2αN )(mN1N̄1γ5N1 −mN2N̄2γ5N2)

+ iXB
a

fa
sin(2αN )mN1 +mN2

2 (N̄1γ5N2 + N̄2γ5N1)

+ iXd
a

fa
sin(2αE)mE1 −mE2

2 (Ē1E2 − Ē2E1)

+ iXu
a

fa
sin(2αN )mN1 −mN2

2 (N̄1N2 − N̄2N1) . (2.18)

Here, we see that the terms proportional to XB are the canonical axial couplings proportional
to fermion masses, while the remaining terms proportional to Xd or Xu scale as the difference
of fermion masses and arise generically in flavor violating axion models, as we will discuss
in subsection 3.1.

Separately, the interactions of the SM Higgs h to the anomalons are

Lanom, h⊃ sin(2αE)mE1−mE2

2
h

v
(cos(2αE)(Ē1E2+Ē2E1)−sin(2αE)(Ē1E1−Ē2E2))

+sin(2αN )mN1−mN2

2
h

v
(cos(2αN )(N̄1N2+N̄2N1)−sin(2αN )(N̄1N1−N̄2N2)) .

(2.19)
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At dimension 5 we also get a mixed operator

Lanom, a, h ⊃ iXd sin(2αE)mE1 −mE2

2
h

v

a

fa
(Ē1E2 − Ē2E1)

+ iXu sin(2αN )mN1 −mN2

2
h

v

a

fa
(N̄1N2 − N̄2N1) . (2.20)

In the case with CP violation, the linear Higgs interactions would mix with the linear axion
interactions proportional to Xu and Xd. The last two terms are due to the fact that the
interactions of the axion proportional to Xu and Xd are induced by the Higgs doublets and
are needed for a complete set of operators at order 1/fa.

2.3 Gauge sector

Finally, we discuss the Z and Z ′ interactions, which necessarily includes kinetic mixing
effects from eq. (2.3). The effective kinetic mixing parameter εeff is determined by calculating
the one-loop contribution to the two point interaction between the hypercharge gauge field
Bµ and baryon number gauge field Kµ, giving

L ⊃ εeff
2 BµνK

µν + m2
eff
2 BµK

µ , (2.21)

where meff corresponds to a possible mass mixing. The mass mixing vanishes if all fermions
in the loop are vector-like under one of the U(1) gauge symmetries [20]. The divergence in
the two-point loop diagram is cancelled after imposing the trace condition on the mediator
fermions, ∑

f

Nf (Y f
V B

f
V + Y f

AB
f
A) = 0 , (2.22)

where Nf denotes the multiplicity factor of fermion f . In the unbroken phase of electroweak
symmetry, we can consider the SM fermions to be massless, such that the only remaining
contribution comes from the anomalons. For m2

L , m
2
E � p2 the effective kinetic mixing

parameter reads

εeff = gY gB
(4π)2

4
3

∑
f∈{L′,E′,N ′}

(Y f
V B

f
V + Y f

AB
f
A)
(

5
3 + ln

(
m2
f

p2

)
+O

(
p2

m2
f

))

= −egB
cW

1
(4π)2

2
3

(
10
3 + ln

(
m2
L

p2

)
+ ln

(
m2
E

p2

)
+O

(
p2

m2
L,m

2
E

))
. (2.23)

The large logarithm in εeff cancels roughly the loop factor such that the dominant parametric
dependence is given by εeff ≈ egBc−1

W . In the following we will see that we get new interactions
proportional to εeff.

We recall from ref. [46] that kinetic mixing is removed by shifting the gauge fields into
a diagonal and canonically normalized basis, using the replacement rule

ZSM
µ = Zµ − εeffsW

m2
Z′

m2
Z′ −m2

Z

Z ′µ +O
(
ε2eff

)
, (2.24)

Kµ = Z ′µ − εeffsW
m2
Z

m2
Z −m2

Z′
Zµ +O

(
ε2eff

)
, (2.25)
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to shift to the mass basis. Assuming mK > mZ,SM, the corresponding masses are

mZ = mZ,SM

(
1 + ε2eff

2
s2
Wm

2
Z,SM

m2
Z,SM −m2

K

+O(ε4eff)
)

(2.26)

mZ′ = mK

(
1 + ε2eff

2
(m2

K − c2
Wm

2
Z,SM)

m2
K −m2

Z,SM
+O(ε4eff)

)
, (2.27)

with sW , cW being sine and cosine of the weak angle θW . We see that the mass correction
only appears at order ε2eff and is hence typically negligible.

We apply the shifts in the gauge bosons in eq. (2.24) and eq. (2.25) and obtain for the
scalar Lagrangian

Ld≤4
scalar⊃

1
2∂µh∂

µh+ 1
2∂µH0∂

µH0+ 1
2∂µh

′∂µh′+ 1
2∂µH

′
0∂

µH ′0−V (h,H0,h
′,H ′0)

+ 1
2∂µa∂

µa+ 1
2∂µA0∂

µA0−
m2
A0

2 A2
0+ 1

s2
γc

2
γ

m2
A0

v2
a

A4
0

4!

+ 1
8

e2

s2
W c

2
W

(
(h+v)2+H2

0

)(
Zµ−εeffsW

m2
Z′

m2
Z′−m2

Z

Z ′µ

)(
Zµ−εeffsW

m2
Z′

m2
Z′−m2

Z

Z ′µ
)

+ 9
2g

2
B

(
(h′+v′)2+H ′20

)(
Z ′µ−εeffsW

m2
Z

m2
Z−m2

Z′
Zµ

)(
Z ′µ−εeffsW

m2
Z

m2
Z−m2

Z′
Zµ
)

− e

sW cW
H0

(
Zµ−εeffsW

m2
Z′

m2
Z′−m2

Z

Z ′µ

)
(sγ∂µa+cγ∂µA0)

+6gBH ′0

(
Z ′µ−εeffsW

m2
Z

m2
Z−m2

Z′
Zµ

)
(cγ∂µa−sγ∂µA0)+O

(
ε2eff

)
, (2.28)

where G0 is absorbed by ZSM
µ , GB by Kµ, and A0 is the only angular mode which gets a

mass from the term proportional to λAB as defined in eq. (2.8).

Finally, we discuss the gauge interactions of the anomalons. Following ref. [46], the
current interactions of the neutral gauge bosons are given at O(εeff) by1

Lgauge ⊃ eAµJµQ + e√
2sW

(W−µ J
+µ
W + h.c.) + Zµ

(
e

sW cW
JµZ − εeffsW gB

m2
Z

m2
Z −m2

Z′
JµB

)

+ Z ′µ

(
gBJ

µ
B + εeffeJ

µ
Q − εeff

e

cW

m2
Z′

m2
Z′ −m2

Z

JµZ

)
, (2.29)

1In contrast to refs. [17, 20], our convention for gB in this work uses L = 1
3gBZ

′
µ(q̄γµq), and thus our gB

is half the value used in refs. [17, 20].
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with the gauge currents given by

JµQ ⊃ −(Ē1γ
µE1 + Ē2γ

µE2) , (2.30)

J+µ
W ⊃ (cEcN Ē1γ

µN1 + cEsN Ē1γ
µN2 + sEcN Ē2γ

µN1 + sEsN Ē2γ
µN2) , (2.31)

JµZ ⊃
1
2((2s2

W − c2
E)Ē1γ

µE1 + (2s2
W − s2

E)Ē2γ
µE2 − sEcE(Ē1γ

µE2 + Ē2γ
µE1))

+ 1
2(c2

N N̄1γ
µN1 + s2

N N̄2γ
µN2 + sNcN (N̄1γ

µN2 + N̄2γ
µN1)) , (2.32)

JµB ⊃
1
2(Ē1γ

µE1 + Ē2γ
µE2 + N̄1γ

µN1 + N̄2γ
µN2)

+ 3
2(cos(2αE)(Ē1γ

µγ5E1 − Ē2γ
µγ5E2) + sin(2αE)(Ē1γ

µγ5E2 + Ē2γ
µγ5E1))

+ 3
2(cos(2αN )(N̄1γ

µγ5N1 − N̄2γ
µγ5N2) + sin(2αN )(N̄1γ

µγ5N2 + N̄2γ
µγ5N1)) .

(2.33)

There are two limiting cases: αi → 0 corresponds to minimal mixing, while αi → π/4
describes maximal mixing. In the minimal mixing case, we recover flavor-conserving axion
and Z ′ couplings, while in the maximal mixing case, the axion, Z and Z ′ bosons all change
the flavor of the anomalons. This will be further discussed in subsection 3.1. Another
feature is given by the fact that the anomalons give rise to new contributions to the Higgs
decay to two gauge bosons which are not excluded [19].

3 Flavor dependent basis transformations of axion and Z ′ EFT operators

In this section, we construct the low energy effective field theory of the axion and Z ′ boson
at energy scales well below the anomalon masses. We are particularly interested in the
general structure of flavor-conserving and flavor-violating axion interactions and how they
manifest when the mediator fermions are integrated out. For this purpose, we consider
a chiral transformation of the fermion fields which accounts for possible flavor-violating
effects. The chiral transformation is also relevant for understanding the basis invariance of
flavor-conserving and flavor-violating axion interactions. We represent the general axion
interaction basis in a form where the axion appears in the Yukawa and gauge interactions
of the fermions. We include a dimension 5 commutator interaction for the axion coupling to
fermions and a gauge boson, which only appears when the PQ and the gauge currents are
flavor-violating. This commutator plays a crucial role in maintaining the basis invariance of
the effective coupling between the axion, Higgs boson, and a gauge boson. Apart from the
commutator interaction, our basis is equivalent to the commonly used operator set from
ref. [47].

3.1 General axion interaction basis

Our primary goal in this subsection is constructing a complete basis set of operators for
axion interactions appropriate for characterizing flavor conserving and flavor violating axion
interactions. We begin by writing the fermions in eq. (2.16) as a vector ψ with a diagonal
mass matrix Mψ. Correspondingly, from eq. (2.18), we identify the terms proportional to
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XB with the anti-commutator {Mψ,Xψ
A}, where Xψ

A is the so-called axial PQ charge matrix,
and we identify the terms proportional to Xd and Xu with the commutator [Mψ,Xψ

V ] for
the vector-like PQ charge matrix Xψ

V . For the E anomalons, the axial and vector-like PQ
charge matrices are XE

A = XBCE and XE
V = XdCE , while the N anomalons have equivalent

expressions XN
A = XBCN and XN

V = XuCN , where

CE = 1
2

(
cos(2αE) sin(2αE)
sin(2αE) − cos(2αE)

)
, CN = 1

2

(
cos(2αN ) sin(2αN )
sin(2αN ) − cos(2αN )

)
. (3.1)

We remark that the diagonal entries of Xψ
V do not contribute to the commutator with Mψ

but are chosen such that Xψ
V commutes with Xψ

A.
Including the interactions with the scalar fields φK in the Higgs basis, we can write the

Yukawa interaction Lagrangian at order 1/fa as

Lψ,Yuk⊃−
∑
K

(
vK+φK√

2
ψ̄Yψ

Kψ−i
a

fa

vK+φK√
2

ψ̄{Yψ
K ,X

ψ
A}γ5ψ−i

a

fa

vK+φK√
2

ψ̄[Yψ
K ,X

ψ
V ]ψ

)
,

(3.2)

where the Yukawa matrices Yψ
K are defined in the mass basis of the fermions via Mψ ≡∑

K Yψ
KvK/

√
2. This structure is equivalent to the first-order approximation of an expo-

nential interaction,

Lψ,Yuk ' −
∑
K

vK + φK√
2

ψ̄ exp
(
i(Xψ

V −Xψ
Aγ5) a

fa

)
Yψ
K exp

(
−i(Xψ

V + Xψ
Aγ5) a

fa

)
ψ . (3.3)

We note that the ordering of Xψ
V and Xψ

A in the exponent is free since both matrices
commute.

In order to identify all possible axion interactions which originate from the most general
fermion Lagrangian, we now include the covariant derivatives of the fermions. The general
Lagrangian describing all terms which involve ψ is then given by

Lψ ⊃ iψ̄γµ∂µψ

−
∑
K

vK + φK√
2

ψ̄ exp
(
i(Xψ

V −Xψ
Aγ5) a

fa

)
Yψ
K exp

(
−i(Xψ

V + Xψ
Aγ5) a

fa

)
ψ

+
∑
I

gI ψ̄A
I
µγ

µ(Qψ
IV + Qψ

IAγ5)ψ . (3.4)

Here, I denotes the gauge group and AIµ = AIaµ T
a
I the corresponding gauge bosons. The

gauge interactions of the fermions are defined by a vector-like and an axial charge matrix,
Qψ
IV and Qψ

IA, which would include the CKM matrix in the case of SU(2)L gauge bosons.
We have now specified all of the axion couplings at dimension 4 and dimension 5

defined by our model. At one-loop, these couplings will induce axion interactions with
gauge bosons at the same order in 1/fa. Moreover, following Fujikawa’s derivation [48] of
the Adler-Bell-Jackiw U(1) chiral anomaly, axial phase rotations of the fermions will also
cause shifts in the axion couplings to gauge bosons.
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Since eq. (3.2) encodes the entire flavor structure of the axion coupling to fermions, we
can perform the chiral transformation

ψ → exp
(
i(Xψ

V + Xψ
Aγ5) a

fa

)
ψ, ψ̄ → ψ̄ exp

(
−i(Xψ

V −Xψ
Aγ5) a

fa

)
(3.5)

for each type of fermion to generate a set of operators at order 1/fa which is closed under
chiral fermion transformations. This transformation removes the axion couplings from the
Yukawa interactions and shifts them into the gauge interactions and a derivative interaction,

Lψ → iψ̄γµ∂µψ −
∂µa

fa
ψ̄γµ(Xψ

V + Xψ
Aγ5)ψ

− ψ̄Mψψ −
∑
K

φK√
2
ψ̄Yψ

Kψ

+
∑
I

gI ψ̄A
I
µγ

µ exp
(
−i(Xψ

V + Xψ
Aγ5) a

fa

)
(Qψ

IV + Qψ
IAγ5) exp

(
i(Xψ

V + Xψ
Aγ5) a

fa

)
ψ

+ a

fa

∑
I,J

APQIJ
gIgJ
(4π)2F

a
IµνF̃

a,µν
J . (3.6)

The anomalous coupling to gauge bosons in the last row is determined by Fujikawa’s
method [48]. It is proportional to the anomaly coefficient APQIJ given by

APQIJ =
∑
i,j,k

T (RIk)(Xij
RQ

ik
IRQ

kj
JR −X

ij
LQ

ik
ILQ

kj
JL)

= 2
∑
i,j,k

T (RIk)(Xij
V (QikIVQ

kj
JA +QikIAQ

kj
JV ) +Xij

A (QikIVQ
kj
JV +QikIAQ

kj
JA)) , (3.7)

where T (RIf ) is the Dynkin index given by tr
[
T aRT

b
R

]
≡ T (R)δab [33] with RIf denoting

the representation of fermion f under gauge group I. In case of a U(1) gauge symmetry, it
simply counts the multiplicity.

We now focus on the third line of eq. (3.6) with exponential factors in the gauge boson
couplings to axions. At leading order in 1/fa, these interactions are

Lψ,gauge→
∑
I

gI ψ̄A
I
µγ

µ(Qψ
IV +Qψ

IAγ5)ψ+i a
fa

∑
I

gI ψ̄A
I
µγ

µ[Qψ
IV +Qψ

IAγ5,Xψ
V +Xψ

Aγ5]ψ .

(3.8)

We see that the axial transformation from eq. (3.5) induces a current which contains the
commutator of the gauge charge matrix and the PQ charge matrix, defined by

Jµ,a[I,PQ] ≡
∑
ψ

ψ̄T aI γ
µ[Qψ

IV + Qψ
IAγ5,Xψ

V + Xψ
Aγ5]ψ

=
∑
i,j,k

ψ̄iT
a
I γ

µ(QikIV +QikIAγ5)(Xkj
V +Xkj

A γ5)ψj + h.c. . (3.9)

We note the current is only non-vanishing if both charge matrices are not flavor-conserving.
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Using our results from this section, we now have the general axion interaction basis at
order 1/fa including possible flavor-violation effects,

Lψ,axion⊃−
∂µa

2fa
ψ̄γµ(Cψ

1V +Cψ
1Aγ5)ψ+ i

2
a

fa
ψ̄[Mψ,Cψ

2V ]ψ+ i

2
a

fa
ψ̄{Mψ,Cψ

2A}γ5ψ

+ i

2
a

fa

∑
K

φK√
2
ψ̄[Yψ

K ,C
ψ
KV ]ψ+ i

2
a

fa

∑
K

φK√
2
ψ̄{Yψ

K ,C
ψ
KA}γ5ψ

− i2
a

fa

∑
I

gI ψ̄A
I
µγ

µ[Qψ
IV +Qψ

IAγ5,Cψ
IV +Cψ

IAγ5]ψ+ a

fa

∑
I,J

CIJ3
gIgJ
(4π)2F

a
IµνF̃

a,µν
J .

(3.10)

This Lagrangian now describes a closed set of operators under chiral fermion transformations.
We remark the first term of the third line is a new dimension-5 operator which couples
the axion and a gauge boson to a fermion current that only appears for flavor-changing
fermion interactions. We will see in subsection 4.2 that all of these terms are necessary as
a basis invariant description of the effective axion coupling to a gauge boson and a scalar
boson. In particular, the closure of the operator basis in eq. (3.10) can be seen by noting
that a further general axial transformation from eq. (3.5) shifts the Lagrangian couplings
in eq. (3.10) via

Cψ
1V/A → Cψ

1V/A + 2Xψ
V/A , Cψ

2V/A → Cψ
2V/A − 2Xψ

V/A ,

Cψ
KV/A → Cψ

KV/A − 2Xψ
V/A , Cψ

IV/A → Cψ
IV/A − 2Xψ

V/A ,

CIJ3 → CIJ3 +APQIJ . (3.11)

Having established the framework for axion interactions closed under axial transformations,
we now apply our result to the fermions, vectors and scalars from our model.

3.2 Axion and Z′ EFT Lagrangian

Having established the required complete set of operators, we now construct the explicit
axion and Z ′ EFT Lagrangian for our model. Our EFT is generated by integrating out the
chiral U(1)B anomalon content, while the SM fields, axion, and Z ′ boson remain dynamical.

For the SM fermions, we apply the basis transformation from eq. (3.5) such that the
axion interacts via the canonical derivative coupling

Lderiv = −∂µa
fa

∑
ψ∈SM

ψ̄γµ(Xψ
V + Xψ

Aγ5)ψ ≡ ∂µa

fa
JµPQ, SM . (3.12)

Separately, integrating out the anomalons generates the following effective axion and Z ′

– 13 –



J
H
E
P
0
3
(
2
0
2
3
)
0
7
8

Lagrangian at order 1/fa,

Laxion ⊃+ 1
2(∂µa)(∂µa)− m2

a

2 a2 + ∂µa

fa
JµPQ,SM − C

eff
ZhhZµ∂

µa− Ceff
Z′hhZ

′
µ∂

µa

+
(
CSM
γγ + Ceff

γγ

) e2

(4π)2
a

fa
FµνF̃

µν +
(
CSM
Zγ + Ceff

Zγ

) e2

sW cW

1
(4π)2

a

fa
ZµνF̃

µν

+
(
CSM
ZZ + Ceff

ZZ

) e2

s2
W c

2
W

1
(4π)2

a

fa
ZµνZ̃

µν +
(
CSM
Z′γ + Ceff

Z′γ

) gBe

(4π)2
a

fa
Z ′µνF̃

µν

+
(
CSM
Z′Z′ + Ceff

Z′Z′

) g2
B

(4π)2
a

fa
Z ′µνZ̃

′µν +
(
CSM
Z′Z + Ceff

Z′Z

) gBe

sW cW

1
(4π)2

a

fa
Z ′µνZ̃

µν

+
(
CSM
WW + Ceff

WW

) g2
L

(4π)2
a

fa
WµνW̃

µν + CSM
gg

g2
s

(4π)2
a

fa
GaµνG̃

aµν

+ i
a

fa

e√
2sW

(W−µ (XdJ
+µ
W −XuJ

+µ
W,/l

) + h.c.) . (3.13)

As mentioned previously, we neglected the effects from the heavy Higgses, h′, H0, H ′0 and
A0. The current J+µ

W,/l
denotes the W boson current coupling without leptons. We note

that the last term is generic for DFSZ models, since the couplings to the W bosons do not
generally commute with the PQ charges assigned to the respective weak isospin components
in the quark and lepton sectors.

4 Explicit calculation of axion Wilson coefficients

We have built a complete set of axion and Z ′ EFT operators in eq. (3.13) generated after
integrating out the anomalons. We remark that we can also generate a Wess-Zumino term
following the analysis of ref. [19]. We calculate the matching conditions for the Wilson
coefficients of each set of operators. We emphasize that the final observables that are
derived in this section for the Lagrangian in eq. (3.13) are basis independent in regards to
chiral transformations of anomalons by construction.

4.1 Loop-induced axion coupling to gauge bosons

We begin with the axion coupling to two gauge bosons, Ceff
IJ for gauge bosons AµI and AµJ ,

where the operator is given by

L ⊃ −Ceff
IJ

gIgJ
(4π)2

a

fa
FIµνF̃

µν
J = −C

eff
IJ

2
gIgJ
(4π)2

a

fa
εµναβ(∂µAIν − ∂νAIµ)(∂αAJβ − ∂βAJα) .

(4.1)
We calculate the Wilson coefficient as a one-loop triangle diagram mediated by fermions,
ψi, ψj and ψk, as shown in figure 1. Our calculation is performed in a general structure to
allow for flavor-violating gauge interactions with both vector and axial-vector couplings. We
also introduce in general a mass to the gauge bosons and calculate in unitary gauge. The
couplings of the axion are determined by the general basis at order 1/fa given by eq. (3.10).

We will consider three simplifying scenarios for Ceff
IJ . The first is the heavy anomalon

limit, with mi, mj , mk � ma, mI , mJ . The second is the flavor-conserving limit, relevant
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a

AI
µ

AJ
ν

Ceff
IJ

a

AI
µ

AJ
ν

ψi

ψj

ψk a

AI
µ

AJ
ν

ψi

ψj

ψk

Figure 1. Effective vertex and one-loop diagrams for anomalous coupling of an axion to two gauge
bosons. The loop consists of three fermions ψi, ψj and ψk connecting an axion a with two gauge
bosons AIµ and AJν .

for intermediate SM fermions. The third is for the axion-WW̃ calculation, where the axion
coupling is taken flavor-conserving and the W couplings are necessarily left-handed.

For the heavy anomalon limit, the Wilson coefficient reads

Ceff
IJ =

(
CIJ3 −

∑
i,j,k

Nk
2C0(0,0,0,mi,mj ,mk)

λ(m2
a,m

2
I ,m

2
J)

×

×
(

(mi+mj)(Cij1A+Cij2A)
(

(QikIVQ
kj
JV −Q

ik
IAQ

kj
JA)mkm

2
a(m2

a−m2
I−m2

J)

+(QikIVQ
kj
JV +QikIAQ

kj
JA)(mim

2
J(m2

a+m2
I−m2

J)+mjm
2
I(m2

a−m2
I+m2

J))
)

+(mi−mj)(Cij1V +Cij2V )
(

(QikIAQ
kj
JV −Q

ik
IVQ

kj
JA)mkm

2
a(m2

a−m2
I−m2

J)

+(QikIVQ
kj
JA+QikIAQ

kj
JV )(mim

2
J(m2

a+m2
I−m2

J)−mjm
2
I(m2

a−m2
I+m2

J))
))

+
∑
i,j,k

Nk

(
Cij1A(QikIVQ

kj
JV +QikIAQ

kj
JA)+Cij1V (QikIVQ

kj
JA+QikIAQ

kj
JV )

))
+O

(
m2
a,I,J

m2
i,k,j

)
,

(4.2)

where we have expanded in ratios of the external boson mass over the internal fermion
mass squared. We remark that the axion couplings C1, C2 and C3 coefficients from the
general basis defined in eq. (3.10) are all included, which is necessary for ensuring the result
is invariant under chiral basis transformations following eq. (3.11). The loop function is
given by the three-point Passarino-Veltman function C0 [49], which is given in the heavy
fermion limit by

C0(m2
b1 ,m

2
b2 ,m

2
b3 ,mf1 ,mf2 ,mf3) =C0(0,0,0,mf1 ,mf2 ,mf3)+ 1

m2
f2

O
(m2

b1,b2,b3

m2
f1,f2,f3

)

= 1
m2
f2

 ln
(
m2
f1
/m2

f2

)
(1−m2

f3
/m2

f1
)(1−m2

f1
/m2

f2
)

+
ln
(
m2
f3
/m2

f2

)
(1−m2

f1
/m2

f3
)(1−m2

f3
/m2

f2
)

+O
(m2

b1,b2,b3

m2
f1,f2,f3

) .
(4.3)

The explicit Wilson coefficient for an axion coupling to two SU(N) gauge bosons is found
by replacing Nk → T (RIk). The matrix element vanishes for I 6= J in the case of an SU(N)
gauge group.
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In the flavor-conserving limit, i = j = k ≡ f , where the axion-fermion Yukawa
interactions are only given by Cf2A, we have(

Ceff
IJ

)
f

=−4
∑
f

NfC
f
2A

(
QfIVQ

f
JVm

2
fC0(m2

a,m
2
I ,m

2
J ,mf ,mf ,mf )

−
QfIAQ

f
JAm

2
f

λ(m2
a,m

2
I ,m

2
J)

(
(m2

a+m2
I−m2

J)(m2
a−m2

I+m2
J)C0(m2

a,m
2
I ,m

2
J ,mf ,mf ,mf )

+4m2
aB0(m2

a,mf ,mf )−2(m2
a+m2

I−m2
J)B0(m2

I ,mf ,mf )

−2(m2
a−m2

I+m2
J)B0(m2

J ,mf ,mf )
))

. (4.4)

Here, B0 is the standard Passarino-Veltman two-point scalar function [49], whose divergence
exactly cancels. The Wilson coefficient Cggeff for gluons is again given by replacing Nf →
T (RIf ).

Lastly, we consider theW±µ gauge bosons, which are not covered by the flavor-conserving
limit, but we still assume the axion coupling is flavor-conserving, i = j ≡ f . The corre-
sponding Wilson coefficient is then given by

Ceff
WW = 4

∑
f

NfC
f
2A
QfkWLQ

kf
WLm

2
f

m2
a − 4m2

W

(
B0(m2

a,mf ,mf )

−B0(m2
W ,mf ,mk) + (m2

W −m2
f +m2

k)C0(m2
a,m

2
W ,m

2
W ,mf ,mf ,mk)

)
, (4.5)

where the divergences from B0 again cancel. These two limiting cases in eqs. (4.4) and (4.5)
will be used to evaluate the contributions to axion couplings to gauge bosons arising from
SM fermions.

4.2 Loop-induced axion coupling to scalar and gauge boson

In this subsection, we calculate the Wilson coefficient of an axion coupling to a gauge boson
AIµ and a scalar φK at one loop from integrating out the anomlons under the use of the
heavy fermion limit. The corresponding operator of dimension four is defined by

L ⊃ −Ceff
IK

gI
(4π)2φKA

I
µ∂

µa , (4.6)

and is shown schematically in figure 2(a). The one-loop diagram is the leading contribution
for the interaction between the axion, the SM Higgs h and the gauge bosons Zµ and Z ′µ,
but there can be other tree-level contributions if the SM Higgs has a mass mixing to other
scalar fields.

Besides the usual triangle diagram, which is shown in figures 2(b) and 2(c), there are
three more non-vanishing contributions at one-loop order. The diagrams in figures 2(d)
and 2(e) are induced by the five-dimensional contact interactions from the general Lagrangian
in eq. (3.10). In addition, the diagram in figure 2(f) consists of a mixing of the axion into
an internal off-shell gauge boson propagator which then couples to the Higgs: this kinetic
mixing vanishes for AJµ being on-shell. We remark that this effective interaction has also
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µ
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Figure 2. Effective vertex and one-loop diagrams for coupling of an axion to a gauge boson and a
scalar. The loop consists of three fermions ψi, ψj and ψk connecting an axion a with one gauge
boson AIµ and a scalar φK .

been studied in the context of ref. [50] as an bottom-up discriminator of the coupling origin
of the pseudoscalar SM singlet to the Higgs and Z boson. In comparison to ref. [50], we
must include one additional diagram in figure 2(e) because of the commutator from eq. (3.8).

Now, we calculate the effective coefficient in the heavy fermion limit. For the diagram
in figure 2(f), we define the coupling of a scalar to gauge bosons as

L ⊃ 1
2(φK + vK)2

(∑
I

gIQ
K
I A

I
µ

)(∑
J

gJQ
K
J A

Jµ
)
. (4.7)

We see that the coupling linear in φK is proportional to vK , and thus the gauge bosons
must be massive. In particular, scalar fields orthogonal to a vev do not induce this diagram
in the Higgs basis.

The effective coefficient then reads

Ceff
IK = 1

(4π)2
1
fa

1√
2
∑
i,j,k

Nk

(
2C0(0,0,0,mi,mj ,mk)

λ(m2
a,m

2
K ,m

2
I)

×(mi+mj)((Cji1A+Cji2A)QikIAY
kj
K +(Cij1A+Cij2A)Y jk

K QkiIA)

×
(
m2
I(m2

I−m2
a−m2

K)(mi−mj)(mj+mk)−λ(m2
a,m

2
K ,m

2
I)(mimk+m2

j )
)

−2(mi+mj)((Cji1A+Cji2A)QikIAY
kj
K +(Cij1A+Cij2A)Y jk

K QkiIA)B0(0,mk,mi)

+(mj−mk)((Cji1A+CjiIA)QikIAY
kj
K +(Cij1A+CijIA)Y jk

K QkiIA)B0(0,mj ,mk)

−
∑
J,L

g2
JQ

K
I Q

K
J vKvL

m2
J

(mi+mj)((Cji1A+Cji2A)QikJAY
kj
L +(Cij1A+Cij2A)Y jk

L QkiJA)B0(0,mi,mj)
)

+O
(
m2
a,I,K

m2
i,k,j

)
. (4.8)
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For this result, we needed to take the heavy fermion limit of the B0 function given by

B0(m2
b ,mf1 ,mf2) =B0(0,mf1 ,mf2)+O

(
m2
b

m2
f1
,m2

f2

)

= 1
ε
−γE+ln(4π)+ln

(
µ2

mf1mf2

)
+1− 1

2
m2
f1

+m2
f2

m2
f1
−m2

f2

ln
(
m2
f1

m2
f2

)
+O

(
m2
b

m2
f1
,m2

f2

)
. (4.9)

In this case the divergence of B0 does not cancel trivially, but for our case of interest, we
have a vanishing divergence. For example, extracting the divergent term for the color-singlet
case, Nk = 1, we get

Ceff
IK = 1

(4π)2
1
fa

1√
2

1
ε

(
T−
(

YK ,M,QIA,C2A −CIA

)
+ T+

(
YK ,M,QIA,C1A + C2A

)
−
∑
J,L

g2
JQ

K
I Q

K
J vKvL

m2
J

T+

(
YL,M,QJA,C1A + C2A

))
+O(ε0) , (4.10)

where we used the notation

T+(A,B,C,D) = Tr[{A,C}{B,D}] + Tr[{B,C}{A,D}] , (4.11)
T−(A,B,C,D) = Tr[{A,C}{B,D}]− Tr[{B,C}{A,D}] = Tr[[B,A][C,D]] . (4.12)

In the Higgs basis, we have the relation

gJQ
K
I vL

mJ
= δIJδKL , (4.13)

such that the divergent term simplifies to

Ceff
IK = 1

(4π)2
1
fa

1
ε
T−
(

YK ,M,QIA,C2A −CIA

)
+O(ε0) . (4.14)

For the anomalons, the commutator [M,YK ] vanishes and thus the divergence cancels.
Again, the result in eq. (4.8) is invariant under chiral basis transformations, as seen

using the transformation properties in eq. (3.11). This check requires the inclusion of
the diagram in figure 2(e) in the flavor-violating case. We also observe that the Wilson
coefficient only depends on axial gauge charges, leading to couplings for Z and Z ′ bosons
but not the photon.

4.3 Wilson coefficients and parameters in the DFSZ model with gauged
baryon number

Now we determine the Wilson coefficients from integrating out the heavy anomalons E1,2
and N1,2 in our model. Afterwards we identify the parameter space for our model. The
coefficients of the ALP-EFT are defined in eq. (3.13). We use the heavy fermion expansion
for the coefficients defined in eq. (4.2) and eq. (4.8) and drop all terms of order 1/fa, ε2eff,
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∆2
E , ∆2

N and ∆2
EN , if not mentioned otherwise. We obtain

Ceff
γγ =−8

3Xs
2
β′

∆E

Σ3
E

cos(2αE)m
2
a

f2
a

+O
( 1
f3
a

)
, (4.15)

Ceff
γZ =−

Xs2
β′

4 , Ceff
ZZ =−

Xs2
β′

4 (1−2s2
W ) , Ceff

WW =−
Xs2

β′

2 , (4.16)

Ceff
hZ′ =−

Xs2
β′

2
v

fa
(Σ2

M+∆2
M )
(

1−6m
2
Z′(m2

a+m2
h−m2

Z′)
λ(m2

Z′ ,m2
a,m

2
h)

)
+O

( 1
f2
a

)
, (4.17)

Ceff
γZ′ =− εeffe

gBcW

m2
Z′

m2
Z′−m2

Z

Ceff
γZ , Ceff

hZ =−gBεeffs
2
W cW
e

m2
Z

m2
Z−m2

Z′
Ceff
hZ′ , (4.18)

Ceff
ZZ′ =− εeffe

gBcW

m2
Z′

m2
Z′−m2

Z

Ceff
ZZ , Ceff

Z′Z′ =
(
− εeffe

gBcW

m2
Z′

m2
Z′−m2

Z

)2

Ceff
ZZ+O

(
ε3eff

)
. (4.19)

We discarded the interactions to the new scalars h′, H0, H ′0 and A0 since their masses can
naturally be taken to be larger than the spectrum of interest. In these expressions, we
introduce the parameters denoted by Σ (∆) to describe mass sums (differences) defined as

ΣM = m12 +m34
v

= 1
2

( |y1|+ |y2|√
2

c12cβ + |y3|+ |y4|√
2

c34sβ

)
≈ cβ + sβ√

2
, (4.20)

∆M = m12 −m34
v

= 1
2

( |y1|+ |y2|√
2

c12cβ −
|y3|+ |y4|√

2
c34sβ

)
≈ cβ − sβ√

2
, (4.21)

ΣE = mE1 +mE2

fa
= 2mLE

fa
= |yL|+ |yE |√

2
cγ
Xsβ′

≈ 4π
3

√
2

Xsβ′
, (4.22)

ΣN = mN1 +mN2

fa
= 2mLN

fa
= |yL|+ |yN |√

2
cγ
Xsβ′

≈ 4π
3

√
2

Xsβ′
, (4.23)

∆E = mE1 −mE2

fa
= − 1

sin(2αE)
2m12
fa

= − v

fa

ΣM + ∆M

sin(2αE) ≈ −
v

fa

√
2cβ

sin(2αE) , (4.24)

∆N = mN1 −mN2

fa
= − 1

sin(2αN )
2m34
fa

= − v

fa

ΣM −∆M

sin(2αN ) ≈ −
v

fa

√
2sβ

sin(2αN ) , (4.25)

∆EN = ΣE − ΣN = 2mLE − 2mLN

fa
= |yE | − |yN |√

2
cγ
Xsβ′

. (4.26)

For the above approximations, we assumed that the Yukawa couplings |yL|, |yE | and |yN |
are 4π/3 and the other Yukawa couplings are of order 1. In addition, we assumed that we
can use the small angle approximation for the angles γ, δ12 and δ34.

We highlight that the axion diphoton coupling is significantly suppressed, as a result of
the fact that the flavor-conserving interactions of the axion to the charged anomalons come
with opposite signs, and so the induced remainder is proportional to the mass difference of
the charged anomalons. The same would be true for the axion coupling to two Z ′ bosons, but
the coupling shifts owing to the kinetic mixing are important. Hence, in contrast to standard
axion EFTs where the diphoton and the digluon coupling dominate, we find the coefficients
Ceff
γZ , Ceff

ZZ and Ceff
WW as the most important coefficients. We will investigate the correspond-

ing implications in subsection 5.1, when we consider collider-scale masses for the axion.
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Although we have prescribed a DFSZ-like structure for the QCD axion, we will expand
the model to include the possibility of non-QCD instanton contributions to the axion
mass. For this purpose, we will distinguish a QCD axion and an ALP via their topological
susceptibility χ defined by eq. (2.9), which fixes the relationship between ma and fa.

The Z ′ mass and the anomalon masses also implicitly depend on fa since in the invisible
axion limit, fa is mainly composed of v′ as shown in subsection 2.1 with fa = Xc−1

γ v′sβ′cβ′ .
The corresponding relations are

mZ′ = 3gBv′ =
3cγgBfa
Xsβ′cβ′

, manom ≡
ΣE,N ±∆E,N

2 fa ≈
4π
3

fa

Xsβ′
√

2
. (4.27)

Thus, to have a mZ′ which is smaller than the mass scale of the anomalons but allows
a sizeable gauge coupling gB we can assume the case of maximal mixing between the
additional scalar fields (β′ = π/4).

As a last detail, we normalize our results analogously to the canonical form of the GG̃
operator in the literature by rescaling with the PQ charge normalization X. Namely, we
write X ≡ 1

2Agg where Agg describes the color anomaly defined by

L ⊃ g2
s

(4π)2XAgg
a

fa
GaµνG̃

aµν = g2
s

32π2
a

fa
GaµνG̃

aµν . (4.28)

In our model, where only the SM fermions couple to the gluons, we get Agg = 3 and thus
X = 1

6 . Hence, our parameters simplify to mZ′ ≈ 36gBfa and manom ≈ 8πfa. This leaves
us with two independent parameters for a model with a QCD axion, gB and fa, as well as
a third parameter χ for an ALP. We can also trade fa or χ in favor of having ma as a free
parameter as well as fa or gB in favor of having a free mZ′ .

Now that we have determined the exact form of the Wilson coefficients from the
complete set of operators, presented in the Lagrangian in eq. (3.13), we can discuss the
varied phenomenological implications of this model.

5 Axion and Z ′ EFT phenomenology

In this section, we investigate phenomenological aspects of our model, where we focus on the
axion a and the additional gauge boson Z ′µ. We focus on collider scale masses ranging from
the elctroweak scale to multi-TeV and the numerous possible resonance channels dictated
by the various decays. We first present a branching ratio analysis of a and Z ′µ, built from
the EFT operator analysis from section 3. Following this, we derive the current constraints
in the {mZ′ , gB} and {ma, Gaγγ} planes for Z ′ and a, respectively.

5.1 Branching ratios for axion/ALP and Z′ decays

As noted in section 3, the heavy anomalon limit dramatically reduces the parameter space
dependence of the axion and Z ′ EFT, leaving a comprehensive set of EFT operators that
determine the production and decay modes of these new physics particles with a definite
pattern of coefficients from eq. (4.15)–eq. (4.17), for example. Hence, to study the patterns
of ALP branching ratios, we only need to specify the Z ′ mass and fa.
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Figure 3. Branching ratios of the ALP, fixing mZ′ = 1TeV and the ALP decay constant fa =
500GeV.

In figure 3, we set the Z ′ mass to 1TeV and fa = 500GeV and show the ALP branching
ratios as a function of its mass. The decay into two leptons sums over all charged leptons,
while the decay into quarks sums over the first five quark flavors. As evident from the
figure, the most dominant decays are to quarks, if the ALP is below the top threshold, or to
two top quarks, once the ALP mass increases above 2mt. This feature arises solely from the
ALP coupling to the mass of the fermions. The coupling to two gluons mirrors the coupling
to two photons, reflecting the DFSZ nature of the ALP interactions and the near absence of
the diphoton coupling from anomalons. The exotic mode of a→ hZ becomes enhanced near
the top threshold and reaches 10%, making it an exciting prospect for discovery. For high
ALP masses the decays into WW , ZZ and γZ start to take over. These decays correspond
to the anomalon mediated decays which are not suppressed as shown in eq. (4.16). Another
decay which is dominantly mediated by the anomalons is a → hZ ′. The corresponding
Wilson coefficient in eq. (4.17) changes sign at m2

a = m2
h+ 4m2

Z′ +
√

16m2
hm

2
Z′ + 9m4

Z′ , such
that the branching ratio has a minimum at this ALP mass.

To analyze the Z ′ branching fractions as shown in figure 4, we fix the ALP mass
ma = 1GeV and gB = 0.5. Of course, the dominant Z ′ decay mode is to two quarks, owing
to the gauged baryon number, and qq̄ annihilation is the main production mode for the Z ′

at the LHC. The corresponding decay width is given by

ΓZ′→q̄q =
N2
q g

2
BB

2
qmZ′

12π

√
1− 2

m2
q

m2
Z′

(
1 + 2

m2
q

m2
Z′

)
. (5.1)

The decay into leptons is induced by the kinetic mixing with the Z boson and is therefore
suppressed by ε2eff. The decay width for the decay into leptons reads

ΓZ′→l̄l = e2ε2effmZ′

12πc2
W

(
1− m2

Z

m2
Z′

)−2((
Qls

2
W

)2
− T l3Qls2

W + 1
2
(
T l3

)2
)√

1− 2 m
2
l

m2
Z′

×
(

1 + 2 m
2
l

m2
Z′

(Qls2
W )2 − T l3Qls2

w − (T l3)2/4
(Qls2

W )2 − T l3Qls2
w + (T l3)2/2

)
. (5.2)
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Figure 4. Branching ratios of two-body decays of the Z ′ gauge boson for Z ′ masses between
100GeV and 5TeV. The ALP mass is taken to be ma = 1GeV and the gauge coupling to be gB = 0.5.

The coupling of the leptons to the Z is parameterized by the electric charge Ql and the
isospin charge T3 = ±1/2 associated to the third generator of SU(2)L.

We see the exotic decay Z ′ → ah is relevant for light Z ′ masses and can provide an
interesting exotic production mode for the axion in a post-discovery scenario for the Z ′

boson. We also note the relative importance of the WW channel induced by the kinetic
mixing, as well as the γZ decay, which uses the calculation established in ref. [19]. The
Z ′ → Zγ exotic decay width, up to corrections of order O(∆2

E , ∆2
N , ∆2

EN ), is

ΓZ′→γZ = 3
2048π5

e4g2
B

s2
W c

2
W

m2
Z

mZ′

(
1− m4

Z

m4
Z′

)
∣∣∣∣∣−∑

q

2T q3QqBq

(
m2
Z′

m2
Z′ −m2

Z

(
B0(m2

Z′ ,mq,mq)−B0(m2
Z ,mq,mq)

)

+2m2
q

m2
Z′

m2
Z

C0(0,m2
Z ,m

2
Z′ ,mq,mq,mq)

)

+
(

m2
Z′

m2
Z′ −m2

Z

(
B0(m2

Z′ ,manom,manom)−B0(m2
Z ,manom,manom)

)

+ 2m2
anomC0(0,m2

Z ,m
2
Z′ ,manom,manom,manom)

)∣∣∣∣∣
2

. (5.3)

This reflects the Z → Z ′γ decay calculation in ref. [19] where the roles of the Z ′ and Z
boson are interchanged.

5.2 Collider constraints on the Z′ boson

In the following, we derive constraints in the {mZ′ , gB} plane using present limits from
narrow resonance searches in data gathered at the LHC. Specifically, we analyze searches
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Figure 5. Constraints for the Z ′ in the {mZ′ , gB} plane from resonance searches in the decays
Zγ [55], hγ [52], WW [54]. Constraints from the hZ and ZZ channels [53, 54] are not strong enough
to appear in the plot. The purple line corresponds to the anomalon mass limit manom < 90GeV,
excluded from searches by the ALEPH and L3 collaborations [57, 58]. We overlay the direct dijet
resonance constraints taken from ref. [20] for comparison.

for resonances in decays to γγ, hγ, hZ, ZZ/WW , and Zγ [51–55]. Simulated events for the
ALP particle a and the new gauge boson Z ′ are generated with MadGraph5_aMC@NLO
(MG5_aMC)3.4.1 [56]. We use the narrow-width approximation together with the branching
ratios shown in figure 4 to compare the overall cross section with the respective limit. The
resulting constraints in the {mZ′ , gB} plane are shown in figure 5. We remark that the
current WW and hγ final states probe unrealistically large baryon number gauge couplings,
and instead are shown to indicate their relative strength compared to the other collider and
indirect probes. We also show the most recent update from dijet resonance searches [20] for
comparison as well as the limit on charged anomalons from the ALEPH and L3 collaborations
at LEP [57, 58].

The most dominant decay channel is the dijet decay, Z ′ → q̄q, which has already
been reviewed recently in ref. [20]. As evident from figure 4, the leading exotic decays are
Z ′ → ah, Z ′ →WW , and Z ′ → ZZ, while the Wess-Zumino interaction is probed via the
Z ′ → γZ decay. From the collider perspective, the relatively suppression of the Z ′ → γZ

decay in comparison to the others is overcome by the enhanced efficiency for signal photon
and leptons and small backgrounds, making the γZ channel the dominant probe of the
exotic Z ′ decays.

The limit of the constraints weakens with increasing Z ′ mass for two reasons. First, the
production cross sections fall faster than the continuum backgrounds for larger Z ′ masses.
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Second, the model specific branching ratios in figure 4 decrease for masses higher than 2mt

because of the dominating tt̄ decay channel. In practice, the tt̄ resonance search is not
competitive with the dijet resonance search since the invariant mass resolution is diluted
because of the presence of neutrinos, unless a boosted, fully hadronic analysis is performed
whereby the minimum resonance sensitivity begins at roughly 1TeV.

5.3 Constraints on ALPs

In this section, we discuss the constraints on ALPs in the {ma, Gaγγ} parameter space,
where new constraints from narrow resonance searches are presented from colliders. We
first discuss the overall status of the diphoton coupling constraint and its interpretation in
our model context. Afterwards we focus on the resulting constraints from narrow resonance
searches at the LHC, emphasized separately in figure 7, provided by various production
modes in our model.

Since we focus on the parameter space where the ALP mass ma > 1MeV for which
the canonical QCD axion is disfavored, we must keep the SM fermions and anomalons
dynamical in loop functions. In particular, recent literature has emphasized the collider
scale in context of high-quality axions, where the axion is buffered from UV effects and
the topological susceptibility is enlarged [41, 78–83]. The expression for Gaγγ , defined
previously in eq. (3.13), is

Gaγγ =
∑

f∈SM,E1,2

2e2

π2fa
NfQ

2
fX

f
A

m2
f

m2
a

ln

2m2
f −m2

a +
√
m4
a − 4m2

am
2
f

2m2
f

2

, (5.4)

where axial PQ charges of the anomalons XE1,2
A = ± cos(2αE)XB/2 were defined in eq. (3.1).

The diphoton contribution coming from mass mixings with QCD mesons is suppressed by
Λ4
QCD/χ and is therefore neglected.

We emphasize that considering the full contribution from SM fermions as well as from
anomalons provides a robust prediction for the diphoton coupling of the axion at larger
scales. The corresponding lines are shown in the {ma, Gaγγ}-plane in figure 6 for the
topological susceptibilities √χ ∈ {(102 GeV)2, (103 GeV)2, (104 GeV)2}. The dashed lines
correspond to the lines without threshold effects which clearly deviate for ALP masses
above the bottom quark threshold and strongly deviate above the top threshold.

The purple shaded region corresponds to searches for charged heavy leptons by the
ALEPH and L3 collaborations, which exclude masses manom < 90GeV [57, 58]. This implies
a lower bound on fa & 5GeV which we can derive from the mass of the lighter electron
anomalon given by eq. (2.17) and the relationship between v′ and fa from eq. (4.27), using
Yukawa couplings of 4π/3 and anomalon mixing angles of β = 0.05 and β′ = π/4. For
this fixed fa bound, we use eq. (5.4) to extract an upper bound on Gaγγ , shown as the
purple line labeled manom < 90GeV. We remark that this line, for ma . 2mt, is roughly
independent of ma since the fixed fa can be considered independent of varying ma by
rescaling the topological susceptibility. The increased sensitivity in Gaγγ from the anomalon
bound above ma & 2mt arises from the logarithmic dependence on ma for light fermion
masses in eq. (5.4).
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Figure 6. Constraints in the {ma, Gaγγ}-plane for ALP masses ma > 1MeV for the anoma-
lon mixing angle αE = π/4. The predicted ALP-diphoton couplings are shown for √χ ∈
{(102 GeV)2, (103 GeV)2, (104 GeV)2} as solid lines with threshold corrections from fermion masses.
For comparison, we illustrate the naive expectation if threshold effects were ignored as dashed lines.
The purple shaded region corresponds to manom < 90GeV, excluded from searches by the ALEPH
and L3 collaborations [57, 58]. The updated constraints on exotic ALP signatures at colliders are
covered in detail in figure 7. The canonical experimental and cosmological bounds are obtained from
refs. [22–24, 59–77].

We now focus on the collider searches for ALPs with ma > 100GeV, as shown in figure 7.
Considering the full contribution for the diphoton coupling in this model enhances previously
set constraints that were established for a general ALP. We simulate the ALP cross section
from gluon fusion using MadGraph 5 [56] as before and apply the full expressions for
the branching ratios into the resonance search channels γγ, hZ, ZZ, and Zγ [51, 53–55].
Although the DFSZ-type ALP typically has a dominant decay into tt̄ above the top threshold,
interpreting the collider constraints is highly non-trivial because of large interference effects
between the continuum tt̄ production from gluons and the ALP signal that can wash away
the expected resonance [84]. We leave the derivation of ALP constraints in the tt̄ final state
for future work.

For the ALP, the γγ resonance searches are the most constraining, since other channels
are more suppressed and also have weaker collider sensitivity from larger backgrounds.
We emphasize that considering the full contribution for the diphoton coupling leads to a
significant shift at the top threshold that is a consequence of the ALP coupling to the top
quark. As a result, we see that many of the exotic decays for the ALP can be competitive
and exceed the sensitivity from the diphoton channel, and we expect that further gains in
sensitivity will come when these searches are analyzed with available luminosity.
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Figure 7. Constraints on the ALP a in the {ma, Gaγγ} plane from resonance searches in the decays
γγ [51], Zγ [55], ZZ [54], and hZ [53]. The purple line corresponds to the anomalon mass limit
from ALEPH and L3 collaborations [57, 58] interpreted as a constraint on fa following eq. (2.17)
and eq. (4.27).

6 Conclusions

In this work, we have studied a DFSZ-type axion model in an gauged baryon-number
extension of the Standard Model. Our aim was to establish the patterns of axion and Z ′

effective couplings when a canonical anomalous global symmetry of the quarks, namely
baryon number, is promoted to a gauge symmetry, in the particular case when the quarks
also carry the Peccei-Quinn symmetry.

We calculated the Wilson coefficients which arise at low energies in a general way
accounting for possible flavor-violating interactions as well as for U(1) basis transformations
of the interacting fermions. For this purpose we set up a general axion interaction basis
which contains operators which do not appear in the flavor conserving limit, like the axion
coupling to a gauge boson and the commutator current Jµ,a[I,PQ]. We found that this operator
also appears in the standard DFSZ model for the interactions to the W bosons, reflecting
the flavor-changing effects from the CKM matrix. Some new Wilson coefficients in our EFT
include interactions between the axion, Z ′ and γ and the axion, Z ′ and Higgs boson, which
provide novel decay modes for both the axion or the Z ′ boson, depending on the mass
hierarchy. Our charged anomalons also characteristically canceled in their contributions to
the axion-diphoton coupling, with the residual coupling only driven by the SM fermions.

We then presented the phenomenology of the model, encompassing both the new decay
channels of the axion and the Z ′ boson from the effective description. We showed the ALP
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can have a relatively large branching fraction to hZ nearing 10%, while the dominant decay
above the top threshold is to tt̄, which requires a special analysis given the non-trivial
interference with the continuum top pair production which we leave for future work.

Present limits from narrow resonance searches at the LHC are derived and presented
in the {mZ′ , gB} plane in figure 5 and in the {ma, Gaγγ} plane in figure 6. Our results
systematically capture all of the diverse signals arising from the EFT description and
demonstrate complementarity between the different search channels at the ATLAS and CMS
experiments, especially those beyond the γγ coupling typically studied for axions and ALPs.
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